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PRiEFATIO. 



ri mentortm EJitimem ; in qm IkU {ficHt in 
-^— ' fecunJi ) prajcriftos mibi primith ( ^ir^ ad 
operis mwm atttnet ) limites iranfcenderim^ A 
principah tamen^ fuem miH ab mitio propofui^ fcopo U* 
bens non ahcrraw^ Ut ( nemp\ ) praecipuas Sediotioni 
C!onicarum proprietates quam poflem breviter & dituci* 
de demonftratas darem. 

Hqc propojitum an alijui omninOj aut fui ex parte, 
fuo etiam moJo ^ rationey confecutus fuerim$ cum tu 
metius ex ipfa leStione^ fuam noftto qumjis pr^hfuioi 
pofjis difcerey vix alia caufafuit cur teJnc in Umtne Je-^ 
finerem^ ^uifk fuoj nefas Jucerem bM in puhiicum 
emittere^ nijifimulper fuos in iifdem concinnandis f^th 
fecerim ingenue profiterer^ gratufque agnofcetem. 

Scias itaque bujus opujculi materiem ex CLf^^ Ph. de 
la Hire opere \naximo mt^na ex parte Jejumptam ejfe ; 
<Sr Ucet fuoaJ operis compagem^ ^afertim in primis Se-» 
Sfionum affeffionihus elicienJis^ pro Jiverfi, infiituti ra^ 
time^ diwrfa hngi metboJo infliterimy in deteris tanten 
me ( fuatttum Hcuit ) veftigia ejks bbentet pf^^ffijfe^ & 
dmonfiratio^s plemmfue integras adbihmjfe, 

S(fne continentur in propp. iS'& l^pt. fy earum 
coroXarfis^ ^J>rbp^ p. J. mihifuppeditavit Incompara^ 
bflis viri D. iLNeWton Principioruro Liber i. immutati 
pau/u&m tam enuntiationis fuam.demonftrationis foT' 
miy ^propofito noftro accommodati: 

Seafionts 0>Hica proprietatem illam fuaimin prop. 6. 
p' 4* reperies^ ahfftie den^onftr^tione mibi impertiit F^. 

Cl 
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PRiEFATlO. 

CL Dav. Gregoriiis IU. 7). fy in CatbcJra SaTiliaoa 
jtftfQmmia profeJftnTy cum primam bujujcc traSatus 
eJitionem mobrer ei inferenaam. 

Propojitio^is ii.p.z. demonjlrationem^elegantiorem 
multh qukm alibi mibi reperire contigit^ mecum olim 
communtcavit V* Cl. Jo. Keill pojlea M D. fy Gregorii 
in eatkm catbeJra tanJemfucceJfor. ^jff etiam commu- 
mcavit ea qua in coroHario %.prot^.^. fy prop. f. p. 6. 
fed noftro modo demonjirata^ exbibentur^ quaque F. Cl. 
TranfaStionibus Tbihfopbicis pojiea injeruit. 

Trater bac jam 'particulatim enumerata^ c^tera 
cmnia {Jive ipfa feffionum proprietates^Jive demonjtra' 
tiones Jpeciaks ) (jua apud Cl. de la Hire mn extant^ 
cx proprid penu funty quaque mibi argumentum boc 
preffius traBanti Jeje obvia. tulere ; Ea autem^ vel ob 
nativam dignttatemy vel ufum quem pra fe Jerre vija 
funt, non te celanda exijlimaviy an alibi extarent pror* 
fUs ignarus. 

Muha autem pajjim in boc opere me inter corottaria 
conjecijfe invenieSy qua ipjis tbeorematibus nec ufu^ Hec 
dignitate cedunt\ quod ut mihi compendia JeSianti quo^ 
ties ( ob confequentta Jacilitaiem ) cum fruSu Jieri id 
pojfety Ucuijfe ratus Jim^ ita^ ne propterea de eorum 
aliquibus ttbijujto minor federet opinio, te ejus b$c mo- 
nendum ejfe oportuit. 

§fue dixi baffenus tofum opus in genere rejpiciunt. 
Stifpd vero adSextam partem^ quam hac Editio primum 
txbibet^ Jpeciatim attinet^ conjlat ea ex proprietatibus 
{ qudntum ego equidem fcio ) omnino noviSy paucis ad^^ 
modum exceptisy quas prius notasy JttccinSiore quam 
haSienus modo demonjlratas dedi. His^ cum ujum non 
contemnendum praftare pojfe viderentur^ n&lui leSor ut 
careres ; ^ licet varii generis ejfent^ malui .ut quam 
bicjortita funt partem feorfim conjicerent^ quam Jingu^. 
las quafque locis propriis inferendo receptum propojitio* 
num ^ figurarum ordinem turbare. 

Atque hicj kffory te pixjdlutatum valerejubeo, hqf 
que nofiros conatus cand(^i tuo commendo. Si in ipfam 

veri^ 



P R iB F A T I O: 

veriMem nufjuam peccavetim^ Jevicribus athniffis 
{Jpero ) facili ignojces. §lgoJ Ekmeuta bac manca (y 
imperJeSta Jint^Jivitio vertas^ iJ cum aliis omnibus 
ampendiose fcrtptis commune babent. §(^s Jenique h- 
hores ( tuigratia ) in iis eJucubranJis Jevorare coaStus 
fim^ ut ipje inexpertus nonfacik inteUiges^ ita noUm ex 
parvaftbeUi mok Jiju4£ces ; borum certi ( fuot quanti^ 
ve fuerint) dum tibi projim^ me nunfuam pigebit\ 
imojemper juvabit meminijfe. 
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*Definit'nmes. \- 

I. ^^ I redla linea A E per pun£lum quodvis A extra Fig;\{i* 
^^ ciiculi BDEC planum pofitum mrinquejn- 
VuF finite excenfa \ inanente pundo A, per totam 

circuli p^ripheriam citcumagatar ; Binae hujufmocli 

motu genitse fuperficies iigillatim Conica Juperficies ap* 

pellantdr. 

II. Conjuhflim vtro Superficies aJwtkemvppoJitie*^ 
vel fimpliciter Superficies oppofita. 

III. Pundum A Pertex dicitur. 

IV. Circulus B D E C Bafis. 

'St. RcSbi AC per verticem A & bafis centrum C 
Qtrinque infiniteprodu£bi ^/j*. 

VI. Solidum iuperficic conicfl, & bafi contentom Co^ 
«Mxdicitur. ' :^' 

.yil. Ec quidem» fi axia ad bafim ciftQs fuerit> C^ . i^ 
nuf McHus. 

VIIL Si inclinatus, Cfmus Scaknu^, %. 

IX. Communis plani alicujus cum fiiperficie iconjc& 
interi^ioj &^/^ Cb»/^<i dicitur. • / 

CorQUarium dtl i. Refta per pnn&um quodvisJn 
vtriyis fiiperficie & vercicem duaa^ tou eft in e4dem 
f^periEkie \ Produdlaque ulcra verticem efl: ia fiiperficie 
oppofi^i. 

Propofitio I. Theorema L 

ReRa finea AE per verttcetn AduRh aJijuodtnspufh J. 
Hnm^E intra utrmnvis fuperjicierum oppofitarutHl 

X quantumvis 
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fuantumvis utriHauepr^uSta^ intrafuperficies coni- 
cas ctmtinetur. Reaafue per verticem A nfu8fa ad 
qmdlibet funSum G extra utramjue Juferpciem^ 
quantumvis froduiia , extra utvjimque juperfkicm 

manet. 

Hxc propoficio clariojr efl; quam uc demonlfaratione 
cgeat • * ^ 

Prop. II. Theor.II. 

4. Siper Coni verticem A trmfeat planum ABC , fecans 
utcunque Conicas Juperficies ; EafJem in dtuwus rc- 
aisAB^ACfecabit. 

Sit inter(e£lio plani lecantis & plani bafis re£la B C^ 
& \ pundlis B| Q in auibus hzc occurrit bafis peri- 
pherixy ad vercicem A du&s incelligancur re^ B A^, 
CA; Erunt hae cum in plano fecance, cum (perCb« 
rQll prxced. ) in fuperficiebua Conicis^ hoc e% func 
planr & fuperficierum interfedtiones. Porro ab A ad 
-.^l punflum quodVis F ih bafis peripberia, k B & C diyfffp, 
" ducacur reila AF; Eric haec ubique excra plannm 
A B C ; hoc efi;^ planum A B C fupernciebus^ Cqmcis fb- 
lummodo in reais A B. B C oocurric. , 

l^rop. III. Theor. m. 



^^ keda Unea<ED emjungens hina quacunqut punBa 
£, 2), in eadem canica fuperficie fumpta^ moA nom 
Jint in eadem reSta per veriicem^ tdta cadtt intrafu^ 
perficiem conicam^ irodulia vero utrinque extra ean-^ 
dem ; ^ neutri fuperficierum oppofitarum ampkus 

6. occurrit*' Cantra, ReSla E7) conjungens bina q^a- 
cunquepunRa E, 2>, ^noppofitisjiiperficiebus, modh 
non in eadem reSfa pelr verticemj cW// extra utram^ 
que fuperficiem , produffaque utrinque intra' utram'' 
que tranfit^ neutrique earum ampiius occurrit. 

• . • * - * 

Natn dadis rcAis A E, A D , &. produ^ (fi Qpaa\ 
'' in C, B, PlanuQi per A E C, A D B, in ^ao. Qh fiu 
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eft 9 non occurrit ruperficiei \cl faperficiebus oppofi- 
tis nifi in reftis. A E C, A D B^, unde redla D E non 
occnrrit ipfis nifi in pun<9:is D) E. In priore vero cafii f - 
planum anguli D A E, proindeque re^ D E) eft intra 
fuperficiero conicam ; produ6taque utrinque extra ean- 
dem cadet. In pofteriore planuoi anguli D A E efl ex- C 
tra utramque fuperficierum oppofitarum, proindeque 
& reAa D E; produ£la vero utrinque intra mrkmque 
tranfibit. ' 

Si punfla D^» £ fint in eadem refla per verticem, erit 
redia ipfas conjungens (pcr CoroX, prxced.) in ipfis fii* 
perficiebus conicis. 

Prop. IV. Theor. IV. , ^ 

Si ctrcu/um fui hafis eft Coni conti%at rcffa 2)Ein2>^ 
4 Coni autcm vcrticc yi ad confaatum 2> (^tm rcffa 7. 
^ jl2) ; Tlanum AD E pcr utramquc rcHam produ^^ 
ffum fupcrficiei conica Jblummodo in rclia A'D oc- 
eurrit. ffujufmodi vcro occurfus^ Contadus dicitur* 

Reda A D tum fuperficiei conicae, tum plano A D E 
communis efl: ; Ciim vero, przter D, quodvis pundlum 
F in bafeos peripheria fit e^tra re£lam D E, Erit etiam, 
praeter D A, quaevis alia refta F A in faperficie Conica 
cxtra planum A D E ; unde liquet propdiitum; 

Corol/.i. Hinc & ex def. i. liquet planum ADE 
produ£lum fuperficiem oppofitam in D A produAa con* 
tingere. . ' , . 

CoroUr2, Hinc etiam patet methodus Ducepdi pla* 
num quoii fuperficiem Conicam iii dau redta A P con- 
tingat* ^ Dua&nempe in plano baleos re£|& DEperi- 
pl^eriaqiejus in D contingente, AdUSque per A 0» DE 
plano A D E> propofito uti§fiet< 

CoroS. 3. Prxter ADE, aliud planum (ecwidQm 
A D fuperficiem conicam non contingit. Nam ipter- 
iedtio^jus cum bafi hujus ^t^pheriam (ecabit; unfde& 
planum ipfum fuperhciem tonicam fecabit^ hbc cR^ 
non concingeh 

A z Prop. 
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Prop. V. Prp&lcma L 

Sl Ter rffStafH jlX^y per cmi vertkem A extra fuperpciem 
' ejui utcunque duSam^ Tknum ducert qwdfuperfi* 
- ciem cmcam conth^at. 

Per A C asaf ur utcunque planum, fecans baCm in 
Cf H^ Cui reoa A C (cum in eodem fic plaoo ) occur- 
rer, vel eru parallela* 

i^,.OccurratinE; A pun^ E baieos peripherjam 
contingat tx utravis parte reAa E D ; Connex^ A D, 
Eric ADE planum quxfitum. 

Tranfit enim per AC^ & ( per prxced. ) fiiperficiem 
conicam contingit* 
P* z\ Sit A C parallela G H ; Bife£l& G H in M, ere- 
&:itquc^ck utravis parte, ad G H perpendicnlari M D» 
fa£Uque DE parallelft GH, & connex^ AD; Erit 
itCFum A D £ plannro quzfitum. \ 

Nam(obAC||GH||DE)eritACinpIanoADE; 
Contingec vero D E bafeos peripheriam ia D v mide 
( per pcxced.) planum A D E Conicam fijperficiem con- 
tinget. 

Coro/l Liquet bina tantum plana per A C fiiperfi'* 
ciem conicam contingere ; Ex utraque fi:ilicet parte 
plani A G H unum. 
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Prop. VI. Thcor. V. 

Reffa quavis -£2), reSa cuivis AB ter vertkem A 
in ipfa fuperjkie conica duSt^y paraUehy {moJi nom 
jfit in plamjuperjkies in A B tontingentc ) C/ni tan-^ 
thm fuperpcierum oppojitarum^ id^ue tnunkojntnffa 
Eyoccurrit; Hoc eH^ ex una pairte^ tota eftextrs 
utramque fuperfkkm ; En altera^ ttda intra ilkm 
contineturinquapunBumEJitumefl. 

. Plaqiim per parallelas A £i^ E D» feccc fiip^rficies ia 
€ A C ; Hoc planum B A C, in quo rcfta E D fiu eft^ 
non occuifrit fiiperficiebus , nifi in A B^ c A C; S^fU- 
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que E D ( ob parsdldifmun; .). npa occQrrit re^ A B ; . r i 
Occarrit tamcn neceflarib xe^^tsp c A C alicubi in B» ma^ 
netqae ex una parte piindi E intra angulum BAC%tx 
altera intra angulum qui efl; huic deinceps ; Unde &a . 
CmO. Liquet pla^um pejc DE, plano iequnduni 
A B fuperficiem conicam tangenti^ paralleium, faperfi- 
cifsi oppofitse non occurrere. 

Prop.VII. theor.VI. 

Ontms reS(a EF^ reff^ cmvis A2>j>er verikcm.A ^ 
Juii^e^ Atque insrajuperfkies conicas ^a^eusi^ P^^ IZ" 
kla^ u/rifue fupetficiei oppoftta occurrit aliculn in 
£f F. Omnifque re&a EFy per punffum quoJvis 
E in utravisjt$perficie Ju&ay r^SttC cuivisper verti- 
cem ATi exira jiiperficies cadentiipatalkU^ EiJem 
fuperficiei occurrit aenui in Fi Excetfto auntaxat 
cafu^bi punSum Efuerit in una reBartm ficun- 
Jum quas plana per A7>fuperficies cohtin^unt. 

Fer A;D& refbm EF tran(eat planuip^ fecansco- 
Dicas fuperficies in B A b^ c A C, quod iemper fieri 
pofle^ niQm cafu memorato, plusikismaoi^eftumeftv 
Cum A D cadat imra anguium B A C, vel B A c, Re£U 
EF quasifl; ipfi A D parallela, &in codem cumipfii 
planb , occurret neceflarib utrique A B, A C alicubi ia 
E, F ; Eritque in priori quidem cafu occurfuum alter 
F in A B produda, hoc efl, erunt E^F, in fuperficiebus 
bppofitis. 

Sin pah£tum E, in poileriori cafa,'fit in re£ta fe- 
cundum quam planum per A D fuperficies conicas con- i j. 
singit, manifeitum efl: planum per AD& pun£lum E 
conicflis fuperficies non iecare» & reflam EF|| AD 
efle iii. pjano ibperficies conicas iecundum redtam 
A E C contingente. 

Corolli. Hinc & per pfop. 3. ulterius liqaet Refiam zi. 
E Fy nifi in pan£tis £, F, neutri fuperficierum oppofi* 12. 
tarum amplius occorrere. 

. Qfo/i. 2L Omne pbnum per hujufmodi re£lam EF, lu 

ia 
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IX. m t>rk>ri eadi, iecabit utramque faperfideoi; Ecin 
poftericiri, (] ptt hD tranfeit i^anatn quodvis, extra 
utramque fuperficiero cadens» planum per E F huic pa* 
ralleluro,' iuperficiem conicaro, in qua pun£luni E 
fumpturo e(t, fecabit ex omnr parte ; fuperficiei tamen 
oppofitx non occurrer. 

Prop. VIII. Theor. VII. 

14. Si aherutra fuperficierum oppofitarum pkno fecefwr pk' 
m kafm para/kh, Erit /affa Jeffio EGFL CircmB 
• ctreumferentia. 

Secetur Conus utcunque per axehi duobus planis, fii- 
cientibiis triangula ABl>, AIK, quae (fiopuspro- 
duQ^\ occu^rant plano Se6lionis in G H {^, E H F ; 
Ob plana paraliela, erunt triangula A H F| A C K, uti 
etiaro A H L, A C D fimilia : Quare 

AH:AC::HL:CD - 

&AH:AC::HF:CK; unde 
HL:HF::CD:CK. Eft vero C bafeos 
oentruro, Unde C D = C K, ergo & H L = H F. F^ri 
modo oiiendetur GH^rHF; & fimiliter in quavis 
alia interjfedltone plani EGFLcum plaiio -ptr axem. 
Eft ergo fe^tio E G F L circuli circumferemia, cujus 
dentrum H. • 

Prop. IX. Theor: VIII. 

I j^. Si Conus fcalenus ABCL fecetur plamper axem^ (^ 
ad bajim reffo, faciente triangulum ABJU\ Refk^ 
&oqu€ utcunaue ah angulo BAL trtangMk ATH^ 
trianguh ALBfimiU^ Jecl fubqontrarie pofito^ (/. e. 
\ ut fit Attg.AL B — A^DI) fecetur iten^ Conus 
.. plano per Z)/, ad trianguU ABL planum ^eSlo^ 
' \ EritfaEia in fiiperficie conica feStio D KIFxircuU 
. ^. circuffferentia; 'Dicitttr autem jDKIFSe&io Sflb* 

Per ipfius DI pun6tum quodvis G agatur re£la 

.1 1 E G H^ ipfi B L parallela, iPfer quaro tranlcat planuni 

ii ad 
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sd-planuni trianguU redumi proindeque >a{t paralle- 
Jum, faciens (per prxced.) m fuperficie coni^ . circali 
c^imferentiaiD F EK H| planuroque per D I fecan^ 
jp rcfta FGK; Erit (propter planum per axem) 
re£ia £H circuli FEKH diamecer; Ei; ( propteic 
utriufque ieflionis planuro ad planum trianguli re£tum) 
crit eorum interledlio K G F ad utramque D G, £ G 
perpendicularis ; Efl: itaqqe ( propter cirpulum ) 
EGxGH=GFq = GKq ; Sunt vero ( proptef 
Ang; AID = AEH, & DGE = HGI) trjangula 
DGE, HGI limilia; Unde DG:GH::EG: Gl; 
ErgoDGxGI = EGxGH=(prius)GFq = GKq; 
Sant eigo pun^ F, K ad circuli peripheriam, cujus 
diameser D I# Idemque ei^it de quovis alio pun£lo in ^ 
redb D I. EIl igitur D K I F CircuU circumfcrentia. 

' Prop. X. Theor. IX. 

Simfiperficie cmka^ apkmqmvh haji nonparalhh^ if, 
Jmfe&io 7>FTK^^ua Jit circuii etrcumferentia^ 
£rit eaJem fe&icf fubcontraria. . 

Planum bali parallelum faciat circulum J^KHF, 
fecans planum circuli DFIKinKGF; fitque drculi 
£ K H F diameter £ G H ad K G F perpendicularis ; 
Tranfibit hxcperaxem, eritque K G = G F. Perre* 
Gtiim EGH, & coni axem tranfeat plahum, fecans 
planum circuli D F I K»in D G I,& bafim in B L || E H; 
Erit(ob circulos) E GxGH = GKq = GFq = 
DGxGI; ErgoEG:DG::Gi:GH; UndcTrian- 
gula DGE, HGIfimilk &an|. DEGtsHIG. 
Si^ jam mwsftiV^ plano per axem A B L prius du^lo» 
intelligantur ^uotcunque.circuli E K H F ^ planis bafi 
parallelis fa^; Erunt horum planorum cum plano per 
axem imerfe£liones EGH^ drculorum EKHFdia- 
metri ; & (ob planorum parallelifmum,& re£lam E G H, 
ad F G K pri(|s jperpendic|ilarem} ad refpe£li vas eor unt 
iQterfc£tiQnes F G K cum plano circuli DFIK per^ 
pcndicttlares;! eafquc ideo biieCfibunt; Hoc cft| re£U 
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D I (quae eft hi eodem plano per axetn) eas omnes bi* 
fecabk» & ptopteie^ eli: diamecer^ & ad eafdem perpen- 
dictttaris. Reaa kaque F G K ad utramque DI, HE 
perpendicularis efll; proiodeque planum per axcm tam 
ad planum circuli E F H K, (hoc eft ad baiim^) quam 
ad planum circuli "p F I K redlum efi Unde bquet 
propoficum. 

Cmk. Hinc nifi Se£tio cmiica ?el fit feftio fubcon* 
traria, vel fiat ^ plaiio bafi paralielo^ non eirit;circuli 
circumferentia. 

Lemma i* 

Siduwnm pUnmim ABE% BCF^ c$m pkm aSjm 
%6. tertioyinterfeSliones ^Z), C F fintpartilklk % ,&it 
etiam mutua i^orum mferfeSHo BE ifJU Af^yCF 
paralkU. 

Secentur utcunque haec tria plana \ duobus phnis 
intigr fe parallelis, quorum interledliones cop(htuiiiit 
triangula A C B, D £ F ; Erunt (ob plana par^dlela) 
trianguli A B C latera A C, A B, B C, trianguli D E F 
lateribus DF, DE, £F, refpe^ve parallela; Unde 
aneuli parallelis lateribus contenti erunt atquales : Sed 
(ob parallelas re^as) AG=rDF; adedquc ipGi tti- 
angula sequalia, & fimilia. Ergo C B =c F E| ac pro-. 
ptereaBE II CF (I Aa 

T^fmtiones. 

■ * • • , ■ * * 

21%, I. Si Conus A B C plano A D E utcunque pte ver- 
ticem feAus, rurfiis plano lecetur plano A D E paraU 
klo ; Erit fa^a in illius fupetficie fe£{io F G H H Y- 
P E R B O L A ; cujus planum produftum, fuperficiei 
pppofitae occurrens, iacietejufdemnoininis feaioneni 
f g h ; H% vero binae conjun^lim SeStiones oppofit^ vo- 
cantur. ^ 

1%^ 2. Si per Coni verticem A, extraque illius fuperfi- 
ciem, (hoc ell illam nec iecans nec tangens ) tranfekt 
utcunque planum D A E ; Seceturque iterum contis. 
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Jano, plano D A E parallelo» Fa^a m Hlms fapc^ 
iciefeeiio FHG ELLIPSIS didcur. 

3. Quod ti planam ADE cooi iaperficiefn contio- 19- 
l^t, ieccruf que conus plaoo, plano A D E parallelp^ 
Fa£ta iniOius fuperficic fe^io FHG dicituf PAR A^ 
BOLA. 

CorM I. Hyperbola, & Parabola (cuui conum in 
ckcuiiu non (ecent) fpathim non cIaudunC| & conci- 
nuatoCono^ fiaiul' m mfinitttm continuantur. EllipiJB ^ 
vero Conum ambic, & ia fe revoluta ipatium undiquf 
daiitdic. 

Cbroffs 2. Liquet Girculi circumferentiam Ellipfibua 
aaiiumerandam, Nam li planum DAE per ver* 
ijcem fit plano bafis, vd ie^ioois fubcomrariae paral- 
Iduniy PUnum hiiie parallelum iaciet in fuperficie cor 
niea Cffculi circumferentiam. Ideoouc fub nomine 
vel ibflioBis conicas imgenere/ vel Ellipfeos in fpecie, 
edam Circuli circaidEerentiam comprcnenfam intellir 
gat leftor. QtK>d iemel monicum ililliciac. 

CaroU^ 3. Re^ conjfingeas bina qusecunque pun£la 
sn ieftione^ Conid^ tota cadit intra fe&ionem, produ-' 
Aaque utrioque extra eandem cadit, acque ei aut i<^ 
£lioni oppofitflB amplius occurrit. Patet per prop. 3« 

Ccrcff. 4. Conjuflgens bina puniSa, ia oppoiitis ie- . 
&ionibas iumpUy c^it extra ieftiones; produdaque 
iitrin^iie intra utramque deiaceps continetur^ Neutri- 
^Qe earum amplius occurrit. Patet per prop. 3. 

Cbro^ s> Uade Reda liiiea iedlioni conicXy vel fcf^t 
opp. in fduribus qoam duobus pujodis iion occurrit. 

Prop.XL Theor.X. 

Cotnmmis wtcrJeStiolhpJani alicujus AMU^ fuper- 20. 
ficiem conicam tangentis^ cum plano fe^ionis coni- 
CiC FIG^ in unico punffo Ifeflioni occurrit^ totaque 
extra fe&ionem cadtt^ Hujufmodi autem occurfus 
Conta£lus diciturm 

Nam planum A Nf N nifi in re£tli A I M ibperficiei 

B Conicx 
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Cooioe ttoti occurrit ; Unde re£la 1 L, quae efl in pLhl 
no A M N, nifi in pundo I^ ubi re£lam A I M inter^l 
iecat) fedioni non occurrit ; Plaoum vero A 1 M cadit 
extra fuperficiem conicam> proindeque & refta I L| 
extra iedtionem. 
ao. CfaoU, I. Praeter I L.alia reda in pundlo I feSioneml 
non contingit. Nam erit hujufmodi re£la neceflario 
in alio plano per A M^ ab A M N diverfo ; quod (per 
CwoU i. prop. 4.) Conum non contingit» ie. ieca^ 
proindeque haec reda ie<Siotiem (ecabic 
%i. 21. CoroU. 2. Duae quxlibet IL, MN Hyperbolat» vel 
' parabolam comingenteS| necefiario concurrunc. Nam 
(iifdem manentibus quae in definitionibus) fi dicantur 
Iparailelae, erit planorum AIL, AMI4 contingemes 
rbrmantium interfeAio A B ( per Lsmma i.) ipQs I L, 
MN parallela, ideoque in iplb plano ADE, quod 
ie£kionis plano efl parallelum. 8ed in hyperbola (per 
OktoU. prop. f.) aliud adhuc planum per A B (neinpe 
ex altera parte plani A D E) potefl conum concin- 
gere ; Et in Parabola ipfum A D E cooum contingit ; 
Tria igitor plana per unam eandemque re3am A B 
Conum contingunt^ quod (per CmU. prop. ^ .) fieri 
nequit. 
23. , CmU. 3. In Ellipfi verO| & oppoficis iledionibu^ 
H- Contingenti cuivis IL, erit aliaaliqoaconcingens'// 
parallela. Sit A B re£la fecundum quam planum A I L 
fecat planum DAE; fiperAB agatur aliud planum 
^ per prop. y. ) tangens conicas fuperficics, formabit 
hoc contingeniem / /; Eflque ( ob plana parallela ) 
A B II I L, unde (per Lsm. i.) I L il / /. 

CoroU* 4. Contingens Hyperbolam I L quantumvis 
produda iedlioni oppofitae non occurrit. Nam planum 
A 1 L in quo reda I L fita efl^non occurrit fupeniciebus 
nifi in A I ; nec re£la I L redbe A I nifi in 1. 

CmU. f. Re(!ilae parallelae duabus plures, Eilipfia 
vel Se£Uones opp. non contingunt. Secus plana per 
eandem re£lam per verticem, duoBus plurai conum con* 
tingerent 

^ Prop* 
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Prop. XII. Thcor. XL 

lifdem pofitis qua in defimtmibus praceJentibus \ In )f « 
utrivis JeStionum oppojitarum^ reffa fuavis l K 
fa&a aplano per utramvis A D, vel^ A E, (^ pun&um 
guodvis I in feBioneyJuHo^ planumque feciionis in 
I ILfecante^ in unico bocpunSto I feSioni occurrit ; ^ 
ex uni parte tota mtra feffionem continetur; exa/' 
tera vero manet tota extra utramyue feiiionum oppo* 
Jitarum. Similitery in Farabola^ reSta I K faSa a ^.tf. -^ 
plano per ^jE^(^ punSfum auodvis I in feStione f <P 
duStOy fe&iont m unico boc puncio I occurrit ; manet- 
queex unkfarte intra^ ex altera extra feSfionem, 

a. jltprater tjiiufmodi reffas I K, %^w alia I l^per ay . 
punStum fuodvis IJeSfionis^ inplanofeStioms^ duSta^ 24t 
SeStioniy vel feStionihus oppojitis in binis pimStis I, L 
occurrity vel faltem feStionem contingit. 

Ob plana parallela erit IK || AD vel AE; unde 
patec par« i per prop. tf . 

2. Cum (ob plana parallela) xt&x omnes I K (int 
redae A E^ vel A D> & fibi in vicenj paralldaB ; teda 
IL nonerit ipfi AD, vel AE.parallela; Proindequ^ 
planura per IL & coni verticero non iecabic planuoi 
ADE in AD vel AE, fedaliasin AB, quxinhy-^-jr j 
perboia quidem poteft cadere vel intra Ang. D A B, -^^ ^ 
id eft intra fuperncies Conicas ; quo in cafu (per pro{v 
'y. ) refta IL huic parallela, occurret fuperti(5iei op* 
pofitae, hoc eft, occurret Se6lioni oppofit^: VeleXf 
tra; quo in cafu ( p^r eaodem prop* ) occurret deoua 
eidem fediQni, vel erit in plano fqperfideoi continr 
gente» u e. Sedlionem contioget. 

In ParaboU erit A B femper extra fuper|K:ie$ coni* 
^s; Unde I L ( per prop. 7. ) vel fefttoQi denao occur- 
ret, vel eandem continget. 

IndfipG, manifeftum eft (ex prop. 7.) I L per pun- ^^^ 
&um quodvis io ledlione I dudam eidem denuo oc- 

B % currere. 
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currere^vel faltetn fcftionetn in eodem pundo I conrin- 

gere. 
a8. CGr/>ll Hinc ii per pundlum quodvis B in fe£lione 
^9* conic^ vel utr^vis feftionQm oppoiitarum) ducator rc6la 

30. BC, quae iit re&a? cuivis IL quae fe^lioni vel fe£tio- 

31. nibus oppofitis in duobu» punftis occurrit, vel qus 
Su^pie unHm^^^ioTitmj vel alterutram fcdlionum oppofitarum coa- 

c^fum r^-tingit, parallela ; Eadem vcl ie^lioni denuo, vel fedio- 

yf/Trr.*^ ni oppofitat occurrct in C, vel iaitem fedionem comin- 

get. Nam eo ipfb^ quod paraliela fit redx I L, liquec 

non effe ex reaarum I K numero ; eademque erit ip- 

fiu8, atque I L ratio. 

Prop. XIII. Theor. XII. 

J2. Tojitis iis qua in ffyperhla ^ oppofitarum feStimtum 
defmitiom ; Si duo fiaM A D I, A E K fuper/kies 
conicas feeunJum recitas D A d» E A e twigentia^pU^ 
num feBionum produHum fecent in reffis I M i,* 
K M k ; 7)ico reaas I M I, K M k fuantumvis pro- 
duSias neutri feStionum oppojitarum occufrere. 

^Nam fuperficies conicacj (in quibus feftiones fitse 
f unt) & plana tangentia ( in quibus funt rcAas I M i 
K Mk) fibi mutuo non occurrunt nifi in re£tis D A d, 
£ A e, qu^ ( ob plana parallela ) funt extrn planum 
<ie£tionuai ; Igitur re^ I M i^ K M k ie^onibus noo 
cccurrunt. 

2)ef. Petito ex re nomine, hujufmodi re<^ rocan- 

tur Afymptoti. 

32/. Coroll I. Omnis re£la A B in plano ieflionom a{»- 

3j. pofitarum utrivis aiymptoto paraileia^ uni ie<9;ionuiB 

oppofitarum idque in unico pundo B occurri^ osiatte^ 

^ue ex mia parte intra^ ex altera extra ieSionem. Kam 

in cono fau jufmodi re^a utrivis I M, vel K M parallei** 

la, erit (ob p}ana parallela) etiam tt^ D A vel B A pah 

- raliela ; Unde liquet per prop. 6. " -" 

32« Corot/. 2. Omnis re^ MCper aiymptotdn occur* 

fum 
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fum M intra angulam I M K dudla^ Atqae omnis re^a 33. 
D£, quas ad plagas iei^ionum oppodtarum iecac u- 
tramque aiympcoton, produ^ta ntrjque fedionum op* 
poiitarum occurret. Nam in^ cono erunt neceflario 
paralielae re£lis aliquibus in plano DAE, iatra Ang. 
D A E cadentibus, unde patet per prop. 7. 

CorolL j. Re6la OHN hyperbolam utcunque in H 34. 
contingens produdla utrique afymptoto occurrec in O^ 
N extra earum occurfun^ M, & ad eafdem partes cum 
io^ione. Nam ii dicatiir traniire per M, vel eas ad 
plagas oppoiitas iecare, vel earum alteri parallelam 
eiie, per jam oiienia iecabit fei^ionem ; Reilatque io' 
Inmmodo cafut propoiitus. 9 c / ' 

Coroll. 4. Unde quac bin« OHN> ABC eandem ^^' * 

fayperbolam concingunt, concurrunc necefiario in D, ^ 
intra angulum OMN aiymptptis contencum. Quee 
vero OHN, a bc oppoiitas iedtiones contingunt» pro- 
dudae concurrunc intra Angulum a M N^ vei c M O 
qui eilansulo OM N deincep$ ; Vel faltcm funt inter 
leparaUel9e. 

Corolh S' Re£la BC conjungens bina punAa in hy- ^ 
perbola B, C, utrique aiymptoto oceurrit ad eaidem ^ar- 
tes cum ia^ione; I^am ii earum uni paralleJa iit, oc- # 

curret iedlioni' in unico pundto (per CorolL i.) contra 
hy{X)thefin. Sin ucrique occurrat, ied ad panes oppo- 
fita^ ie£Uoni oppoiitae occurrec (per Coroll 2.) unde 
ie^iotiibus oppoiitis in tribus pundlis occurret quod 
(per Coroli. s* sul ^^. prxced.) fieri nequit. 

QroU. 6. Hyperbola & afympcoti quantumvis pro* i7* 
cludar non concurrunt» propius tamen ad ie inviccm 
accedunc quam pro dato quovis intervallo. Dato, ab 
mravis afymptoto M A, intervallo AB, dudHque BD 
cidem afyaiptoto parailel^ leeabit haec (per CbrW/. i.) 
SefiioBem aiicubt in C ; Unde liquec propofitum. 
. CoroS. 7. £x jam oilenfls hoc quoque manifeilam eil^ ^^^* 
Pro vario iitu pun^liH (in CoroIL \.) reipeftu pundi ^ 
Mi piuifbrum N^ O alterum ad punamn M accedere 
lecedence alcero; prouc ad hais yci illas partes pun- 

dum 
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£tum H abierit ; At vero eorum neutrum prius punSko 
M coincidere, quam punftum conca£l&s H ad diAau- 
tiam infiniiam migraverit ; Quo lo cafu contingens 
O H N in afymptoton degenerat ; Vel quod idem c&^ 
Afymptocos ad puii&um ab M infinite difbms ie£tio- 
nem contingir. 

Prop.XIV. TheonXlil. 

^8. /ifJem pojitis^ qua in ptacedentihus \fitl^GlL pjani 
hyt>erboU^ velJeStionum oppofitarum^ interfeStiocum 
ptano bafis^ occurrens afymptotis inl^ K^JeSHoni ver$ 
in F, G; Si^ per punffum fuoJvis in utravis feSfio' 
num oppofitarum H, agatur reSta O H N, reSt^Y K 
paraHek^ afymptotis occurrens in O, N, ^ fe&iom 
iienuh in R, vel eandem forte in H contingens ; Dico 
IFxFK=:KGxGI = OHxHNc=NRxRO. 

Planum bafis in quo ell: re£la I K, planumque per 
ON huic parallelum, facient in fuperncie conic& cir- 
culorum circumferentias DFGE, PHRQ, quas 
eorundem planorum interfe6liones cum planis, a* 
fymptotos formantibus, viz. D I, E K, P O, QN 
contingent in D, E, P, Q r & ob plana parallela 
critDI = PO&EK=QN; Si contingdntes coc- 
ant in L, 1, erit (ob circnlum) L E = L D, 1 Q^ = 1 P, 
unde (ob fim. triang^) L I = L K, & i O = 1 N, i e» 
EK = DI= (prius)PO = QJ^; eritergoEKq = 
{obcirculum)KGxKF = DIq=IFxIG=POq 
=OHxOR=Q>Jq = NRxNH: Cumfitautem 

IFxIG 7^_r GKxKF 

IFxIK-.IFxGKr~lGKxIK--,IFxGK 
eritIFxIK = GKxIK,ic. IF = GK; Parique 
^ modoerit OH=RN;Unde iFxIG = IFxF K= 
KGxGI = OHxOR = OHxHN = NRxRO. 
. Si contingentes fint parallelx, erit (ob parallelas 
reftas) D I = E K = Q^N = P 0, codcmquc prorfus 
modo procedit demonllratio. . . . : 

Si 



Si HN contingat hypcrbolam, contiagc^&: circu- 
lum; Unde PO=j:OH =CLN = NH, & POq ss 

OHq=<INq = NHq=OHxNH=sDIq = (ut 
prius)lFxFK = KGxGL 

^^///iff^.Oltendi poQet I F=rG K^dud^ per L diame- 
jro LS T, vel (£1 contingentes fint parallelx) dianietro 
lis parallelli> bifecante D E in S, promdeque I K & F G 
tnX; und«IF = GK; pariquemodo OH=RN; 
vtl (in cafu conta£lds) O H = H N. Et^ quoad caete- 
iy demonfiratk) eflet eadem* 

Prop. XV. Theor. XIV. 

« fhperloU velfeSlionihux oppofitis^ Ji hina qualihet ^p. 
recta interfiparaUela^ fy velutraque ad eandem 40. 
SeStionem^ vei utrajue ad oppofita^y vel finguU ad 
fimdasy utrinjue in punffis B, C; F, G, terminata ;, 
vetquoTum una vel utraqi^ filiionim^ vel fiStiones 
cppyitas contingit ut in C, G^ fi opusprodu&a^ utri' 
que ahmptoto occurrant in A, Di E, H ; ^ico reSfan^ 
guIaABxBDy EFxFH, CDxCA,GHxGE^y& 
fihi invicem aqualia. 

Si has re6la6 parallelae fint interfedlioni plani fedlio* 
nis cum plano bafis, \mc propofitio ^on differt ^ 
praecedenti ; Sin minus, pei pundlorum B^C^ G, F bi- ' 
laquselibet ex. gr. C, G agantur ad afymptotos uf^ 
lue redx I C K, L G Q^, quae inter(e£lioni plani fe* 
itionis cum plano bafis parallelae intelligantur j; Erunt 
taque (ob re£las parallelas) triangula D C K^ H G Q^ - 
imilia ; uti etiam I C A, L G E Unde 

IC:CA::LG:GE& 

C K : C D : : G Q : G H duaifque in fe ordinaj* 
ioi antecedentibus & confequentibus, erit I C « C K^: 
:AxCD::LGxGQ:GExGH. fedICxCK.= 
per Prop. praeced. ) L G x G Q ; Ergo C A x C D =? 
3 E X G HV .Pari omnino modo ( Adtis per reliqua pun- 
aa B, F reftis, ipfis I C K, LG Q parallelis) ^emon- 
ftrabiturABxBD = CDxCA = EFx.FH,&c. 
C<^^/Z i,HincCD = BA, nam '^ 

ABxBD ^^ 



.0. ABxBD ^_fCDxCA 

Jo. ABxBC+ABxCDr"^1CDxBC + DCxAB, 
demptoque cotnniuni, erit A B x B C == C D x B C, i. r« 
AB=:CD. Eodem raodo E F = G H. 
^o ^o Cbrt?//. 2. UndeABxAC = ABxBI>=EFxFH 
^^'^ '=EFxEG.&c. 

XI. Cvroll 3. Re6la A C D fe^ioneni in C conangeas, & 

ad afymptotos in A,D terminata ^ tontafta C l>iiecacur. 

, t^am A B ubique =C D ; & in hoc cafu coincidunc 

4.2. pundia B, C. Similicer fi B C ad ie^ltoiies oppofitas cer- 
niinata per afympcotdn occurfum cranieat, ibidem bife- 
cabitur. Nam C D ubique = A B| i.e. C A = D B ; 
& in hoc cafu coincidunt A, D. ^ 

4t . Coroll. 4. Unde in cafibus Corollarii j^ erit E F x F H 

42. =ACq = BDq&c. 

^j. Coroli y. Coroll. 3™ valet convcrfim. Nempc firc- 
£la ACD ad afymptotos in A,D terminata & fk&kmi 
occurrens in C ibidem bilecetur, eadem fe£tionem in 
C continget. Nam fi fe^ioni denuo occurrat in 3» erit 

^2. AC = BD = CD, hoc efl, pundum B non crit k 
punflo C diverfum. Similit^r fi C B ad afymptoton in 
D bifecetur, Erit D comiDunis afymptdt6n occurf ns. 

^ A Corolh d. Binx recl^ fe^liones oppofitascQntingentei 
inter fe p^allelx & ad afymptotos terminatae d c 2^ 
DCA, iunt sequales. Nam dcxca = DCxG A & 
dc = ca,DC=CA. 

^ Cmli 7. Conjungens taSus contingentium paralle* 
larum Qc per aiymptot6n occurfum M tranfit. Nacii 
per M du£ta C M & produil;^ ; Haec, ob A D in C bi^ 
fe6iam, bifecabit huic parallelam « </, hoc efl, tranfibic 
per r, iinde non erit i C c diverfa. 

Lemtiia 2. 

^y. /« re&i k l>fa£lk utcunimc A B = C D, ftmtptooue in 
A^^ ea^mqnoljis futtcio E; ,5? E ctidtt ittter B, ^ 
47. Qidico 

BExEC = AExED~ ACxCD;tv/ 

BEx 
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BExEC + ACxCD = AExED. vel^. 
%. Si Ecadat inter C, (^ D , vr/ {(jutnl eiJetn re£t) 
intef A, 6* B» ^'^ 

BExEC=ACxCD— AExED; w/ 

BExEC + AExEDssACxCD. ^. 

3. Si Efit /« AD froduak^ erit 

, BExEC=AExBD+ACxCD; vel 

BExEC-f AExED=AC«CD. ^c. 

Nam ia primo cafa 

AExEDssABxEC+ABxCD+BExEC+BExCD 4^ 

ACxCD = ABxCD+BExCD+{ |^^5b 
X Unde AExED— ACxCD=BEx£C 
In lecando cafa, 

ACxCDs=ABxED+BCxED+^JJ*^}.+BO(CE, 4<J- 

AExED=ABxED+BCxED+^g|;|g_^Cgq. 

Unde 
ACxCD — AExED=tBCxCE + CBq = BExEC 
In tertio cafu, 

BExBC^^^^^^+^^^SEKl^Eq+CDxDE^ 4,. 
^AExED 5^ 

<cScd}+8^1 
^ACxCD. 3 

Scbol. Coincidentibas panflis B, C, in primo cafa 
coincidit bis pundam E, & evanelcit B E x E C 

Coincidentibas vero B, C, tranfit cafus fecundus in ^g; 
iOum j-, Eh 2. tertius ia 6, El. x ut ouivis obvium. >>^. 

C Prop. 
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Prop. Xy f . t&cor. xV- 

^o. ji. tn Hjperhoja fyfeSHonibus oppojitisj Ji hiiue ^u/elibet 
jx. yj. nffa KN, ST, vel utrMjue ad eanjem JeSfimcmj 
S^ SS* ^' utraque ad oppofitas^ velJinguU aJJin^as^ vel 
55. abera aaeandem^ altera adoppofitas in K,N ; S, T, 

utrinque terminataj i^ Ji opus produffa^ Jibi mutuo 
occurrant in E^utrijue ajymptotoin R,y,M,L \2)ico 

^{J^^J{^}:RTxTV:fKExEN:SExET- 

^7. 58. 2. Idem erit de fuadratis bujufmodi reStarum^ quoties 
f p. 60. Jbarum una veJ utrajue feffionem, vel utramjue /e- 
Stionum oppojitarumj contingit^ vel barum una per 
w^" afymptoton occurfum tranjit. 

fo.si. Per utrianris redarum NK utrunalibet occurfuin 

S2. &c. cum (e^ione N, agatur re£la X N Y, redae alteri S T 

parallela, afymptotis occurrens in X,Y; erunt triangula 

LNY,LERfimilia,utietiamMNX,MEV; Unde 

LE:LN;:ER:NY 

ME:MN::EV:NX. Duaifque&c. 
LExME:LNxMN::.ERxEV:NYxNX id eft 
( per lemma praeced. ) pro vario fitu pun£li E, & per 
prop. i^. cum CoroS. 2. 

KExEN+KMxMN \ fLNxMNN /SExET+RTxTV\ fNYxNX 
KMxMN-KExEN X ^ eff }: ( RTxT V-SExET ):( id eft 
KExEN-KMxMN/ \KMxMN/ ISExET-RTxTy) \RTxTV 

Unde in primo & fecundo cafu div. in tertio comp. 
KExEN:KMxMN::SExETrRTxTV,unde 
alternando liquet propofitum. 

2. Oftenfum eil io parte prima KMxMN:RTx 
TV::KExEN:SExET: undecoeuntibuspunaiis 
K & N, T & S vel M & L&c. erit 

i%.y7.j8.KMq:RTxTV::KEq:SExET. 
/7^.(Jo.KMq:RTxTV::KExEN:SExET. 
/fJ^.fp. KMq:RTq::KEq:TEq. Et fic in 
cxteris cafibus. 
Scbobum. Coeuntibus pundlif K^ N ; S, T &c Lem- 
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tna praecedens in hac demonfiratione adfaibitum non 
differt ^ ;-, vel 6j Et. ^, ut fupra adnotavimus. 

CaroiJ, Si angulus afymptot6n redus intelligatur, & 5:6. 
redlarum una K N, parallela fit, vel coincickt reStac 
altcui ACB per afymptot6n occurfum C tranfeunti^ 
altera vero S T parallela rcdLX p B in occurfu ToEbt 
AB unam feftionum oppoiitarum contingenti; Erit 
KExEN = SExET. Nam ob ang. rca. & D B = 
B I, erit per g i. EI. 3 "». C B q = D B q, & (pcr Cor(Jf.^ 
prop.i^)RTxTV=DBq,&KMxMN = CBq. 
& Iic in caeteris caGbus. 

Pfop.XVII. Theor.XVI. 

In HypettloU ^ SeSimibus oppojiiis fi ReSia quayis^i, 61^: 
AB aJ eat$i/cmj vel ad oppofitas fe&iones uSrinjue j^ ^. ^^ 
terminatay ^ fi opus proauSa , f^el biniC quatibet Sy, 
reffa A B, C D interje parallela^ 6* velutraque adsufpiefff^ 
eandem feStionem^ vel utraque ad oppofitas^ '^i fi^^^^f^a^^ 
gula adjingulas utrinque terminata^ ^fi opusprth 
duBa^ Binis quibufcun^ue F C, I H inter fe paralk* 
lis^ ^ vel utrifque ad eandem feffitmem^ vel utrif 
quead oppofitasyvel JinguUs adjingulas utrinjtte ttr» 
minatisy ^ fi opus proauffis utcunque occurrant, ut 
in ^y T, vel E, T, S, V^unffis ; Erunt Teffangfda 
exfegmentisejufdenireffa^ velbinaruminterje pa- 
ramarumy propcrtionalia reffas^uUs ex contermmis 
fegmentis binarum reliquarum^ boc eft^ 

AExEB:GExEF::ATxTB:ITxTH, & 
AExEB:GExEF::CVxVD:HVxVL 6* 
fic de binis quibufvispunffis. 

z. Sin reffa qtiovis A ET utrruis a^ptoto paraJkk^66. ^7. 
feffioni in unicopimffo A occurrensy iinis ijliufmodi^^ H^ 
parall^lis IBT, ¥ Q Eoccurrat in T,E ', erit "^m'J?Z. 

Hl:xTI:GExEF::TA:EA. 
JSadem dc reffmum contingentium quad^atis inteh 

' 6ge. 
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Redlac omnes ( fi opiu ptodu(k» } occomnc aiym* 
ptotis in 0| P, Cb R oc. ut in figuris. Erit cx pracce* 
dcnti 

AExEB:GExEF::AOxOB:GKxKF 

&ATxTB:IT)(TH::AOxOB{g5^^{^j, } 

Unde AExEB:GExEF::ATxTB:ITxTH 
Parimodo ob AOxpB=?:CQ^xQP& GK xKF 
= H M X M I probabitur 

AExEB:eExEF::CVxVD:HVxyL 
Nec aliter ratiocinabere de cxteris punftis ; & in ca& 
bus contingentiunL 
66. 67. 2. Sit afymptpt^n pccurfus B, & conneftatur B A, 
^^y^^^Per punfta T, E ipGBA parallel», agantur DTS, 
9mtjf9t. J^EN; gufle o^currcat neoefiarid utrique afymptoto 
in D.S; K^N, adeoque (per Ck>rolL a.prop. ig.^um- 
|ue ledionuoi oppoGtatum in O, P ; L, M ; fint vcro 
1, D pun^ in afymptoto ipfi A £T parallela. 

£rit(obparali€lasroaa8)AB^DTsK£&BK 
= AE,BD = AT. 

Poi^ro ( ex priore parte, & ^ex lemmate z. ) erit in 
cafu FigursQ 66« 

rOtxTP ^ chKxBM ^ 

HTxTI:GB;xEF;:<DTkTS+OSxSP >:<KExEN+LNxNM S^ 

SABxTS+ABq > CABxEN+ABq 3 

. rTS+ABi> fEN+ABi /^wr .• ^NXDBl.fKB 

-i DS ri NK ^••(^^^««'•^^«"gHTAriEA 

Nec aliter ii^ cafu conuAAi. 

; Eddef) modo, per Letatna 2. (pro vario fito pun^o* 

rum T,E, pxiKatis oHiundis) patebit in omnibus tafibus. 

- . . Rtop.XVIIL Thtot.XVII. 

68, 69. ^a in Hyptrhh^ ijt fsHimha oppofitis Jmfcrkfi 
70. 7 1 . propofitioj^e . ofien^mui^ pnp^fiputk fii U Elbpfi 6* 
n^' : Parahja oftwdtgre. Saibm^ [pofinuaas R O, £:M, 

fSf «^^' paralleias, feSlionique in R, O, L, M , occurrentes^ ' 
reffis H F, Y Z parallelis, &feffioni in H, F, Y^ Z 

occurrentiiuSf 
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cccmrentibus^ in punStii G^ B. X» V, xcmerej) erit 
GOxGR:LExEM::HGxQF:H£xEF 
GOxQR:HGxGF::LXxXM:ZXxXY 
^Jk de binis fuibujvis pun&is. 
2.. Sin Meffa F H occuttens Pai^Ml^ in umcdpunffo ^^. 
F^ occurrat pnralleGs R G O^ L £ M^ r« Q^ E ; eritSufpit rtti- 
FG:FE::GOxGR:LExEM. qu.scafHr. 

JEuikm de cmtingentium quadraiis intellige. 

In EUipfi, vel Parabola in Conica fuperficie fk^^,7j, 74« 
fint re£bs exdem quse in figuris 68, 5p. &c. negle£l& Suppu eafm» 
tantum in pnefens reSa Z Y. ''''^'•"- 

Per redhfUm R O) L M akerutram R O^ & coni ver- 
ticem I tranfeat planum R I O, (ecans fuperficies conU 
cas in reftis IR^IO; Secundom quas plana IRK, 
I O N fuperfiicics contingant, A oiutuo fecantia in I T> 
& planum feftionis in R K, O N. 

Per L M tranieat planum,' plano R I O parallelom, 
faciens le5liones oppolitas L P M A S, lecanfqtie plana 
tangentia in redlb TK, TN quae crunt propterea 1 

aiymptoti. 

Per H F & coni verticem 2 tnnftac ptanutti) ftcans 
iuperficies conicas in re£lis H I A^ I D F^ planum R I O 
in IG, planom fedkuium in ABCDEj planaque /i>/;.74.f^ 
aiymptotos formantia in 1 B, I C. SS» wi 

ReAa A D eftad aheram) five utramqut ie6liottUm^lM,.^'^ 
oppofitarutt in A> D termin4ta, OGCurritqat afymptotis'*^^''^^* 
in B^C '^**'* 

Per punftum D^ in plano f^^idnum c^ipofitarum 
agatur, ufquc ad zfytnjMtc^ ttSis^ P D Q^ pJiraUcIa 
KLBMN. ^ 

Ob tdana paraUela , & Te£lto pamlleUs P D Q^, 
KLEMN, fimiiiatmnemangulaRGI, & PDB; 
GIO, &DC(^ Pariter HIG & HAfi; FDE, 
& FIG, Unde 

IG:DE::GF:FE & 
IG:AE::HG::H£ Duaifque &c. 

iaq:AExD£::HGxGF:HExFE. Rurfum 

IG 



«8, 6g. 

•72. 

St^ple reli' 
^uos cafus. 



IG:GO::.CD:DQ^ r 

I G : G R : : B D : DP Duaifqae &c. 

IGq:G0xGR::CDxBD:^g^^^5;Pj} 

::(per prop. i5.) A.Ex ED: LE x EM & altern. 
IGq :AExED::GOxGR:LExEM:: (prius) * 
HGxGF:HExFE. 
Probandum refliat 

RGxGO:HGxGF::LXxXM:ZXxXY 
Jain vero ofiendimas 

RGxGO:HGxGF::LExEM:HExEF 
& pari ratione erit 

LExEM:HExEFi:LXxXM:ZXxXY 
unde 
RG xGO:HGxGF;:LXxXM:ZXxXY 
Pariter de pundlis E, V. Nec aliter in redlis contin* 
gentibus 
2. Fadiis ut in priore parte. Cum re£la F H re- 
^Fig.TjS. fpondeat re6ls I K in fig. prop. lo, pro Parabola, redlf 
fipra. I A quae fit i plano per rd^m F H & verticem I re- 
^^';;^jfTpondebit rease AD in eidem figura; hoceft, crit 
^ F H parallela I A undc IG=: AE. 

Eftque ob Gm. triaQg. 

FG:FE::IG:DE::IGq:IGxDE=AExDE 
oftendetur ver6 ut fupra 

IGq:AExDE::GOxGR: LExEM unde 
FG :FE: :GOxGR: LErEM. Pariterque iq 
cafibus contaSus. 

ScboJium. Theorem hoc cum pracoedenti licuiflet 
fimul un& propofitipQC ^ompkfti. eademaue oper& h 
cono demonftrafle : Cum tamen in nyperbola & te£lio- 
nibus opp. haec proprietas etiam in plano ft proderet, 
uoTyronibus aliquaccQUS confttltum eflet^libuit leor- 
m demonfirare. 
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Prop.XIX. Theor.XVIir. 

In omni Seffionc conica^ ^ SeStionibus oppofiiis. Ji ii- 76. ^»7. 
na relia B I, C I contingentes Je&ionemj velfeSHo- 78. - 
nes oppoJitAs in extremis reSfa cujufpis B C , feffio- '^ ^^*- 
«/, vel jeSl. opp. in binis punSis B, C occurrentis, mj!!^ 
concurrant in I, {vel in EUipJi fyfeSl. opp.Jintfortei^* «*»«'• 
inter Je paralkhe) ^ ex utrJtvis parte taSus coA-ltl^''^. 
jungentis BC Jucatur reSa £F, ipJiBC farallelayS^'^' 
qua {JiopusproduSia\occunatfeBioniy vel Jeffioni ^^''O^* 
oppojita^ vel utrique JeGtionum oppojitarum in binis ^G^Jt' 
pmSiis E, F, ^ reSis contingentious inD, G ; Dicof^-fi^^ 
DE = FG. 

FAd& in fuperficie conica, fc^lione, vel ie&ionibus /p. 
oppofitis, pofidlque ut in prioribus figuris. Pcr^'*]*?*?^* 
coni verticem A ducantur AB, A C ; Plana per re^lasfl^. 
AB, BI &AC, CI fuperficiem contingent. %^/» fff^ 

PerDEFG tranfeat planum, planoABC paralle/"*'^'^'^- 
lum, faciens ie^onem vel fe^liones EKF, &iecans 
plana tangentia in DH, HG; Eric EKF hyperbola^ 
vel ieSiiones oppoficae ; eruntque H D, H G alymptoti, 
ac proinde D E = F G. 

In Hyperbola & fe£tionibus oppofitis, basc propofi- 
tio in plano demonfirari poteu in hunc modum. 

Sint A V, A T alymptoti, occurrentes contingenti- ^^^ 
bus (fi opus produais ) in T, V, xt&x B C (fi opus ^g^ 
produ6te) in X, Y, & refl» DG in R, S ; bifeaaque 
BCinMjjunaa lM[vel II 81,^1] fecetEFinL. 

Per prop. i^, IBq : ICq : ; BTq : VCq ; ergo 
B C & T V parallek funt , unde { ob B M =^ M C ) 
re£U I M bifecabit connexam T V in Z. 

Rurfus (obBXsYC&BMsMC) ericXM 

= MY 



C**3 

kM Y ; G ergo per afymptotdn ofxurrum A ducatur 
nStsL A M , haec (proptcr parallelas X Y, T V & bi- 
fedlas in M, Z ) trapQbit per Z, hoceft aon difieret afa 
I M prijDo duftft. 

lanujjuc (obBM;=MC,) erit DL = LG ; & 
(6bXM==MY)eritRL=LS; undeDR=±SG; 
fcd&]^E = SF, undeDE=GF* 

Ovflft r. DF = GE- 

Qroi/. %. Si ( coeuatibui punAis E, F, ) rcAa D G 
ie&ipoeib contingit, ft ta6hi bifecabitur. ^i vero pan- 
£bt E| F fint ad lediones oppofitas, redla D G ia con- 
tsttgentem abire non potefi, ut ex fupra di£lis mani- 

Prop.XX^ Theor.XIX. 

> 

^dL 77« Hf^m pfitiiy S^ per ^mtif^entitm occurfum I^ {f 
78. me£u9H punSfum M taStus conjungeutis SCy diah 
Srj' A»- /»r r^^4 IM; velficmtinientesfintf^tralkUe^ per 
^ri^^^i- ^ ducatur I M /)^/ cmti%entihm paraOeh>t Hm 
HUHirm. reffasmneslS.V ipfiliCparalklaSy ^ adfiiHmem 

velfeSHmes oppofitas utrinjue terminatas^ bifariam 

fecabit, 

N*n t)bfiniiIiatriang.IBC,IDG&BM = MC; 
crit etiam DL=iLG; eftque ( per pt«ced. ) D E =2 
¥^^ &DF = GE| unde additis vci demptis aequali- 
bus erit L E = L F. 

Si contingentes fint parallelat, erit B M =:^ D L =s 
MC = LG &c. ut priufi» 

2)ef. Re^a^ I M hoc modo genitar, ^t^e in6Qiti 
extenik 2)iametri. appcUaotur. 

Ip& vero M C, vel M B, atqoe qmncs h^ parallelac 
L ¥p vel L E, intra ie&ionem, tel intec ie^liones op- 
pofitas^ dicuntur Ordinat^ ad diametrufn I M« ^ 

CoroO. I. Ob ordinatas fic biieAas in Hypcrbola, & 
Parabola, (quarum curvs poft BC infinite ie utrin- 
que extendunt) diametcr ia unico tantum puififtoH 

Ie£lioni 



fedioni bccurrit ; In hyperbola eamen occurret, ^Sdern 
de caufa, fedlioni oppofitac in K. Ellipfi occurret in 
btnis pun6tis H, K. Inter fciStiones oppofitas neutfi 
earum omninb occurrit. 

Z)./! In Hyperbola, vel Se6l. oppi & Eilipfi, D-a- 76. -/^. 
metri infinitc cxtenfae pars H K 'Diameter iranfverj<i 
dicitur. 

Et in omnibus leftionibus pundlum H, vel K /^r- 
tex dicitur ; & in opp. Sed. & Ellipfi dicitur vertex K 
vertici H Opfojitus^ & viciflim. 

In oppofitis feilionibus Diametri H K utrique fe- '77- 
flioni occun^cntes vocantur Diametri 7)eterminata\ 78. 
Diaroetri vcro inter fefliones Indeterminata. Utriuf 
que nominis ratio in aperto efi:. 

In omnibus jfaSionibus partes H M, H L, vel KM, ^5, 
K L vocantur T^iametri Interce^ta vel Affiijfa. ^^7. 

CorolLz. In Hyperbola & EHipfi ; cum fit B M x M C 
= MCq, ELxLFntzLFq erit { per prop. 17. & 
18.) KMxMH:KLxLH::MCq:LFq. Et fic 
ubiquc. 

CoroU. j. In Parabola, cum Diametri iti unico tau: ^^ ^ 
tom punfto H lc£lioni occurrant, liquet (per prop.i2.) [^^f^^'^{* 
eas non diverfas efle ^ reftis I K faitis ^ plano per rabJa. 
contadum A D, planumque (e£lionis in I K iecanrc ; 
adeoque (ob planum ADE plano fe£tionis paralle- 
lum, ) efle omnes inter (c parallelas ; Et porro idem 
prasftare, quod esedcm reSae I K in pfop. 18. V^ 

CoroU. 4. Et propter ordinatas bifcdlas, ( per prop. 7^^. 
i8.j Erit in Parabola 

H M : H L : : M C q : L F q ; Ef fic ubique. 
CoroU. S' l^cT CoroU. 2. liquet ordinatas ad quamli- /}(J. 
bet diametrum in Ellipfi, quo magis ab utroque vcrtice 
diftant, eo majores effe, donec ad medium diametri 
puu6lum deventum fit; Eritque ordinata per hoc pun- 
^lum maxima. Et quae binse sequaliter ab utroque 
vcrtice diftant funt aequales ; Et converfim. Iia enim 
fe res habet in redangulis ck fegmentis diametri, qui- 
bas ordinatarum conterminarum quadrata- proportio- 
nalia funt. D CoroU. 



'j^.'^^. O^ro/il 6. Similiter in Hyperiiola & Parabola, qso 
longias ordinatae^ diametri vercice diftant, eo ruoc 
roajores. £t in oppofitis fe^lionibus, quse bins aequa- 
liter ab utroque ejus vertice diftant, funt aequales ; Et 
converiim. 

76. '^i^. CoroU* 7. In Hyperbola & Parabola, quaram curva? 
infinice fe extendunr^ fiunt andem ordinatx dat^ qu^- 
, vis tt&k if majores. Nam fi in Hyperbola iu fuina- 
tur punaum L ut fit K L icL H : KM x M H cr- //q 
: M C q erit ( propter c&rolL i.) hF tr i/. Eodem 
modo ( routatis muundis ) liquet in Parab.per Ooroli^ 
Unde porrb re£la diametro cuivis parallela, lcdlioni, 
vel utrique fedionum oppofitarum necefiariS occurret. 

76. 77 > CoroU* 8. In omni feaionc, Qiiac H N, vel K P per 
verticem H| vel K ducitur ordinatis parallela, Seilio* 
nem contingit ; £t converfim. Nam fi aliqua ejus 
pars fit intra ££tionem, k diametro bifecabitur, qux 
camen huic non occurrit nifi in ipfa ie£lione. 2. Qux 
• inHvel K contingit, erit ordinatis parallela. Nam 
binas xtGtst diverix m eodem pun£lo non contingunt. 

Sb«8r. CorolL^. In ElJipfi & Seflionibus oppofitisi Re6b' 
H K conjungens ta&us contingentium parallelarum e(l 
diameter redarum BC^EF hifce contingentibus pa- 
railelarum. Nam fi quxvis alia V R dicatur earum dia- 
mecer, re£bs in ejufdem extremis V, R, redis BC, F £ 
parallclae, ( per prxced. Coro//.) iedlionem contingenc, 
unde aut plures duabus redis parallelis fedlionem , vel 
fe£t. opp«cohtingent, contra Coroli, $. prop. ii| aut 
non erit V R ab H K diveria. 

80. 81. Coro/i. 10. In omni feaione conic&i & in icA. opp. 

8^,83. & inter icft. opp. Qu3c binas re<Slas Intcr ie paralle- 
h?.f vel utrafque ad candem ie<^ionem| vel utraique 
ad oppofitas, vel fingulas ad fingulas utrinque ter« 
roinatast bifecat, Eric harum, atque omnium hi^ paral- 
lelarum diameter. Nam propria diameter bas bifecat, 
& binae rcQx k ie invicem diveri^ has biiecare non 
poiTunc. 

80. gi. Coroii. II.' Et in omnibus iedlionibus, & in fe£l. 

82, , opp. 
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opp. fi reila H m quovis pim£lo H fe<5lioneni, vel 
ucratnvis re£tionura oppofitarum contfngat, atque huic 
parallela quxvis B C iedtioni , vel utrivis fedlionum 
oppofitarura in pundlis B, C occurrat, Refla H M, qux 
taaum H, & medium pun6iiim M redlx B C conjungit^ 
erit hujus atque huic paralielarum diameter. Patet uc 
CoroII. p. 

Corol/.ii. In Parabbla^ Si in pun£lo quolibet H con- 82. 
tingat H O, Gtque huic paralleia quaehbet B C utrin- 
que ad iedionem terminata; Qux HM per ta£i:um H 
ducitur diametro cuivis ST parailela , erit xcikx BC» 
atquc huic parallelarum^ diameter. Nam harum dia- 
meter (per Corol/. praeced.) per H tranfit, & ( per 
Coro/l. 3. ) eit paralicla S T, ideoque non eft ab H M 
diverfa. 

Coro/l 13. Parabolx diameter, praeter ordinatas fuas, ^ 
nuilam re£tam utrinque ad fedlionem .terminatam bife- 
cat. Nam propria diameter hanc biiecat/ Et k dua- 
bus redis parailelisi^ fe invicem diverfis, biiiecari nequit. • 

Orol/. 14. Ideoque in Parabola, duae re£tdc ad feitio- 
nem utrinque terminatse (e rautuo non bifecant. 

Coro//. ij^. Contingens parabolam omnibus diametris 82. 
produ£tis occurrit. £t quxlibet^re^ta utrinqne ad pa* > 
rabolam terminata & fi opus produ6ta, omnibus dia« 
raetris fi opus produdis occurrit. Nam qu^ uni paral- 
lelarum occurrit, occurrit omnibus. 

Coro//. 16. Si in Parabol^ re£ta quaevis H M, diame- 82. 
tro cuivis ST paraliela, redlam quamvis BC utrinque 
ad (e^tionera terminatam bifecet, Erit hujus atquehuic 
paralieiarum diameter. Nam omnes diametri lunt pa- 
raUelae (per Coro//.y ) Et ( pcr 13. ) praeter ordinatas 
fuas nullam omnino re£tam ad fedtionem utrinque ter- 
minatam biiecant. 

Cm//.i7> In omnibqs £e6tionibus, & fe6tionibus ^^ »,*. 
oppofitis y ex dian^etrorum genefi liquet Contihgentes ^3 ' ^ 
in extrenfis roEtae cujufvis B C^ adldiametrum quamii*^ ' 
bet Hifr ordinatse, faper e^dem diametro coirein aiiquo 
punfto I \ aut eilc eidem parallelas. 

Prop. 
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Prop. XXI. Theor. XX. 

84. 85'. jfi, EiTtpfiy ^ feBionibus oppofitis^ 9l^a D H E /w mc- 
dium tunlium H diametrt cujujvis A B {qua in opp. 
Jeff.fit determinata ) utcunque ducitur^ SeStioni vel 
JeSionibus oppofitis inpun&is E, D occurrens^ apun- 
£io H bifariam dividitur. 

Si DHE fit ad diametrum A B ordinata, jam liquet 
propoficum. Sin minus; ^ pun£lis E,D intelligantur 
crdinats ad diametrum A B, redlae E G, D F ; Qiiae 
parallelae cum fint, erunt triangula H £ G, H D F fimi- 
limilia; 

Per Corolh 2. prxced. crit 
BFxFA:BGxGA::DFq:GEq: : ( propter 
fim. triang.) F H q : G H q unde alternando,. & com- 
ponendo in Ellipfi, dividendo in oppofitis (edlionibus, 
BFxFA^-lfHq-) rBGxGA + GHq^ 

' FHq— BF X FA C : FHq : .< GHq — BGx GA V: GHq 
/. (?. HAq 5 i /.^. HAg 3 

Unde F H = G H & ob fim.triang. inde D H = H E. 

Pfop. XXII. Thcor. XXL 

8(J. 87. Tn Hyperhola^ veloippofitis JeBimbus^ onmes diametri 
coeunt in occurfu afjfmptoton H, fuarum deterwiffatiC 
ibidemfe mutuh bfjecant. Et tn Ellipfi onmes Jia- 
metri coeunt^ ^ fe mutub bifecanty in copsmuni quo-^ 
dam intrafeSionempunSo H. 

8tf. Cum diametri determinatae in hyperl>Ql^ vtl opp, 
k(X. Jungant ta&us contingentium parallelarumi <ranG 
eunt omnes ( per CoroU. 7. prop. ij.) per pun^um H^ 
& ( per CorolL 5. ejufilem prop. js-) ihidem- bifef^^mur. 
IndeterminataB vero biiecant pmnes ordinatas iuaa in^ 
ter ie6liones, quarum una neceflarib per H tranfit^ & 
ibidem bifecatur ; Omnes itaque dianietri indi^termi^r 
natae pariter per H traafeunt.. . 

In 



In Eliipf], fi per duarum quarumlibet diametrorum 8/. 
AB; ED mediapunaaQHducaturFCHG, feaio^ 
ni utrinque occurrens, hacc (per prxced. ) tam in C, 
quam in H biiecabitur; Coeunt itaque pundla C^ H j , 
unde liquec propofitura. 

7)ef, Punaum H Cenfrum^dkitur. 8(J. 87. 

Corollaria adhanc ^ praceJentes aiiquot propojitionet. 

CorolL I. Omnis rcda EH per pun6tum quodvis E 88. 8p. 
Ellipfeos, vel utriufvis (e<5tionum oppofitarum, &cen- 
trqm H duda, efi: diameter redlarum contingenti in 
punfto E paralJelarum. 

CorolL 2. Et omnis rcdlaHM, percentrum H,j&; me- ^°* ^9* 
dium pundum M re£lae cujufvis BC ad EUipfim, vel 
hyperbolam^ vel ie61;iones pppofitas utrinque teripina* 
tae^ du(5la^ eft hujus atque huic parallelarum Diameter. 

Nam bifecabit ad centrum (per prop. prxced.) re- 
dlam redtae B C prallelam ; unde (per CoroU. 10. prop. ^ 

2.0.) eric harum diaineter. 

CoroU. j. In Ellipfi, & Hyperboli, & inter fedtiones 
oppofius; Diameter, prstcr ordinatas fuas, nullam re- 
£tam ad fe£tionem, vel fe6liones oppofitas terminatam 
(nifi in centro) bifecat. N^m omnis hujufinodi reda* 
^ propria diametro biiecatur, & ^ binis redis \ fe in-* 
vicemr diverfis (nifi in communi earum occurfis) bife- 
cari nequit. 

Corott. 4« Atqqe hinc bins^ re^lac ad Ellipfin^ Hyper- 
bolam, vel Seftiones oppofitas, terminats (nifi iaCea-> 
tro) ie piutu6 non bifecaat. 

CorolLj-. In oppofitis SedionibuSi & in EIIipG, par« 
tes oppqfitas ^ quavis di^inetro A B abfcifTac f uprapo- 
fitx cohgruunft ^am du^^li^ qu^ vis diamettp E H D| ^^ 87. 
^ fiiprapofitis figuris^ congruent (ob aequales rectas & 
angulum communem) pua^a|l,A^D, pun6tisHtB,E 
relpe<aiYfe; & fic dp c«teris punftis. 

CoroJ/. 6. Uad^ ipfaq fe^tioiies oppofit?? iiipra pofit» 06. 
congruent. 

Prop. 
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Prop. XXIII. Thcor. XXII. 

5Q. yi. In JeStionihus oppojiiis^ fyin EMipfi^ Si .fer centrum 
C n^alur reffa E D Jiametri ahcujus A B (^/i^ in opp. 
*Sea,fit determinata) ordinatis G I parktkla^ Bifeca- 
hit bac reffas omnes F G diametro A B paraUehs^^ 
adfeliionem^ vetfeStiones oppofitasy utmjue in f^ G 
terminatas. Et converjim^ \ 

... » 
A pundis F, G imelligantur ad diametrum A B or- 

dinata F H, G I ; Ob rectas parallclas erit F H = Cj I, 
undc (per converC Ccroli y. & 6. prop. 20.) A H = 
BI, &(obAC = CB)HG=Cl= (ob reaas pa^ 
rall.)GM = MF. 

2. St F G bifecetur ^ re£la E D in M, «rit parallela 
A B- Nam faftis ut fupra, Erit (ob F H parali; G I) F M: 
HC::MG:CI /.<?.(ob FM i= exjiyp- MG ) HC 
=C i, unde & A H = B I, & (per Cmll. s* & 6« prop. 
2o.)FH=GI: ErgocumfitHF H Glerit^FG 

^.pi. II AB. 

CorolL i. Hincreaa FGeftad diametrum E D or- 
dinata. ' 

2)ef. Diameter E D inHnit& cxtenfa dicitfir diametro 
pi. h^Conjt^ata. 

^Q, In Ellipfi eadem utrinquc in E, D ad Se6lionem 

terminata, Vel in oppoficis fe£lionibus, ab(ci(fis utrin* 
que C D, C E, uc fint exdem contingentis in utrovis 
Vertice B, ad afymptotos utrinque terminatae, partibus 
B K, B L «quales, (proind^que xquales inter le) Dici- 
tur D E Secunda diameter diametro A B conjugata^ Sc 
yiciflim. 

Qfroff. 2. Conjugatarum diametrorum ordinatx funt 
diametris fuis reciproce parallek, Conjugatae diametri 
funt ad fe mutu5 ordinatae, £t cujnfvis diametri unica 
eftconjugata. 
'^^* CoroU. 3. Ordinatarum ad diametrum quamvis ED ' 
inter fe£tiones oppofitas (/• e. indeterminatam) minima 

eft 
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eft quse per centrum trannt,& ^ centro remotiores fiint 
propioribus majores, fiuntque tandem dar^ quivis re- 
£ia S T majores.Nam quo major cft CMi.e.IG^ eo ma- 
jor B I, 8t proinde eo major C I = M G. Sumpdque 
C I cr S T duaaque I G parallela E D, & G M paralkia 
I C, erit ordinata G M = C I, /. <?. c^ S T. 

Csroll 4. In oppoOtis fedlionibus, conjugatarum 9o* 
diainetrorum una eft determinata, altera indeterminata« 
Nam ordinata ad diametrum determinatam occurric 
utriqtie afymptoto iii P^Q^ad ealdem partes cum fe- 
^lione, unde nuic parallela extra angulum afymptot&a 
cadet. Etviceverfa. 

CoroIL f, Cum omnis refla per qupdvis pun6lum SO- 
in utV^vis fe£tionum oppofitarum (^odo a^mptoto 
non parallela, nec fe^lioni oppofitae dccurrens) eidem 
fe^ioni denu6 oocurrat, fitque ad diametrum aliquam 
determinatam ordinata, habeatque rei£lam aliquam per 
centrum extra angulum afymptot6n cadentem fibi pa* 
rallelam; Atque bmnis redla intra angulum afympto- 
tdn cadens fic diameter determinata : Liquec omnes 
rc^s per centrum du£las effe diametros ; Exceptis tan- 
tiimmodd Afymptotis, quas quafi limitesfunt, quide* 
terminatas diametros ab indeterminatis difterminant, 
& in quas diametri (ut c|e contingentibus jam olim 
didlum eft) ultimb degenerant. Nam abeunte pundlo 
B in infinitum, Contingens K B L (accedente punflo 
L ad C|) cumqiie hac huic parallela E D, atque has 
conjungens CB, afymptoto CKomnescoincident) uc 
advertenti facil^ patebit. 

In Ellipfi omnes omnino rt&x per centrum ( per 
Corol/. I. prop* 12.) erunt diametri. - 

Coroll 6. In Hyperbold, vel oppoGtis fedionibus, 
& Ellipfi, Contingens in vercice cujuflibec diametri oc- 
curric omnibus diametris, fi opus produdlis, exceptl 
diintaxac huic conjugatl Idem de (^rdinatis ad quam^ 
libec diametrum (fi opus produdis) incellige. 

Carol/. 7. In Hyperbola, & Ellipfi, C B q : C D q : : po. pr. 
AIxlB:IGa Nam in hyperboJa, CDq = BLq, 

& 



po. 
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&OIxIG=IGq, nnde patet per prop. 16. In EllipG 
CBq =2 ACxCB, undc patct pcr CoroIL 2. prop. ao. 
Coro/L 8. Si angulus afymptot6n fit rediis, entubi* 
queCB=CD, fiacatusCBcr C D, fi obtufus C B -a 
C D. Nam femicirculus dianietro K L = E D in primo 
cafu trantibic pcr C» in fecundo citri, in tcrtio ultra C, 
tinde C B refpe6livfe =, cr, -a B L /. (?. C a fi EUipfis 
fit circulus ent ubique CB = CD. 

Prop. XXIV. Theor. XXIIL 

■ 

91. 23. /n Hj^perhoU fy Ellij>fi^fit qualihetdiameter D '?ltjua 
tamen in hyperhoUfit determinata) cujus vtrtex D, 
vertex oppofitus F, fecunda diameter huic conjagata 
G B, e!)* ^<J^D F quahbet ordinata K N ; Fiat ipfis 
F D : G B : tertia proportionajis L R, in qua {u/tra 
Rpro^ffdin Hyperbola) fumatur panflum M, utfit 
FD:DK::LR:MR; Dico NKq=FK~xMR 
= DKxLM. 

ObFD:DK::LR:MR crit componendo in Hy^' 
perb. dividendo in ElIipG 

UndeFKxMR=DKxLM. RurfumobFD: 
GB:LR-^^erit . 

FD: LR: :FDq: GBq :: (horum fubquadrupla) 
CDq : CBq:: (per Cbr^//. 7. praeced.) D K x FK: 
NKq::(exhyp.)DK:MR::DKxFK:MRxf K, 
ErgoNKq = MRxFK=DKxLM. 

Def.RQth LR dicitur Latus reSium five Tarnmeter. 

Redangulum ex diamctro qu^vis & fuA parametro 
F D X L R vocatur Figura iftius diametri. 

CorolL I, In hyperbolS^ fi angulus a{yroptot6n fit 
re6lus, erit omnis diameter fuae parametro ±qualis &c. 
patet ex CcrolL 8. prseced. 

^ef. Hujufmodi vero hypcrbola, ob tranfverfam dia- 
mctrum (quse & Latus tranfVerfum quandoque dicitur) 

• ' parametro 



parametr6 five kteri re£lo xqtxSeiii, d^itiir Hy^r* 
holsL t,/£juilaUra. 

CsroO* X. Si EllipGs fit CircBlu«> erunt oiHhesfi pa^a* 
inetf i diametr js fuis & fibi ipfis aeouales. - 

CinroU.,1. Et in quim^et CUip»^ \m^ qfuaelili^t dia<» 
^tri con jugatse fiint dtr^ tnediae pto^tioMl^ mter 
tarum parametros. Idem m Hyperb^lft imettige. 

CorolL 4. G Bq=:figun^diaffletri FD; & 0^^:=! . 
ejufilem ng» 

Ciro//.y-DF:L'R::DKxFK5NKc(*J?atetfupra. pjt.pj, 

Coroll. 6. Quadratum ordinatae NK in Hypefboll pj. 
excedit reflaiifgtliim ex paranletro L R &^iametro in- 
terceptft D K, /. ^. L R x D K» re£bngulo D K x M R, 
i)ood fimile c(t-6|^r9e diameh*! FDx L K. Haitil^Ka i : 
c=DKxLM=:LRxDK4^MRxDK. EtFD: 
DK.r:LR:MR,/^r.FDxLRfiinleDKxMR. 

(kroB, 7i Itl EOipfi veroy Qu^rsiMit ex H K deficit i^i , 
ii redangtdi) LJl x D K, re^ngu^o D K )^ M R^x^iod 
iktaik dSk figuia: dmsetri ; £t ii re^ugulo L R x F K^ 
re^angulo F K x L M^ quod eidenr fi^i^ etrsm fimile 
cft, Na»NKq==:DKxLMi=iRLxDit —MR 
KDKj.Et.NK<J = PKyMRt:2jFKx.LR-- FK 
xLM. Eflque (utprius in HyperboIft}FD]kLR fi-^ 
nnle DK X M R, finile FK >( LM. 

SkihL Ex hoe excefia & fMTe^iu quadraRoruio. ex 
Ordkmis, att HrPERBOLA,. & ELLtPSI, Magnus 
ille fe veteribus Geometra APOLLONIUS Perg^tfs haec 
abitoiii* ic^iooiiiiiis impDfiut^quibas iiia efi^ omdi$^ pofic'* 
ritas* ^^ 

Pfbp. 3BCV. Thtor. XXlV. 

. * ■ • ' 

^Hhtt crdifM^ 3 G ;/ int&cipf^ diamm D C (^ 
$imifmitke irdiniM € !l^| /«/ /^//^ fTQfWtumlis 
L R ; /^ik*6 ^mSaamordifMt^ eujufvis adfand&in 
diamctram K N ^^i»/f /(f - i^r nH^figj^ ex Mdem 
tiHa LR ^ inteneptk diametro' t)f l^jvi:9f N Kq 

=iLRb.Dk. ^ 

:: ' E Ob 



ObDC:CB:LR^crkCBqs=DCxLR.Et(pcr 
CcrolL 4. prop. 20.) 

jj^J^}:NKq::DC:pK::DCxLR:DKxLR. 

Unde NK q =:DKxLR;&fic ubique. 

SOcf.Rcaai LR (6cat in Hyperboli & Ellipfi) dicitur 
Zmus reff$tm fcM P^irameter. 

ScioL Ex co quod quadratum ordinatae Cmpwratum 
fivc applkatum re^ngulo cx abicifsft & paramctro, ci- 
dcm asqualc fic , Haec fc^o jtooltonio PARABOLA 
di^ayeft. 

Prop. XXVL Theor. XXV. 

9S. sfi. In TwrcMajJiJnna ^Ubet Jiametri C D, G E {jua^ 
rum verUcesC^ G) fl optfs produSfa/eSa cuiws I H 
uirinque ad SeSionem in U H terminatay (yfi opus 
produBa^ occurrant in hinis punBis D> E, vellnms 
qwkufvis reSis inter fe parallelis I H, O P, adfeffio- 
nem ut prius terminatis occurrant in D, Qi E» R ; 
Si reSta Jit unka^ Erity 

IDxDH:H£x£I::CD:GE. Sm hime fint reffa^ 
IDxDH;ORxRP;:CD:GR; c^-^r^^^/tf. 
rispmStis. 
dS. ^^^^ ^^ dequadratis ctmtmgentium^fi coeuntihus ex. 
ffr. punSis H, I reSa unica^ velbinarum reffarum 
alterutra fiat contingens^ viz. HDq:I£q::CD: 
G£& 

HDq:ORxRP::CD:GR^^ci/<fr^mi^^tf* 

Bifeais I H, O P in S, T, Connexa S T occurrat fe- 
£lioni in A, erit hxc redUrum I H, O P diameter ; du- 
£{^quc L A K his paralleli occurrente diaiQctris in L, 
K, eadem (edionem in A continget ; k pun^s C, G 
intelligantur ordinatse ad diametrum A S T tti&x C M, 
G N, quae crunt proptcrea re£lis L A K, I H, O P pf* 
rallelae ; Erit per prop x8. 

I IDxDH:^^^}^ : : CD : CL & pcr Orolt^ prop. 20. 

a. NGq: 



\ 



£3f3 

*. NGq: CMq : :{gA^:{^A J. ^^g^ ^^ ^^ 

IDxDH:NGq::CD:GK; &perprop. iS. 

3. H E X E I : -{NGqi * ^ ^'•'^^ ; ergo«c aquo 

4.ID.xbH:HExEI::CD:GE. 
tlurfiis, per prop, 18. 

f.ORxRP^HExEI^GR^GE; eigoperpro. . 
tort. 4. & jr. ex zquo 

IDxDH:ORxRP::CD:GR. &ficclecKte. 
is punfiis. 

SircSU D I,H E fit conttageas, coeantilMis paaAis 
i, 1 fit I Dx DH=aDHq& EI xEHs I Eq&c. 

dbroS. St V X fit panmeter diametri A S T, erii G E pf . ptf. 

: V X == lE X E H, & fic de punais D, Q, R. Nam 

per hanc prop. atf . ) ISxSH = SHq:IExEH: : 

VS:GE::YXxAS:VXxGE;SedVXxAS(per 

>rop. prxced)==SHq; Ergo&VXxGE=?IEx 

£H/.tf. VX: lE:: EH:GE. Hocefl, utparame- 
«r diametri cujufvis in ParaboIS,'ad fummam duariua 
^uarumlibet ordioatarum ad eandem diametrum ;' Cc ea* 
rutn dif&rentia, ad differentiam abicifiarum. Nam V X pf, 
A Parameter,I E (ob I S=S H & S E = N G) eft fum- 
ina ordinatarum S H, N G ; £ H e(t earum difierentia, 
Gt E G = NS eft abfciflarum A S, A N difterentia. 

Prop.XXVa. Thcor.XXVI. 

Si Jua rcff<e L A, A E, quamlibet efiffi^iius comcis^ P7. p8L 
vclfeffitmes oppojitas in hyE ccntingeiiSeS^ vel f$$a* pp. i. 
rum UU4 KLa inbyperbola^ vel/effionibus opp.Jit 2« 3. 
fwrte afymptotos^ concwrant in A, Seffa vero fu^is 
N D earum alteri E A paraffela {fi opus proJuffa^ al- 
teri LA ifi tpus proJuffiC) occurrat in B> ^fefftoni^ 
pel utrivis feffionum oppBfitarum in N» D| (p» taffus 
conjungentila E vel ( j^JL kjit ajfmptotos) reffisper 
taffum E aBfmfitoto L hparattekeM R ; Z>/f^ fi Kc| 
cBDxBN. 

E a IJem 



P7. 98. IJetn erit Jt Mos^rm ex BD vef Bt^^Jf a^atihus 
^9. X. pundis l^^ Vire&i f|:BPN eUiffin^ vei unatn i 

Je^milw^pf^jHif^fi^s^, 

97' 98. Nam (per prop. 17. vcl i8#) BD^BK: BL q: : 

pp. 1. 2. A E q : A L q : : (ob Jtt tritog.) B R q : B Lq^ Ergo 

g. BDxBN=?=BRq. 

3. S^ iuSt» h ia iQSoitiim tbeniite}: reOa A L fiac 
afymptotos» erit ( ob ponftum L infinifs didaoa) E L 
pgtfftUeJi A L node J R q s A E q 1:7; ( per Cor^i^. prop. 
if.)BDj^BN. 

S>n^ 99' . X. Cioeuiitibiii pimjlis D, N|&BDxBN35=BMq 

op,i. vdBD(J==!(priu») RRq. 
: Olfr^I/^ SiRBDNfit<xuiuogem;oiiBRq:;sBNqt 

Erii.Ba:;5BNvdBD. 

, > . . ■ 

f «ip, XXYUL Tbeor. XXV5L 

4- 1'^ jfnl^ffgfhU veJ Se&imbus oppojitis^ Ji a hinis pwi" 
^irk^ b agantur dthc refl^ A G, D F tnterfe paraU 
lelfy utrivis afymptotoiji opus proJuSla) in G, F, 
OQcurrenteSj &* alf iifaem punSlis totiJem aline A Hj 
•* ' i>\^ iffttrfe quoque parallelcy alteri a{yrnptoto [fi 
ppui proJuaa) OQCurr^nt^s /n^ H, I ; 7)iio A G x A H 
^ =DF3fDL 

Connexa A D, (& G opus produfla) fecet afymptotos 
inB, E; Erit ph Aft^X>E, & BDsEA, & ob 
^m. triangula 



edIIea}^'*'»^''^* 



y 



fiJ}:EA;:J)J:AH Era» 
AesDF::pi:AIi 
r,£.AGxAH3:DFxI>L 
{?• . Cr/ui^f %, iliac It A G, ^.F fiat afyaip^ttt Cii^ & 
A H^ A)^ ailyipptaito CG \>mUel«, eraat paoftkiitt |»!< 
nlielograiiwMt C C A H^ C F IQi I fuqualia. Njiimpial- 
)eliogr9Aii)» jEquiiiiiguJji pisppoctioiiiuit fuot roAaagol» 
I |^te|rij)!ijs, quiie ( pri^s ) «quajij fmij. . 



43mJl%. Uode lUftat BAEy KQL hjperfiolim 7. 
Yd ftdiones oppofit^* ptcimque xoatia^mei, «b an-' 
gulo a(ymptot6i! abfciodant tnaiigula X C K, S C B 
vqitiilia. NamxqualiaparanelbgrainaialDFQGAHC 
( ob K L, BE, iQ D ^A faiibaas ) ruat eorum dimidiar 

Ccro//. 3 . Ob sequalia triangula £ C B| LK Q & «n* 7« 
guloBi ad C comBiunefn) vel asqqakm; Brir 

X. LC:C£::CB:CK. Et compoiieq^ vd ^ 
YJdendo. ^ ^ ^ 

■ fLC±CB> cp. fCB±CK7.-,«. 

^i LE X>^"1 BK rr^ 

Coro/A 4. Si contifi^ntes ( fi opus prQlhiAae ) ceit* 7« 
einrans in O; addita vd.doiiipto comitmni ^aqo 
C E O K, aqualia ctiani enint trianguk OKB/OL E^ 
& aogulus ad O cominunis vel aequalis; Idiodue 

I. BO:OEr:LO:OK; undecoiiip.v«ldiv. 

CBOiOE^ C0E% fLO±QK> COK^ 

C BE i C305 ^ LK 3 CLo3 

£t dimidiatis antecedencibus, erit 
3. BA:OEvelBO::tD:OKvelL^ 
EtcNvidendo * 

Pfop. XXIX. Tlieor.,XXVlII. 

Si reS4 L T I^^hkm mT tontm^ uimis ^nh^ 8. p. 
ptoto occurrat tnl^ abL vero Jucatur reStja LQ^^ 
q^e feSHmi^ velfiSlmiim oppofitts , occurrat in . 
Ju$bui puuBis 0» Vf Etd ^uu&isQ^Tj P» tAicanr^ 
tur reff^OQ, TV^^R^mptot» CLm fua cfk 
.punSum L paralkiey oittft awmptoto C M (^ «/^ 

. pr^uSay occmrfntesx in, Q^VtR ; Sipun&a O, P 
^ W eanJenl^eBimim^ RsHarunt O Q» P R fum- 
m^r. Sin ad^oppofitas^ esm^km ^kffisrenfuty^fuaUs 
mduPkT^. ^ ^ 

Ffpjju^hp 



' VnioStt 6 bpu& L T, L O P oocurrant afymptoto 
V R io A, M, & ab utroyis O; P, (ex. gr. O) dacatur 
OB parallda VC, occurrens LC in B. 

ObtrianguIaMPR, 0LBfimiIia,&MP = OL, 
critPR = LB.EftqucBC=OQ,undeCL = OQ± 
PR = (obATr=TL)xTV. 

CortJi. I. Hinc fi pet ideoi pandum L Aicantur 
qaotlioet L O P, erit duarum quarumvis O Q, P R. ab 
ejufilem redte LOP punftis du^rum fumma» vet 
difi&rencia^ duarum O Q, P R ab alterius cojurvis re- 
£bs LOP pun^ duaariim fummae . vel difterentiaer ae- 
qiuilis, Nempe ubique aequalis dnplse T V. 
19« C^off. 2. Si Re^ per L fit alteri afymptftcon paral«^ 
lela, inunico pun£lo O (edlioni occurret ; Eritque, in 
hoGcafu^ iblaOQ = 2TV. NamOQ = CL=i 
2 T V* Unde in Coroilario prsBcedenti eadem eft ra- 
tio folius hujufmodi O Q, quae duarum aliarum O Q^. 
P R fumma^ vel diflSsrentife 



XT* II. 



Prop.XXX. Probl.IL 

2)a/^ reH^ Bnea^ D E^ adfsSHonem juafHvis conkmn^ 
*i* H^ veladfeSftmes opfiGfitas uirinjue in D,E terminaUej 
€Hametrum invenire ; Ei cenirwn in Hyperboh vel 
ofp.feSt.i^ EUipfu 

* • • * « 

Ducatur quaelibet H I ipfi D E parallela , feflioni» 
vel (eftioni oppofitx, vd fe^niousoppofitis utrin- 
que in H^ I, occurrens. Bifecentur D E^ H I in F, G ; 
£rit connexa F G re£be D E diameter, per CwoU. lo* 
prop.2o. 

Invent4 hoc modo qo&Iibet diametro eDipfeos, yel 
determiaacft hyperbolae, hxc produ^ occurrai fe^o- 
ni vel le£tionibus oppofitisin A, B. Bifecetur A B in 
C ; Eric C centrum per prop.2i. Vel inventis hoc modo 
duabus qoibufvis diamecns, Hae (per eandem prop^ 
22. ) in .'Centro {c interfecant. Pofteriori methodo, 
dar^ ucriufvis ^ (eftionibus oppoficis, vei Ellipfeos 
aliatt^ tancum porcione, centrum invtnitur. 

Prop. 
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Prop. XXXI. ProU- III. 

Jatojeffianis punffo D, adJaiam Mametrumk^^^ ^g* 
Jn€ere erdinatam l>0\ Et thametrum buicconjt^a* '* 
• tam inHyperbola velfeSt. opp:^ EJUipfi. 

In HyperboIS, inter SeAiones^oppofitaSi & inEI-iJT*!^» 
lipfi, Invento centro C, connexa^D C & prodadla oc- X7« 
curret feAioni| vel iedioni oppofitae in E ; Per E du^ 
6b E F parallela A B occurrec icAioni,^ vel ieftioni 
oppofitas in F,vel fon^ icdlionen), vel ie&ionem oppofi- 
tan)in,£ continget tantiini. Si occurcat in F, con« 
cexa D F occurret diametro A B in. O ; Eritque D O 
ordinata quoefita. Nam D C = C £ unde ob parallelas 
x^Sm erit DO = OF. Liquet ergo propofitumper { 
CoroU. 2m prop- 12. 

Si refta per E diametro A B parallela fit contingenS| SnffU fp^ 
crit ipia D E ordinata quacfita. Nam ( per Cbro//. i. ^^J^"^ 
propi 22.) erit in hoc cafii re^ E F parallela ordina- 
tis addiametrum DCE| unde (ptrprop. 25. &deil 
(eq.) E C Dy B C A funt diametri conjugatae, ideoque 
(per ejuidem prop. 22« CbrolL 2.) ad fe mutuo ordina^ 
tas. Inventi vero qu&libct ordinatl, xeBtz per centrum 
huic parallela eritdiameter huic conjugata. 

In Parabol^ Dudi utcunque D A diamctrum A B i8« 
in A fecante ; in D A produ£ld, fiat A E = D A ; Du&a 
yero £ F ipfi A B parallela occurret iedioni in P, 
junfl^que F D occurret A B in Oj Eritque D O ordi- 
nata quadita. Nam ob re^s parallelas, & ob D A — 
AE^ erit AO==:OF; unde liquet propofitum per 
QroB. 13. prop. 20» 

Prop. XXXII. ProbI.IV. 

In omni feSione conici reffam DT ^incere^ fwcfe^tp^ 20. 
ffioftemindatop$$nffol>contingat. 2.1. 

Xn 
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ip. zo« V In Hyperbola & EOipfi, Invento centro Q du£liqae 

diamecro p C, fiat iuS hftnii ofdinatat quaelibet A O ; 

deiqde per D dud^ re&ii D T parallel& A 0| Propo- 

. 6X0 &ti8fit* Pattit per Car^Hi. prop. 20* 

^i^ ; ; In PartboWJavfintd ^uMibet diameiroBQ per D 

V agatur DE ipfi BC pariiHeb^'c)ox*propterea eric dia- 

meter ; Ad hanc? fiat ^uslibet drdiaau hO, & per D 

ducatur D T ipfi A O parallela ; Haec (per idem Orpl/' 

. i*) iedlionen in D cominget 

Prop.XXXlILPrDliLV, 



I]lveiil& quUabet diametro dcteMiinati C B^ & 
tto C^ dttcatiir tttconque F G parlallela CB, uoam ft* 
^ronum in G fecans atque huic oppoficaffi i» F [ vcl 
fi iiofl detur foBao oppditft, daA& diatueo^ CM ipfi 
C B conjugat^» iccante G F in M, fiat MF sc MG] 
Biametf Oque F G deiaribtnir femicircolus ^ P QO ; 
Ere^aque t^unque ad F G peTj^ndiculari N O^ a&> 
qjuali lenMdiametro C B^ per O ^atu# P O Q^ipff F G 
parallela» iecans! ckctiU periphenant m P^ Q^ punftis ; 
Ab bifr^ difliiffis^ td diametrnm FG perpefidiciilsiribos 
QR, P S, ttnnimmt^ G R^ C S atfymptoci. 

Naoi CB9» ( <& Goiiftnia. )M O q= (obpafriUO 
QRqzs: (pre{)iefci»:.)6RxRF; Unde fperdr^ 
4. prop^f 16.) erit punAum R ad ilteram afymptecoo. 
Parique xauone tdi poadltinf S ad akevatd. 

i»rop. XXXiV. PlrobL Vr. 

23.24. In omni feStime cmici^ 7)ata Jiatnetri AB Tarame^ 
trum invenitt. 

lo Hyperbol4, r^ E BDi* ver«ice BcMtii]gc&s& 
. . ad afymptotos in E> D islrttiinata^ aBqmdit cfi^ (pcr def } 

fecund» 
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iecuiictx diametro ipG A B conjugata?. In EUipG diftr 
ineter E D diametro A B conjugata, & ad {cqtioncm 
in E) D terminata^ e(l (ecunda diameter. Invei^t^ ergo 
in Hyperbola & EllipG hujufmodi redd ^ P , bac 
ipfis A B : E D tertia proportiooalis L R ; Hxc ( per 
deC) erit ipfius A B parameter. 

In ParabolS, Ordinatd ad diametrum AB quivis 2f. 
re6l4 G I, Ipfis A I, l G, fiat tertia proportionajis L R ; 
Erit L R ( per def. ) diametri A B parameter* 

2)ff Duae /ediones Conicas fe jnutub taup;ere di- atf. 
cuntur, Si in communi pundo B eadem recta AB 
ucramque fedionem contingat. 

Prop. XXXV- Theor. X^IX. 

/h feSionis cujujvis cwiica velJeSHonum oppofitarum^ 27. 28. 
quatmr quihufvis punHis A , B , C, D , concurrant qua*- ^p. 
tmr reSta injinfta A P, A C, B D, C D, fcHcet in 
unopioque dua ; Ter qujintum verh qmdws feSHo^ 
nis vetutriu/vis fe3. opp pun&um E tranjeant du^ 
reSia infinita £N,^EH, priorum /fyobus fuibtijvis 
A B, A C or aUfuo fmtmr punfforfm A concurrefiii- 
hus rejpe^ive paaralleU^ q^axum •£ N occurrat A C 
inQyD^ inli\E\lvfrooccyirrat iiYi inVi^Cb 
inH. . 

His pojifjis \ Si^ mane^ihua punffis A, B, C, D^pun^ 
^f^na % ^um reSlis E N^ E Hpriarem par^UfbJmum 
Jfervantibus, per totam feSiimem vel JeB. opf. f^c- 
Hve tr$nsferri inteUigatibar^ Erunt in omni ejuf^ 
punm ^ fttu reffang^la ERxEH,ENxEQ^ 
ad invicem in eadem ratione, 

j4M?nttbus vero punffis A, B, C, (^ E , puniioque 
D{ioc ejl reffarum B D, C D interjeffione) per t(h 
tam JeSiouem velfeB, opp, tranJlatOy Eruns tn omni 
ejus fitupartes E H, E N adinvicem in eadem ratime. 

Per D & utrumvis C, B, ex* gr. B, agantur re^lae 
FD(7,:B 9^/ ipfi AC parallels, quarum ad occurrat 

F denu6 
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denub ledlioni, vel fe6l. opp. in^, tcQ,x vcro EN in 
», & FDG occurrat fedlioni, vel feft. opp. in F, & 
reftac AB in G; connexaque C J occurrat DG in S, 
E H in ^. 

Porrb re£la HER occurrat denuo {^£lioni, vel 
fhSt. opp.inT; dudUque reftarum AQB^diametro 
M fC, ( bifecante fcilicet A C, B ^, in M, K, ) bifecabit 
haec tam D F, T E, ad feftionem, vei (eit. opp. quim 
S G, /6 R ad reiSas A B, G </ terminatas ; unde S D =s 
FG, &/6T = ER; Idcmque confequerur, li forte rc* 
dlarum DG, E H una vel utraque fit contingens. 

Ob fim. triang. & redlas parallela^ eric 
H>6:SD::)6C:SC::AR:AG, undc 

H^:^gQ}::SD:AG- Rurfus 



B» 
E 



^V : N« : : D G : G B. Erg5 duftis &c. 



ERxHi6:N«xEQ::-{pQjj|Q]^:GBxAG::(per 

fro,.„.&,».){^^} : {1^2} ^.con,p^vd 

div. pro vario Ctu punftorum H, i6 ; N, », crit 
ERxH/JlERxES^ rN^xEQ+EwxEQ^ 

ERxE>6±ERxH/6>:<E«xEQ±N«xEQ>::ERxE^ 

ERxEH 3 i EQxEN 3 
:EQxE»:: (priiis) DGxFG:GBxAG. 

At manentibus punais A, B, C, D, ratio D G x F G, 
:GB xAG ( puncto E utcunque (ituim mutante) tna- 
net eadem, ergo & ratio ERxEH:EQxEN. 

2.0bERxEH:EQxEN::ERxEi6:EQxE», 

^ crit EH:EN::E^:E«; Mancntibus vero pundlis 

A, B, C, & E, (pundti D fitu utcunquc mutato) manct 

■ lempcr ratio EiiEn, proind^que & E H : E N eadem. 

30. Si pun^lum A pun£h) B vcl C coincidat, hoc eft, fi 

utravis A C vcl A B, ex^ gr* A B, fit contingcns, iaci- 

det pun£tum 4^in C, & JG hoc cft S^^ evadet con- 

tingens, rcftsequc JB vcl A C diamctcr per coritiogen- 

tiumS^^^ G A R occurfum tranfibit, velcrit iis pa- 

ral|eia, 
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rallela , & bjfecatit S Q,^ R ; D F, T E, ut pxius ; 
Kritque demonitratio omnino eadem. 

Si pundum D pun£l;o C vel B coincidat, hoccRySuppie f^. 
C DH ex.gr. fic . contingens, Quod in alio quovis *"*-''" *''*-^'^* 
fitu pundi Dy ex utr^aue pundli C vel B parte, ob- 
tinere oltendimus, in hoc intermedio obtinebit. 

Si A, C & B, D) vel A,B & C, D fimul coincidant, 31. 
hoceit, fi utraquc A B, CD ex^gr* fit contingens, in '^J^^''^^'"' 
ta(9;us conjungentem coalefcent AC , B D, B^; & coin- ^**' * 
cidentibus pundlis Q,N,«, & H,A, fit EQ = EN 
= E«, & EH = E^; Hoc eft, manente utroquc 
contadtu, erit ratio £Rx£H:'ENqin quovis fitu 
puQ&i E eadera, Et ratio EH, EN, (mancnte E) 
cadem quae in alio quovis fitu pundli D viz. E /6 : Exr. 

Si pundtum D infinit^ diftet, hoc eft, fiBD,CD S^* ! 
jGnt utnvis afymptoto hyperbolae [vel ftft. oppOparal- 
leke, vel Parabobe diametri, utraque pars propofitionis 
etiamnum valebit ; Et fi pun£lum A infinit^ diftet,hoc 
eft, fi BA,CA, adeoque EN, EH fint hyperbolae 3J. 
afymptoto parallek , vel parabolss diametri, abibunt 
punaa Q, R in infinitum, & coaleicent re£tae E N,E H ; 
jErit vero ratio E H : E N in quovis fitu pun6ti D ea- 
dem., Nam quod ih quibufvis ex utr^que parte, adeo- 
que in infinite vicinis re6);arum B D, C D vel B A, C A, 
poGtionibus obtiqere oftendimus, in hiice intermediis 
( nec diverfis ) obtinebit. 

CoroS, I. Pofitis ut prius, Si, connex4 B C fecante 34* 
EHin ^,fiat EH : E/6 : : EN : E», ( pundlo «^^;^^;;;^"^"» 
iuinpto ad eafdem partes pan£li E refpeclu pun6li N, 
ad qqas jacet i relpe^lu H,) & conne£btur B n^ ea* 
dem fe^iooem in B continger. Nam accedente pun^o 
D ad B; re£la D B evadet contingens, accedetque fimul 
punSbum H ad ^ , adeoque ( ob rationem E H : E N 
gonftantem ) N ad » ; hoc ett, erit B n contingens. 

CoroIL %. PoGtis qux priiis, fi in redlis E N, E H fu- ^^. 
mantur pundta n, i ad eafdem pun£ti E partes ad quas?r« •mnHuf 
jaccnt N,H refpeaivfe, ita ui fit EN : EH : :E»'*^*'" 
: E /6, Connexx BftyCA fefe mutub in ip(a fe£lione in- 

F 2 terfecabunt, 
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terfecabnnt» tut faltem eriint alterutri aiympiCotAii 
hyperbolap i aat pttrabolse diametris paraUehe. Sit 
ifcarum occarfos ( fi tnodb aliqbb ) ^, fitqtte aheruttins 
^x^r. C 6, cum feftioiie occtirfus ( fi modb occurrat ) 
^,&conbe6)atitr J^fi; Haec(propter rationem EH :EM 
conflantem) non alibi qu^m id n (ecabit E N^ ideoqne 
tidn erunt pun^ ^, ^ ab invicem diverfa. Sin C A 
le£lioni TCi Tt^. opp. non ampliils occurrat; hoe eft^ 
fi fit hy perboiae iifymptoto vel pai-abolx diametris pa« 
iraltela , nuic paraDela ex B ( per hanc prop.) non ali^ 
bi qU^m in<r ietabit EN, boc efl: erit Bn pariter 
ifymptoto hypetb. vel pslrab. diametris parallela. 
96, Oroff. j. Sint punaa quinque B^d, D, /^, E ad fi^ 
Su^te reU- ^lionetn cohicitti vel ad fediones oppofitas ; Si p^r B 
^mi ^us. ix.gr. tranfeat rcfta E N », occurrens connexifi B D, 
B A m N, ^; & alia E H i( occurrens connexis C D, CiSk 
in IH, b refpcdlivi , ita Ut fit E H : E N : : E A: E « ; 
agantur verb C A, B A ipiis E H, E N refpeaivft pa- 
rallelx; Hae adt tibi nlutu6 occurrent in ipia (eftione 

tvel unl fe£l. Of^p.] vel faltem ( in unam coaleicenti^ 
us redlis EN»EH)crunt uni afymptotdn hyper- 
bol^ vel p|rabola( diametris parallelar. Sit e^rdm oi> 
curfus, (ii modb dlitiuis) A^ occurrat vero BA lc- 
<£)ioni, Vel fe£l. dpd. aenu6 ( fi mod6 occurrat ) in a^ 
connetique C 4, ducatur E L parallela C a^ occurrens 
C D, C^ in L, / refpedlivi ; Etitque ( ex hlc prcip. ) 
EN: E«::EL:E/::(eiehyp.)EH:EA,anodficn 
' non poteft ( proptfer C D, C /^ non parallelas ) nifire- 

£lss E H, E L, hoc efi;, punda H, L ; ^ /, coidcidant ; 
adeoque ipfis E H, E L parallela; t^&at C A, C4r, hoc 
efli/pun^la A, tf. 
37. Si B A fit afymptdto , vel parabolae diaibetris pa* 
^JJJ^^J^^^I^ra^lcla, ut non amplifis occurrat ftdtioni, dudlis C it, 
' E L eidem parallelis , oftendetur codem modo E H, 
EL fibi invicem, & redte EN» coincidere, adeoque 
& C A, C<i, hoc eft B A, C4 efle afymptoto, vel parab.. 
diam. paralJelas. 
f^fw' ^'' Si cx D, A unum ve! utrurtique infiniti diftet , vcl 

coiqcidentibus 
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cofiKideiitibui C, t), vel 6, ^^ %D nl Bi^^ ex t^&a 
eoHnefleniibus unft Vi^ Am fint €(mi»ii^OQ^ Efldeoi 
prorfus eft demonflratio. 

Cat0ff. 4. Pofitis ^aae in Otfff. ^. Gim pm&nm^'^ '^ 
A (modo ififinitif tidd diiiet) fic fettiper ad ii^iienii^'^'^' 
Incideme A in B, msinifcftQm efl; fbre A ]l Mtittflgeii^ 
teat. Idem iiltellfge d6 A C^ incident^ A iti C* 

C^dlf. f. Seftio coilia [rel fkSL opp.] SdStkm och jf. 

quiim quatuor, nin in totuni ediigruat; Qnotiei ^a«'^* 
tetn unius hyperbok [ vel &A. dpo.] afymptoeoi fiie^ 
jrit alterius afymptoto , ttl parabolae diametrisr paral^ ^ 
leU, aat duarum* parabolaruiii (eoflmunes fuerfdc H^ 
ibetri, id pTo commum f infinitfe feilioet diftaott) 
pun&o cenfebitur, fediouutD vero qailibet ccnta^s 
pro duobus pun^is. Natn fi diieerii efie quinqoe 
communia puuSa A^ B^ C, D5 E ; Cemnexis A B^ A C ; 
B D; C D, duaifque E N, E H ( ut priusO fufiiptoqtie 
itl utr&vis fe^ioiie pundo quovis a^ & (9ti'ndi& B a 
(ecante E N itt 19, & C a f%ate E H in^^^ erit (ex 
h&c prop«) EN:EH::E^:£^; uude (per ro^/. %.) 
puiiaum /^ • erit pariter ad alteram iediouem* Bt fic 
ubiqu^ 

EAdtm dl defttoufbatio in ctet^ris cafibui, fi pro^«<^*<^ 
iiifiniti diftMte punao dueantur BA^CA^ velBIX'^'^' 
C D arymptotii/ v^l parabolarum diametriSi vet utrif^ 
^e (prout cafus fuerit) piiraHela: ; pto conta^u vero 
condpia^ duorum occurfuutu punAa A & B^ five A .& 
C, vei B 6c D, five C & D, io unum eoke infi vdO» 
t& k comniu^i itdft contittgente connofti, catteraque 
fjuxta praecedetttia ) fieri perinde ac fi quinque eflent 
Oiverfii pnnaa. 

Quamvis hxc demonflratio loianifefle reqnirat, ttt 
pUttttuni E (ratiooe muneri» fui) ilec alii tuivis puo£lo 
coiftddtit. nec infinit^ difietj utoon dire&i «xtettd^ 
tur ad cafuoi ttbi fortfe dixeris Doos efle contaAus, & 
unum praeterea occurfum fed infinite diftantem ; Ni- 
hilomintlis in hoc etiam cafii vaiet coroUariom.. Naoi 
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quod de daoboscotttadlibos & oocorfa qf^aantomvis los- 

loquo ofknfbm dk , in hujufinodi occurfu infiaite 

liflante pariter obtinebit. 

Or^. 6. Pe doarofl] (efliononi conta£libu8 in co- 

' roUario pr^cedenti oftenfa de.duabos hypecbolis [vel 

iddi. oppoGcis} onam vel otraaiqoe afym^toton cooi- 

monem habentibos, pariter inteUigenda iunt. Nam 

qoemadmodom reda copjungiens duo pun6la ( eorum 

— • uno in tnfiBitum abeunte. } e vadit parabolx diameter, 
vel hyperbolae afymptoto<. parallela ; proindeque hu- 
jufinodi re^krura parajlelifmus iimplicioccuruiiaequi- 
pollety tit ex fupradiiiis nianifeftum efl; ita re6U 
utratpque.feflionem. contingens, hujufmodi ta£lu in 
inGnitom s^unte, fit comtnqnis afymptotos ; £t qux 
de contaAu quantumvis longinquo vera funt^ de com* 
moni aiymptoto paricer vera erunc 

38. .CorcH.'*^* Etiam fi duse Parabohe habeant commu- 
iies diametros, & duo prxterea communia pundla A,B| 
ad aliud pun^um fibi mutub non occurrent, nifi in 
totum copgruant Idenil^inteUige de qno pun£toqui 
iit contadus. Nam fi dicas aliud effe cpmmune pun- 
£lum C, connex^ A B, du£l4que buic parallel^ C £ ^ fe- 
cante unam fedionem in E, aheram in Cy Si.bife£ti 
- A B in H) ducatur H I cptiimunibus diametris parallelai 
Erit haec (per corolL i5. prop. 20.) utriufque fedionis 
dtamete;r> & bifecabit um CE,quamC^ inl; unde 
coincident E> f ; Eruntque adeb prxter communes dia- 
metros quatuor communia punoa.. Simili modo (fi 
concipfa$ A, B concidere^ &.^ communi re£i;& contm- 
gente A B cpnnefti, & diametrum H I per conta6lum 
duci ) ofiendetur in fecundo cafg, praeter communes 
diametros, tria efle communia punaa quorum unum 
efl cpnta4t|s. 

Si in pripre cafu diameter re^be A B tranfit per C, 
mi reSta.per .C parallela ABcommunis cpntingens, 
eruntque in hoc cafu , p rdeter communes diametros » 
tria communia punfta quoriim unum eft contadus, Pa- 
tet ergo ubique per coroil, y. 

CoroV. 
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Cordll, 8. Parabola parabolaa] , coi ia totum noa 
congruir, in dnobus pun3;is non tangic. Nam re£la ^. 
coone^lens communium redarum concingentium oc- 
curfum, & medium tadns conjungentis pundum eflct 
commcinis utriufque fedionis diameter : Unde patec 
per CGToll. 7. 

Prop. XXXVi- Theor. XXX. 

Si per qttHtmr punSta feBionts conica [veJfeSf. opp!^ A, jp^ 
B, C, p ducantur" fuatuor reffit' A ^^ A C, B.D, D C,^ •mmkm 
eoJetn modo quo in propofitione pracedenti^ Es k^^* 
quovis alio jeaionis pun£io B, agantur qtiatiior reSfa 
£ L, E K, £ O» E M adpriores quatuor in L, K, O, M^ 
refpeffive terminata , {^ a4 eajdem quomodocunquc 
inclinata ; Item ab aUo fuovis feStonis punSto e, 
agantur juatuor aUa e 1, e Jk, e o, e m, ad eafdem re- 
Gtas cum priorihus refpeSlive terminata^priorihufqtie 
refpeSiive paraUele \ Erunt reStangula E L x £ M, 
e 1 X e m , fub reSiis JciHcet ad duas A B,, C D in uno 
aiiqiM quatuor punfforum ngn conccurrentes termina" 
tisy ad invicemj . ut reRangula E K x £ O, e k x e o 
' Jub reffis ad reUquas duas A G, B D terminatis. . 

PerE, ^ a^lis EQUyefh; ERH,^ri, doabus 
AB, AC, ineodem pun£lo A concurrcncibiis, tefper 
Aiwh parallelis ; quarum -E QN, e f n^ occurrant A C : 
in Q, q ; BD in N, « ; E RH, ^r/6 occurraat AB in 
R^ r ;^ C D in H, ^ ; Eric ob Om. triang. 

ER:^r::ELr^/, & : . 

^EH:^i6::EM:^^, duftifque i&c. 
1. ERxEH:^rx^i6::ELxEM:tf/xtfi». 
Rurfus,EQj^^::EK:4?i, & 

EN:m::EO:d'0tduftifqiie&d^' 
2..£Qj(£isr:^^x^» :: £Kx£0:^/ix^tf. 

Sed ( per prop. praeced. ) eft 

ERxEH:^rxtf^::EQxEN:^fx<f»; 

Ergo per proporL i & 2, 
ELxEM:^/x^«i:: EKxEO: elxtf^. 

Si 



^^^ €mi\\m ^xxohm punfiis ) £it ppouog^^ns, vel G. 3 w 
^iiqw 6»t €0i9»«ge»iLC^i ^ (duae rieliqp^ 19 U(5lu$ con- 
jUi^t^^^Qi coaikii:^iH4 . v4 k ^uaiuor ppnftis .unuQ 
i»&lit^ difte; ; ia iis nfi«p^ caiibus in quibus obiinet 
propoficionis praecedentis pars prior^ unde haec pctod^ 
manet eadem demonfiratio. Qii^e eciam fi re6Urum 
EL, EK &jc, el^^k 2pc. aliqiix vel omnes in dire- 
^um jacent» (pu^dlorum coincidensium ratione habk4) 
npa proinde immutabicur. 
if^h$t Eaam^ fi in byperboH [ vel feft. opp. ] cx quatuor 
^*^' punflis 9 uno fecundum uiiius afympcjpcr direaionem 
iafioit8.dil^ante, alrad adhuc (quod priori non coone- 
xum iutdlige ) feci^ndum alcenus afympix^i dire6tio- 
nem infinitfe ^mcx; vel fi eonne^ens dno alic]ua (co- 
cuntibus ^pqn^tis, & fimul in infinicum abeuntifaus) fiac 
afymptotos, duobus reiiquis (fivt coeant^ five non) 
fiditi^ difbimiisus ; l^^ihrlominus in his, perindc ac in 
prioribust cafibus valebit propoficio. Nam quod in 
norum punfitorum ficu quancumyis longin^uo obtinet^ 
in infinit^ djIUace ficu Daater pbcinebit. 

40. Ct^^off, f i guatuor Xf^arum dux aliquae iu uno qoa- 
JjJ^^^tuor pundlOrunii non concurremes, ^x. ^. CD, AB, 
^^' dCQooirniot in Z, & t^i^w dcue C A, i^ P in y;» & 

«e&e oamc& £ L» E K,i&c. eJ, €i&f.in d vciStutp j«- 
i»nccsffi«M)ttBa^aaP^^qu«;etiswip^rX,y tr^ftfwt.; 
ierit:E X : e^sf. EYiyC K. iNaqi m !hoc caCu xo woidiWt 
X, L^ i,M^m\ ufti ictiam Y, K,i, QyO ; Unde 
^LxEM^ . fif/x^»s3 ,. tEKxE07 . jeixeo 
EXq r-I.^XqJ^-'! £Yq f ' X eY q; 
idcoquc :£ X :^ X : : E Y :e Y. 

41. Idem erit, fi, cocunjibus :pun<ffis.«Af.^r. il^, 6,&CX>^ 
^^r^T^*^ AB,CDiiaflt cootingcntta, &:rQliqiia5.A C, B D 

in ta6tus CQOJungeotero coalefoant, rcdtaqpe ¥,e per 
contingentium ocourfpm X o;aqfieqs fecet ta£lus con- 
jungentem in Y. Siqoidem jn Jioc quoque.oifu coin- 
cidunt punda X, L,/,M, w, & Y,K,i^ 0, 0. 
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Defimtiones. 

SI ne£U A D iu dividttdr ia' B^ Q nl fic totx A D t* 
ad utraiDvis partemjextremani C D^ 6t reliqim ex- * 
trema AB ad mediam^ BC^ Rq£U AD Tlarmo^ 
nice Jwifa dicitnr. 

Kt PunOa A^ B^ C^ D . 4jcantur ^unSa ^i^is 
Hanmmca^ Vel Harmanicalia* 

Cm^. I. Ob A D: DC : : AS : B C Erk «Itetntoda 
AD:AB::DC:BC 

Corott. X. Utravis cxtroiKirum A B^ vel C'D eft major 
medi^BC nam ADc-CDj, vel AB. 

C(ir(^ll i^ Datis divifidniis narmonicae dmbm eitre- % 
mis pun£tis £, H, & medioruin uno P^ invenietur zU 
terum G. Nempe dividendo F H in G in ratione £ H 
ad EF ; Vel EF in G in ratione E H ad H F. 

CmU.^^ Skit E^Fy6y.H pon^a^ divifionis harmo- ^, 
nicse, fitque IF utriulvis extremae pariis £? exceffus 
fupra mediam FG; Proptcr EP : F(j : :£M : GH 
crit divid 

Coroll f. Unde, datb ditiGonis barmonicse mediis 3. 
'pud^i^ FG^ & eittTcmorliittf ufnd E, in^veditilr altorum 
H. Pafta neitip^: EI=iFG; Dtind^^ faciendo iF : 
FG::EG:GH. 

CoToll 6, In caftt C(?r0//. ^^ liquet duo tantiim pun£la 
propoQto' ifattsraCere ; ex' tttr&qae fcilicet part^ pun£ti 
F unum; In cafu Cbro//. ^tmiicuilK 

Coroih ^. Poftis ut \xiCM 4^ Ciwtt fit f F : F G : : 5- 4« :^' 
EG : HG ; quo miilc^ dl IF i^|>fedtoh I^ G, <0 minor 6. 

\G crit 
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critEG refpcau HG: fi itaque fitEF = FG, hoc 
eft, fi I ^ nullius , fit magnitudinis, ent H G iniinita. 
Si fic E G finita, H G vero inHnita , erit . I F nullius 
magnitudinis; hoceit, eritEF:±:FG. CujWreioc- 
current exempla in fequentibus. 

Lemma r. 

7, BeBi A D Harmmke Suisa in B, C, 6* utrivis ex- 
tremiparte AB Jmulcum mAi BQ le. kQ hi- 
feai m M j Dtco 

M6:MC:MD-7f 

Produdli D A, fiac A ^= C D ; 

' 1. Exhyp. AB!BC:<AD;DC 

Et (Jimidiads antecedentibus. 

3. MC:BC::MD:DC; 

Lemma 2. 

y /ifdempq/itis,l>icobC:BD:;BM:BA.- 

Naoi ex 3. proport. fupr^, 

BC : D C : : MC : M D, & per 4«» proport. 
MB:MC::MC:MD unde 

B C: DC ; : M j^ : «T JJ J}« Et corop. 
S. BC;{BC + DC|,^j^B:{MB + MA 

Lemma 3. 

7, /i/dm pojitis^ Dico D C : D B : : D M : D A. 
Nam ex 3. proport. fupra, 

MD : MC : : D C : BQ & ex t*. proport 
DC:BC::AD:AB; Undc 

6 MD 
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6. MD:MC::AD: AB, Etdivid. 

7. Undealtern.CD:BD::MD: AD. 

Lemma 4. 

/ifJempo/tth,2)icoDC:DB::AM;hB. 7. 

Nam ex y. proport. ^ 

BD:BC::Bir:MB. Etdiv. 

Lemma j*. 

/{/i5riw^//i,2)/bAD:BD:: AM:Ba ^. 

Nam ex proporc. i. 

B A : A D : : B C: D C. & ex proport. 8. 
BA:BD::AM:DC. Unde 
AD:BD::AM:BC. 
2)ef. In re6lft quavis A D G per divifionis harmonicae S. p. 
pun6la A,B,C,D agahtur quatuor rtSix A E, B E^ C E, 
D E in pun&o quovis E extra re^am A D concurren- 
tes, vtl inter fe parallelx ; Exdem Harmtmicaks ap- 
pellentur. 

Cwoll. Re^a quse vis ipG A D parallela harmoni- 
calibus in 4, b^ Cy d occurrens barmonic^ dividitur. 
Nam (ob parallelas re£las) (ecatur in eadem ratione 
qua A D. 

Lemmad. 

lifJem pofitis^ Jit reSta quavis F H cuivis harmmi^ 10. zi 
caJium E D t^^/ E C paralkla^rihus reUquis murrens 
in F,G, H, 2)icoFGf bifeaam in G. 

Per G du6l4 I K G L ipfi A D parallellli fimilia fnnt 
triang. IK E, GKF, & I LE, GLH. Pcr Coroff. ad 
^praeced. def. I L : L G : : I K : K G : : (per fim. triang.) 

|IE:FG::IE:GH. UndeFG^GH. 

'I G ^ \ Lemm;i 
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haom 7> 

II. & cottverfim , j?*?; ^uiw F C H hfeSi m G, fy 
per qmdwspmBum E extra reBam F H aStis reffis 
rE,GE,HE,6'ED/ie/ff FHpara/Uli, '/}ic9 
ycffas F E, G E, H E, D E, <;^ ffarmotticaies. 

Per G; dtto«ttir K Q L I occurrens quacMor rt&a in 
K, G, L^ I, quod fieri poife manifettiun eft ; Eruot (ob 
FH li ED) (ioiilia tri«if|uU JKE,GKF, uti & 

ILEjGJ^^undc 

; IEjGH::IL:LOrEt 

IE:^^^J-::IK:KG; Ergoexacquo 

IL:LG::IK:KG. 
Hoc^, puada K, G,L,I funt harmonicaUa *, & 
te&x F E, G E, H E, D E harinonicales, 

Lemma 3* 

r J. Si fmfuor harmonicaks a reSf^ fuivis utcunque fean" 
fwrinpunSfis K,G,L, I, 7)ico reffam KI harmO' 
nice dtoidt. 

Si r^^ bartnonicales concurrant in E, ramptis duo- 
bus quibufvis alcernis punftisl, G, per altermD G du- 
catur H 6 F hartnonicali I El,qu?e per alteruoi I tranfit, 
paralkiai tribus reliquisoccurreas in H|(j, F; Erit 
(per leniTO 6^ F G = G H, & triangula IKE, OKF, 
pt) ^ I L E,G L H (imilia ; Unde 

IE:GH:rlL:La^Et 

JE ^Q H V : : I K : K G ; Ergo cx asquo. 

IL,iLGj:lK:KG. 
Si harrponicales (int parallelx, r^ per fe manife- 
ilaed 

Lcrop)^ jr. 
r4. r f . ^^ ^^^ ^^< A B C Dr A F G H iarmoniei divif^ ha* 
liJr ^Cf /^^"^9/ f^odfibft iS^^fimm fm^itm A ^mmunoy ca- 

t^aquff 
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t^rujue ^vtfionum ^unSa rtSis B F, C G, D M &riu 
natim conjungantury i. e. primum-uniuj cum prim§ 
aluriusj fetunJum cumfecmuio^ Urtimm cum SerSio ; 
d cpmmuni fciicet punBo verfrn utrumvis extremum 
progrediendOi fy per aUerum extremum {Ji opus) re- 
^leundo \ velj quod idem eji^ Jecundum unius cum fe» 
cundo alterius conjungatUTy c^etera pro Uhiiu ; Dico 
reStas B F, C G, D H vel eoire omnes in communi 
funfio E, velejje omnes interfeparallelas. 

Primb fi earum binae craaelibet ex. ffr. HD, CGi4«i^' 
coeantiii£. JundaBE tec(t AFGH ial, aoc (fii^i/* 
fiori potefi) fit ei parallela, & conn^&tar A £ : Si ^S* ^P- 
B E &cet A F G H in I, ob divifionem haroxmicam 
cront E A, ErBl, ECG, EDH hannonicales , & 
poni^ A, I, G, H hannlpnicalia, nti etiam ex hypo- 
thcG fimt A, F, G, H ; fecundo vero unias re^ 
pun6lo cum iecui^do altej^im connexo , pun£b F, I 
iemper cadent ad d^aiHem ^tes refpei^ rdiquorum ; 
Nam fi pun&um Ffitmedium (fcilicet inter A, G,)i4.i)'. 
hoc manifefium eft, cum A G angulum A EG fubten- 16. 19. 
dar, quam dudaEBI dividit; coincident ergo pun- 
Aa 1, F, cdm ( per ccroU. 6. ad def harmon. div. ) in- 
ter A| G non fit aliud tnedium ab F diverfum. Sin. F 17. ti, 
extremum fiierit, idem nihilominiis eveniet ; non enim 
cadit I inter A, G medium, cum £ B extra angulum 
AEG cadat; cumque ex punflis A,G^H diio fint 
media Sc unum extremum^ non erunt (per idem coroU.6.) 
duoadhuc extrema I, F iic invicem diverfa^ Coioci* 
dunt ei^o I, F. /. ^. F B tranfit per E. 

Si EB dicaturparaUeb AFGH, erit AH = HG 
contra hypothefin. 

Siduae aliquse conjungentium GC, HD parallel^ao. 21. 
fint, Ob fimiha. triangula erit 

C A : A D : : G A : A H & comp. vel div. 

bann, ) <:3 : AB : :G F ; F A upde trianguk ABF, 

ACa 



ACG fimaia funt, hoc eft, BF, CG,DH panl- 

lclx- 

Si punda harmonicalia ali& lege cot^adg^nturi Du^ 
laltem conjungentium concurrent inter punfla con- 
nexa^daae vero non ; Unde non erit communis ommam 
concurfus. , 

Lemma lo. 

22. 13. Si reffa barmmici Jivifa ABCD^ ^ a£a hifariam 
24. 1 j^. i6vifa B F G, babeant' fw>dhbet dmjimum punStum 
z6. 27. commune B, (^ ifyo rebfua bifariam divifie punffa 
cum totidem alterius reciis A F, CG conjungantur^ 
fyper rejiduum barmonice divifa punBum D agatur 
LftlipfiBFG paraOe/a ; /ta tamen ut cum pun&um 
Bfuerit bifariam droifa extremum^ fecundum unius 
cum/ecundo a/terius conjttngatur^ fin B medium fue* 
rtt bifariam dmfa punSum^ punSium D per qwd 
paralleta reSa duciturjit a communi B fecundum\ 
Cctera pro libitu. 2)ico reSfas A F, CG, DH coire 
omnes in communi qmdampunRo E. 

r Ob reftarum, quarum pun£bi conjungontur» parces 

uDius quidem aequales, alcerius inxquales, liquec A F, 
C G concurrere. Porro manifeitum efl;^ A F, CG noh 
efle ipfi BFG paralteias, proindeque utramquehuic 
parallelx D H occurrere. 

Sit ergo ipTaruoi A F, C G occurfos E ; Per £ duSI 
EIpamlleiaBFGfecaateABGDinl^ QbBFGbi* 
fariam di vjlaro, & huic parallelam E I» ( connex^ EjB; ) 
erunc E B, E A, E C^ E I harmbnicales^ & pun£ta B, A, 
C» I harmonicalia, uci funt ex hypotheG B, A, C, D, 
unde oltendetur (ut in priore lemmate) pundla D,I 
coincidere, hoc e(V redtam D H tranfire per E. 

^r^/..Lemma hoc eft (propri^) praeeedentis cafus 
particularis;^ec pundia conjungendi lex Mc pofita 
ab illd diverfa eft ; ciim (per Vcro^. 7. ad def prxced.) 
^ivifip bifaria^ fit divifio harmonica» cujus punAum 
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unum, acl utramvis parteoii io infinitutD abit ; ideoque 
teSta, ab alterius redlas pundlo aliquo du£la bi&riai& di- 
viiae paraUela, pro pun^ conjungente habenda. 

Propofitio I. Theorema L 

Si feStionem faamvi t amicam^ velfeffimes oppofitas^ 28, 19. 
CMiif^ant binte re&a A D, kG ctmcmtentes in A; 30. lu 
perpmStjum verh concurs&s A agatur rcffa A L K 1, 33. 
/effioni, vel utriqae Jiffiofium oppojitarum occurrens 
in Lj I, ^ conjungenti taffur DG {in opp. Jeff. 
produffa) /nK; Tiico eimdem boTmonic^ diwdi h 
punffis Ay L|K^ I ; i.e. A L : AI : : KL : KL 

« Haec propofitio efi cafus corollarii propofitionis 35. 
p. I. Ob infignem ver6^& firequentem.ejus in iequen- 
cibus ufiim, vifiim efl; eam denu6 propoutam. pcculiari 
demonfliratione munire, fingulis cwbus fingulis figuris 
cxprefiiis. 

Per I,Laaa:EIMR B L N F ipfi D G |uraUete 
occurrant contingentibus in £,H, & B,F, fe£tioni 
verO| vel ie&ioni oppofit», vel utrique fediondm op- 
pofiurum in M,N; Erit( per Prop. 19. Part i.) MH 
= EI&NF=:BL/.^ME = H1 & NB = FL. 
Et (per Prop. 17, vel 18. Part. y!) erit 

LBxNBi . jEI-xEM^..p.«^.p.p- ... . 
LBxLFriEI^Hir'^^^-^^^'^^'^ 
reilas parallelas) K L q : K I q. Rurfiis ob fim triang. 
LB;EI::AL:A1 & . 

LF:Hl::AL:AL Duaifque &c. ^ 

LBxLF:EIxHI :: ALq:AIq :: ( prius ) 
KLq:Klq. ErgoAL:Al::KL:KL 

OfroU..i. In hyperboia & Eliipfi, Si re£ta contingens 33. 34. 
feftionem in quolibet pun^lo D, cuivis diametro I L 
(fi opus produ6lae ) occurrat in A, & ^ i^thi D ad 
eandem diametrum ordinetur redla D K ; Vel fi ad dia- 
metrum quamvis I L ordinetur re£la DK, in cujus ex- 
tremo D re£la D A (eftionem contingens occurnt dia- 

metro 



flletfo ia A ; Eadem ctemieier in poaAif L, K, I, 
haxaaonic^ &cabitiHr , i e. erk A L: A l : rK L : K 
Nam ptodiBSl D K doneo ftAkmt denud oociicrat 
G>Cont|ngens in pundloG {^t CoroU. 17. prop. 20« 
part. i.) oocutret oomingenti A D £cDper diametro I ' 
m A. Unde hic cafus non difiert ab lilo hujas proj 



il^cW Oardk^^ Unde (cum cemrom hyperbokt vel E 
lipieos-CbiiecerLl) eritper Lemma i. hojuspanis. 
.CK:C1:CA^ 
£t per Lemma 1?* in EHipfi per 3"^. ia Hyperbola. 

Wt per Lrama 2* in Byper.. por ^» ia Ellipfi; 

LA:CA::KA:IA 
Et per Lemaia 4. in Hyper. pev ^. hi EUfpG. 

Et per Lemma 4. ki EUipfi per f . ii» Hypei&i 
LK:LC::KA:IA- 
3 j*. Cor^£ 5 . Si contingens Parabolam in quolibet pcrnftd 
I D cailii^et diamocn» I L occoriidt in A^ & i dvdine- 
tur ad faanc dfametcum ttSka^ DK , erit A l r:^ IK. 
Naoipwidmfl^ KD in G^ CoiitiiigeBtes^ » D, 6; ut fb- 
pra ia ConV,u coeuni fuper ditfmetro in A, Re^a verb 
AIKLiirqaomalio fecai Af4/fi^^»o€Curritria 
binis pun£lis iylr&, (perhanc prop. r.) hafrioioaice i^ 
viditut ^ pundlis Kukjlr }^ re6t^ Ai4L/ fituni 
A I K L obtinente, abit pund«m L in iAfkiitutB^ onde 
( per Cofoli ^ ad dbf. dinr. harm; ) A I^ I K. . Haw 
vero parabolse proprietatcm pcoaliari Thttctmate mox 
dignahirour. 
36. 37. Corolf.^. Iuhypef bol3[ vd opp. feft fi ifeila- AI K L 
!ic utrivis afymptoto parallela,' erit AI rt I K. Nam 
in quovis alio fito Aikla una parte^ ecit A i^ iii^ di- 
vifiooe harmonici, pars extrema, & /4 tncdiay i.e. 
A / cr i j^; ex altera parce erit ik extrema & A i medla 
ie. //tcr A/'; proindeque in fitu AIKL erit AI 
=: 1 K. Fatet etiam eodem modo quo in copdilario 
prxcedenti. 

Coroll 



CaraM. %. In hyperbol^ & oppdfitts ft^iombds^ fi jd. jp. 
cdiiciiigentiufn alten exJgT. A D ( uSa D iHigralll^t iti 40. 
iafinttuit] ] <legeneret in afymptoton ^ conjumgeiis t«h 
£Ui8 6 D nt rrtla eidem afymptoto paraUela, idemqui 
praefiat quod ta&us conjungens in canbus hujus (^op.t. 
& Ojfmtt* 4. niEniruni fi Al K L occurrat fe6lioni, Vel 38. jp« 
(e^ionibus oppofitis, in bini6 pun&is, erit ut in cafu 
hujus prop. A L : A I : : K L : K I. Si vero A I K L 40. 
lic alteri afyioptoto C E paralkki erit ut m eafii O^ 
roUJ/^, A I = I K. Mam ^od in alto quovis fitu rtSht 
G D e^ utr&vis parte obtmet) in fitu intermedio obti^ 
Hebit. 

CmU. 6. Et ut proprietates, tiuantuitiviii ipecie di« 41« 
Ititi^s, aliquali affinitatis vinculo coujatiiSlas eUe> & in 
k inutu6 tranfire innotefcat ; Si in hyperbblft ^ vel 
le^l. opp. contaduum D^ uterqot in iminitum abeat^ 
comingens utraque fit afymptotos, harumque occur^ 
Cus A centro coincidit; pun<%oque Kcum tadus con*- 
liiieente in infinitum migratice, iit ( per i^m Ccr^^.) 
li Ai=AI; Eft vero ih hoccafii LI diameter, atque 
indc ctiam L A =2= A L 

In Ellipfi vero vel ie^. opp. Si cotitidgentiuffl oc^ 42. 43. 
^tirfiis A migret in infinitum^ erit ( per idem CoroU. ) 
L K = K I ; (ed & propter pun£lum A infinite diflans 
:runt D A^ L A^ G A invicem plraliels^, unde erit D G 
'iameter, & LI ad hanc ordinata^ atque hinc etiam 
,Kr=:KL 

Prop. II. Thcor. II. 

5 parahojam^ cajus dkmcier qtuclihet kYi.^ (j ejus ^, 
veriex ly reSta A D ubivis in D contitig^nsy eidem 
diametro occwrrat in hj ^ s ta£iu D wdinetur ai 
diametrum riSia D K : IHco A I = 1 K. 

Per D dudli diametro D M, ad hanc ordinetur I G O» 

;|ux erit propterea parallela AD, & bi(e£ta\in G; Ab 

j ad diametrum A K ordinetur N quse erit ideo pa- 

allela D K, eruntque triangula K D A, N 1 fimilia ; 

H Ob 



y 
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Ob AD=.IGcr«I0±=2 Ab; idedqqcob 
. triaiig.Nl=2AK, «pNO^aKD: ScdperO 
4. prop. 20. p» I. N O q = 4.K Dq : K.D q ; : N J : 
A ^» N I = 4 K I. Ergo '4 K J = x^ K i.e/z K I 
AK /.<f.KI = AI. 
'« fp'^^* CoroU. aJbanc iy prace^. prof. ,Si ex c^df m pu^ 
owiurw- A refla AD fcclionem vcl unam 6 iedt. opp^ coa 
rumejmiy gac, altcra ALI fedionem vel fe£lion<$ oppoiicas 
**^'*'^^"cct in dttobus pi|n6lis L, I , vcl in unico I fi fit Hff? 
perbolaiT afyroptoto parallela, vcl Parabolae^j^merer; 
Dacifque tribus A, L,I inveniatur quartuin diyiliotiis 
harmonicx pundlum K , quod fic medium inter L. & | 
fi pun&a L| I fint ad «candem fedlionem, extremufli 
ver5 fi finc ad oppofitas ; Vel ( fi A I fic afyroptoto pa- 
railela, vel parabolae diameter ) fifiatIK==:Al; & 
conneSlatur K D occurrens denu6 ie£tioni, vel fcCtioni \ 
opp. in G ; Vel ( fi A D fit afymptotos,) fi ducatur K 6 
parallela A D iecans (edlionem in G : Erit connexa 
A G contingens. Nam datis tribus A, L, I non crit 
aliud har. div. pun£tum cxtremum, vel intcrdata L,I 
medium, prxter K ; Nec aliud punAum divifionis bi- 
fariam ad partcs fe6lionis praeter K ; unde cx prop. r. 
& 2* fatis liquet propofitum. 

Prop. IIL Thepr. III. 

4f« ^6. Si feSionem qmmvis conicam, velfeSiones oppojitas 
47* 48. contingant hna reQa AF, AG, concurrentes in A, 
fyper k ducatur A V tt^us conjungenti F G paral- 
leh ; Sumptoque in W quolibet punffo V, per V 
fy medium punSium O taSius conjungentis ducatur 
Y O occurrens feffioni ^ vel feStionibus oppojitis in bi- 
nis punSfis T, L ; Dico eandem barmonic^ dtwdi i 
punffis V,T,0,L. 

Coi^nexa A L fedioni occurrat in Q, & reSae FG 
in R, & ducacur Q P parallela F G, eidem fediom de- 
nu5, vel fcvlioni oppoGtae occurrensin P; critcon» 
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nexa AOdiaroeter, bifecans QJ^ inS. Propter AL 
( per praeced.) harmonicfedivilam, erunt OL, OR, 
O Q, O A harmonicaks ; crgo cum lit QS = S P, & 
S P parallela F G, incidet punflium P ( propter lem-' 
ma <$. hujus p. ) in re£tam VOL; ue. punflum P 
fedtioni & reilx V O L commune eft, ac proindc idem 
cum pundlo T. Sed ob ACJRL (per pr^ced.) har- 
nionic^ divifam, erunt parallclx reifae A V, (i.T, RO, 
harmonicales, & punflum L commune eft; unde re£hi 
V O harmonicfe dividitur \ punftis V, T, O, L. 

Ccroll^ I. In hyperbol^ , vel fe^lionibus oppofitis, ^9* 
Si pundium V ita fumatur ut fit V O alterutri afym- ^o. 
pt9t6nDC paraliela, manifeftum eft hanc uni tan- 
tuoi (edtionum oppofitarum idque in unico pun6lo T 
occurrere ; unde m hoc cafu ( occurfu L in infinitum 
abeunte) fit (per CoroU.j. ad def. praeced.) V T = T O. 
Patet etiam ut coroU. 4* prop. i. 

CwoU. 2. Et in Paraboli, coincidentibus pundis V,- i' ^* 
A, hoc eft, exiftenie VO diametro, fit VT=TO, 
ut prius oftenfum. 

CoroU. j. Et in omnibus cafibus, pun^to V in infini* 
tum abcunte, hoc eft, du6l^ V T O L ipfi V A paraU 
leia, coincidentibus T, F, & G, L, fit TO=LO, 
quod & verum eft ob diametrum A O. 

Prop. IV. Probi. I. 

A dato extra feSlionem^ vel JeSHones of>poJitaSy tunSio 5^1. 5" j. 
A, reHas AD, KQ ducerey quajelitonem velfeStiO' ^4. yy. 
nes oppojitas contingant. Opoftet autem ut punBum 
A in Hyperbola velfeSt.opp. nonjit centrum. 

Per A ducantur A I L, A ; / fe6lioni vel fedioni- 
bus opp. vel utrique ftd:. opp. &c. in I,L,/,/occurren- 
tes, quod fieri pofle manifeftum eft; Datiique tribus 
harmonicae divifionis pundlis in utrlque redl A, L, I ; 
A,/, /', inveniatur in utrdque intra fedtionem quar- 
tum K, i] Connexa K^ occurrat fe6lioni, vel fe^io- 
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mbus optpoficis iii T)j Gy cranc connexx A D^ A G con^ 
tingentei quxGtx. 

NafD ( per prop. i.) conjungeAs ta^lus contingen- 
tium ex pun£l;o A, tranObit per K^k, proi&dequc iK)n 
*..;.;/. /^n-wt ^ DG diverfa. 

ras h»rum J^ou \ Si fit A I =:;: A L, quod intet ftdl* opp. quan" 
f*A»». ^que fieri potelt, invento 4 ducenda eft ^D G paral* 
lela I aX; nam K inBnu^ diflar» Si A fit in aicera- 
tr^ afymptot6n, erit D G infimca, /. ^* afymptoto. pa- 
rallela, unaque tantum duci potefl: conungens ; hoc 
^% coQtiugens altera erit ipfa afymptotos. 
. S^iol. Alids methodos (eafque forte aliquando i;onh 
cnodiores) ex prop. Xf hi»jtt$ partis coroUariis lc^or fa* 
cile cxcogitabit 

Prop.V. Theor.IV. 

%6, 5^. In pkno fiffmis cgm^i^ , W feBkmm oppofiianm^ 
*f 8. J9. ^nnffi (juk)is reSta V A jtktfeSioofy velfeffionibus 
non occurrat , «d^c per centrum iranfsat ; Inventijue 
Sam^trvi A O M reSarum in feStione^ velfeStiontbus 
ipft-K^ parallelartmty accurrente reB^e A V /» A ; 
^co cmjungentes taffus binarum fuarumcunfue cm' 
tingentium V H, V I, ex fuovis puttcfa V reSfiC V A 
duSlarumy trajfjire per unum iaemque punSium O in 
JeStioney vel in alterkfe&ionum oppyitarum^ medmm 
fcilicet reSta F G conjungentis taffus contingentium 
A F, A G 4 punffo A duiiarum. 

Conjungem ta^^lus FG (perdef.) ordinata efi ad 

diametrum AOM, proiadeque parallela AV & bi- 

fcda in O; connexa V O & produfta occurret feilioni, 

I yel fe£tionibus opp. in T^ L , vei ( fi iii afympto(Q> pa- 

I rallela) in unico pun^lo T. Si occurrat in binis pw(^i^ 

cadem i pun£li$ V,T, p,L harmoniciJ dividitur ; aliis 
% pun6lis Y^ T, O bifarian^ dividitujr, ut patet ex propt 
|. & e]us Coroll, i ; ai per prop. i. & O^^- 4- iiq,uet 
FPfyMttgenten) ta^|u& U l c^^mingjcauuip V H , V I 

tranfiic 
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traiiGre per O ; cum tmnectibus ea^ceris pUniftis noafit 
intra fedtionem aliud pon&um divifioois harmoakx^ 
vel diviUonis biiirianiy ab O diverfDm. . . 

Coroll I. In hyperboll, Si pun£lum V in alteram ^o* 
afyiBptot6a mcidat, contingemium ex V alter^ V I in 
af ymptoton degenerante) re61;a per alterius V H con* 
ta^um H eidem alymptoto parallela per O tranfibit : 
Nam HI vice fungitur ta£lus conjungentis. 

Ceiroll 2. Si ^ pundlo A extra fe^lionemy vel fe^o- ;tf. $7. 
nes opp. ducancur duse contingentes A F» A 0> (itque &^' 
tadlus conjungens FG ; fimiliter ex alio puoflo V fiot 
contingentes V H, V I, & ta£lus conjungens H I^ oc* 
enrrens F G in O ; Jun^^ A V, erit puo&im O com 
curfus omnium conjungentium tadus contingettcioiD ex 
quovis pun£to xcdix AV dudlarum: & (perprop. 3. 
cum Cori^arm) da&k per O tcSk Qu^ibec occurrcme 
utcunque re£lae A V^ & ie£lioni vel ftd:. opp. in binis 
pun£l]s, eadem harmonic^ dividitur ; vel bifariam di* 
viditur tantiim, fi fit alteri afymptot6n hype^lx pa- 
ratleia, vel fit parabolae diameter. 

Prop. VL Theor* V. ^ 

Sumpt6 irttra feSfmem conicam^ vel unamJeSfionim ^^ ^^ 
oppofitarum qmhbetpunSlo O, qmd in Euipfinmjit Jo' S^ 
centrum^ inventaque diametro jua per O franfit ; per ^ ^^* 
O ad hanc ordinetur F G> feSfioni in F, G occm-^ 
rensy in cujus extremis feSionem contingant F A, 
G A, £ametro A O accurrentes in A, A^per A t^a- 
tur AV ipfifGparaBela\ Dicofeffas nK.lK 
contingentes in occurfilus reS^e cu]utvis }A0\ per 
pun&um O dstBa^ ^fe&ioni^ vetfeSt. opp. in H, I 
occUrrentis^ctmvenkeinpunSlumaliquodreif^ nyf^ 
aut ejfe eidem paralkks. 

Si contingentes H K, I K concurrant in K, agatur 
KO, quae produ£la octufrat lediontf vel &£ltonibus 
in L, T^ (qaod femper iSet nifi KO fit akeri afympto- 
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t&D hypeibolx paraHela ) & ttdat A V in V ; Ei^ 
( propter diamecrum ) O medium pun£lum re6be F GL 
unde re^ L O T K V (per prop. i.) harmonicfe di- 
viditar \ pun£tis L, O, T, K^ & ( per prop. 3 . ) ^ ' 

£un^is L| O, T| V, erge* coincidunc punaa K, V. S 
i O T K V fic afymptoco parallcla bifariam dividitur \ 
panflis O9T1 V, ^ \ pun6tis O/T9 K, unde in hoc - 
etiam cafb coincident K^ V. 

2. Si HOI diametro AO coincidat (in EUipG fci- 
licet vel fe6i opp.J roanifeflum efi: fore H K, I K ipfi 
AV parallelas. 
^o. Q(f(dL Cum eadem fic ratio reflae per ca£lum afym- 
ptoco parallelae^ atque ta£i;us conjungentis ; Si reda 
HOI dudia fit alteri afymptot&a paralkla, Liquet 
tangentem in occurfa ejus cum fedlione H K, per ejuf- 
dem afymptoti occurfum cum re£U A V cranfire. 

Prop.VIL Theor.VI. 

tfi. 6i. In omniVeffione ConicJl^ vd fe3ionibus oppofitis^ duSii 

63. (J4. qukvis reSta F G qude JeSiioni vel feStionibus oppofi' 

^^l/"^^*^ //j in binis punffis F, G occuncrat ( velforte uni^o in 

**' "' ^^r^^/i vel fiSHonibus oppofitis) nec per centrum 

iranfeat ; 2)ico conjungentes taStus H> I binarum 

guarumctirijue contingentium B H, B I, ^ quovis pun- . 

ffob reSa F G extra feiiionem velfeffionesfumpto^ 

ad feSfionem vel feSiiones duSfarum , tranfire per 

unum idemque punStum A extra feStionemy vetfe* 

Siiones \ punStum fciUcety in quod coeunt contingen' 

tes feffionem^ velJeSiioneSy in punStis F, G ; velin 

quodtangens in borumpunStorum altero convenit cum 

afymptoto^ quoties F G duSta efl afymptoto parallela. 

%^ hnnc^uodJipunStum B in aJteram afymptoton incidat, reSfa 

"*** per contaStum unica contingentis i punSto B duSta 

eidem afymptoto parallela^ per idem punStum A 

tranfibit. 

A punftoBducaiurBKLM feftioni, velfeaioni. 
hus oppofitis pro libitu in K, M occurrens, & re^lx 

Hi 
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H I fi opiis prodo^tse m L, dkaturque redUrdm F G, 
%1 1 occorfus R, & jungantur K R, M R, quarum M R 
li dpus produda occurat eidem, vel bppofitae fcSdoni 
in N ; cruot ( propter B K L M harmonkfe di vifam ) 
re6be BR, KR,LR,MR l^rmonicaks; Duda B^f 
( fi .opus produ£bi ) occurrat LR ( fi opus produdae ) 
in P, K R (fi opus produflae) in Q, & fedioni in O ; 
haec (per prop. i« hujus p.) harmonic^ dividitur in B| 
Ny P^ O, & prof^er harmonicales ( per lemma 8.) in 
B, N» P,Q, coinciduntergopundla 0,Q; fiveoccur« 
fus reAarum 6 N, K R in iplam le<3;ionem incidit. ^ 

buais igitur K S N, M TO fccantibus F G in S, T, 
hae ( per lemma p.) conveni^ntfup^r re^l^ i H (fi opus 
produfl^) in pundum aliquod D ; ( nam fi dicantur 
K N; H T, M O parallelx, crit ( |>er lemma d. ) KS 
=:SH& OT = TM, uxide FG tranfibit per cea* 
truro contra, hypothefin.) Sed ob harmonicales L R D, 
NRM,BFSRTG,KRO,rea«DNSK,bOTM 
harmonici dividuntur Sl pundis D,N,S,K ; b>0,T,M : 
unde ( per prop. 4. ) jun£tae D F, D G fe£lionem vel 
(edioiies oppofitas contingent ; vel ialtem continget 
altera, erit altera afyinptotos ; i.e. nonerunt ab AF, . 
A G diverfae. Tranfit ergp I H per A. 

Si M R fit afymptotp pgrallela, dgcendae fiint K N^ 
B N huic paralleke. Si G F, H I fint parallelae (quod 
in fe^. opp. fieri potefl: ) ducendee funt MR,K R his 
parallelae. Si re^a quxvis fit cuivis harmonicalium 
parallela, non harmonic^» fed bifariam fecabitur. Ea- 
demque quae pritis coniequentur, adhibitis (pro re nati) 
lemmate 6^ vel lo. & cmil. 4, vel f, prop^ i. 

Prop.VIIL Theor.VIL 

Sumpto extra feSimem cofticam velfeSmes opppfitas6i. 61. 
quoHbet punRo A quoi non Jit centrum ; 7)ico UnasCi. 6^ 
quajcmque H B,I B contingentes (eSHtmm velfeSiio^ 
nes oppojitas in daobus occurjims reRa^ cuji^vis 

A H-I per punSium A duft^^ convenire in punSfum 

ahquod 
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^Zfjwow/ B fe€bp F G t^mjmgentu taGtat reBarm 
• ; : A F, A 6 [^SHmem^ mel Jf&mps Gontit^emmm j 

f pmUio A di^arum \ vel in pun&rnn aiifmd fi 

reffa qwt per contaRum mic^ contingentij i pwh 
ffo K daSl^ aberi afjrmptotin paraJkb dnci/ary qm 
ties punSum A in eidem ajyfnptm fumptum eft. 
^d^reSa A H Ifit alteri aj/mptoth pataUeJa^ con* 
. tin^ens in unka ejus occurju cumjeffione per^ eiuf 
dem nfymptoti occurfim cum feRk B F G trnnJBit^ 

Gontiiq^ntci in H^ I, coeant in B ; ex A dadis 
contingentibtts AF» AG^ conjungens ta^as FG, (i 
opQS prodada (per |iro{^ ptasoecl.) tranGbit per B. £c fiQ 
(mutatis mataiidis) lA dmnibas catibiis. 

J\S/4. Si I H fit dkmeter Eliipreos vel feS:. opp. 
pmiftaiti B ittfinite diftai^ic, hoc e(l> erunt I B^ H B) 
OFBparaUekr. 

Prop, IX. Theor. VIIL 

,6s:.66. & JeSlienem conkam vet fiffiones oppofitas contingant 
67^ tf8. dudr^^e A¥,AQ concurren/es in A ; fumptofue 
.Supfie cAfus in taSius conjungente F G punSfo B, ducantur toti^ 

"""-"''' demali^Jeaionemvelfeaionescontingentes BHyBh 
fn^iorikuf contingeniil>us toK^L, (^ E, D-^r«rr^«* 
/^i : Wco has quatuor contingentes i mutuis occurfi^ 
ius^ ptopriiffue contaSfiius harmonict divid$ ; fciiicei 
kpunGtis A,K,F,E; A,^L,G,D; B,K,H, L; 
B, Ey I, D ; vel bifariam diviit tantumfuando occur^ 
fuum Hfei eoniaffuum alifuis aiit in inpnitum. 
jijymptoti contingentibus^ hifjue paralleU per taSius^ 
taStus conjungentibus^ {ut m prioribus) accenfentur. 

Conjungens udus HI ( per prop. y) tranfit per A » 

: EtpropierBG; Arharmonicft dirifas kB,F,0,G; 

A, H, O, I puifftis, aiit faltem bifariam divifas, Erunt 

AB,AF,AOiAG, itcmBA,BH,BO,BI harmoni- 

cales; UndeliqQetpropofititm. 

CoroB. 
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; CbrcU. Si trcs tamito fini cootinge^itc? AF, AG,<rjt.6^. i 

[BH^ qiiariihi quaelibtt BH conjungenti tadus rclrcjua-^r. 68. * 

i-rum «Kcurrit m B, ip6s Ytro comitigcmibui m Kyh ^'^^'If '''^'*'' 
^Dico hanc harmooic^ dividi 2l ponttis B, K, H, L, vcP'-^"* 
•^ifariain tanti^iQ fi &c. Du^ AH &{»rodu£U oocurr 

rat iedtioni, yel fe^m oppotit^s in I; Contingenres 

in H & I coiinioi ( per prop. 8» ) m aljquod:|Ain£tuni 

re^ae FG/ qood eht pui\itum B, in quod B H^ F (^ 
^ prius coibant ; Redrt itaque cafus in lUuiii hu|us 

prc^. 9. Et fic in reliquis contin^eatibuS|. & iu oipni- 

bus cifibusi* . ^ 

ScAol In parallelis contingeiitibiis B H, A G in EI- tf 7. 

lipfi & opp. £b^ tranUt cafus hujns eoroUarii; in iriuni 

caroll. Prop. 27. partis i. 

Prop. X. Theor/IX* ; ; 

In EBiffip fy jeSlmihus affofihyfi k tertmttis cu^ 6g. 70- 
Ju/yis Jiametri A B dmmtur cmttngenics A K, B I, 
cuhii i&a coutit^enti TD occurrenies 71^ k,;I; _ ^>, ^ 

2)^9 AKxBI ^epuik ejfe qmitta patti j^ura duh 
metri A B, /• e. (Jijit centrum C ^ parmmeterjivf 
ktHfreffumlr)CAKilt^AKxBl 

Comingens T D occnrnit diaoietro in D^ kconta£la 
T ordinetur ad diamciram re£la TQ, & ^ ccQtro C 
! agatur ad contingeiuem TD xeStz CR re£kis-A^ 
B I parallela : Eru f€t CoroX. %. prjorp. i. . 
I. CD:CA:CO^idell, . 

CD:CO::CAq:COq- 

Et difidendo 

f CO— CD> C COq— CAq\ 

aXvelCD~CO>:CD:.ivelCAq~COq>:CAq; ^ 
C DO i \ BOkOA ^ 

Et pcr Cbr^/. >•. Prop. 24. Part. I. 

BOxOA :0Tq::&Ai Ir ••{^ca} 'A^^^ 

I ::CA 
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3.6 K O A :C A q : : O Tq : Jfigurae dum. A B : 
Ergo ( pier Proport. 2, & 3.) 
^ 4. DO:CD::OTq:|figursdiaa]. AB. 

. .Per Coroll 2. prop. i. 
D A : DO : : D C : DB, ideoque ob fim< triang. 
y. AK:OT:*:CR:BI, i.c. OTxCR = AKxBL 
Ruifus ob fim. triang. 

iS. 0T:CR::D0:DC::0Tq:{2Kxfr} 

Ergo per prdport. 4. & 6. 
0Tq:|fig.dia9i. AB::OTq:AKxBI:ande|fig. 
diani. AB = AKxBI. 

Si in Ellipfi contingens KTI fit diametro AB 
parallela ; Sit C N iemidiameter huic conjugaita , & 
coincident punila T, R, N, fietque AK =C N =B I, 
adeoque A KxBI = CNq = (per c^n-ofl 4. prop.24. 
p. I.) |fig. dtam. AB. 

^A -70 Caro/l I. Pofitft CN iemidiametro ipfi A B conju- 
' g«a; crit ubiqac A K x B I = { fig. diam. A B = ( per 
jam di^lum mo//. ) C N a. 

69. 70. OroU.z. Et fi du<^^ diametro TCL, contiisgens 
in L occurrat I B produ^ls in M, erit M B xB I = ^ 
fig. diam. AB = CNq. Nam ( ob parallelas AK, 
MBI, &KTI,LM; & «quales TC, CLi&BC, 
CA,) aeqoiangular & aequales erunt figurae CAKT, 
CBML; UndeMB = AK,&MBxBI=AKxBJ 
=CNq. 

Prop. XI. Theor. X. 

'li*'^2. Sint EBipfeos^ vcl Hyptrhohe^ mt feSiimum oppofiu- 
Yum , dua ^uavis femidiametri conjt^ta A C , 
C N , quavts alta pdiriter conji^atit T C , C X , 
duaifyue AV,NV; TS,XS, comjdcantur parai- 
^jSgr4i»w4 ACNV,TCXS; 2)i^ihec effe inter 
fe aqwtUa. 

Prodtt^ 
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Produ^ AC fedlioni vel (eft. opp. occunat m 
By du^laque BI paraUela C N occurrat T S in I, jpft 
vero T S occurrac AVinK&AB^fi opus pro* 
duSkx) in D ; ^ cencro C ducatur C Q^ occurrens T S 
in Q, qc fit ang. D AK vel DCN=;DQC, aga« 
turque huic parallela X Y occurrens T S in Y, & ^ T 
ordinecur ad diametrum A B^refta TO : Erunc reftae 
TS, AK, BI comingemes^ & triangula DAK, 
D O T, D Q C, D B I, iimilia. 

Per (im. triang. & CwoU. x. prop. i. 

ID:TD::BD:OD::CD:AD, idcoque div. 
vel comp. 

altern. 

1. 1 T : C A :': I D : C D : : (ob Gni.triadg.) B I : CQ. 
Rurfus per Bm. triang. & cnoll. x. prop. i. 
KD : T D : : A D : O D : : CD : BD, ideoque 

KO:f'V/''f-'=''=-{'"'cl">* 
altern. 

a. tK:CB::KD:CD::(obfim.tri.)AK:CQ. 
Per proport. t, & 2. duilis &c. & per coroff* i.& a. 
prop. prxced. 

UndeCX:C A::CN:CQ; & CXxCQ = CA 
X C N. Sunt auccm parallelogramma A C N V>C X Y Q 
( ob ang. D A K S5 D QjC ) aequiangula , proindeque 
ad invicem ut redhngulaex laceribus^ viz. CA x CN, 
CXxCQ, hoc eft «qualia; ied parallelogrammum 
T C X S ( propter communem bafim & alcitudinem 
xqualem) eft parallelogrammoCX YQ, adeoque ipfi 
ACNV, arquale 

CaroU. Hmc parallelogramma circa ipfits diamecros 
fi]Qc aeaualia, ucpote horum quadrupla. 

Scbolium. In (e£lionibus opp. vel byperbolft, hatc 
propoficio nuUo negotio pacec ex coroll. 2. prop.28.px. 

I X Nam 



ji. Nan fi tai^mes in A, T occorraDt afyfDptotis in 
V, F ; S, E, 'Cth (pcr def.) femidiaipeter CN = A V 
= AF, &CX=TS = TE, &CN||A V,CX|i 
8 T ; idcoqoe paralielogr. A C N V = triang. C V F 
83 triang* CS£ = parailelogr. TC X S. Sed cuoi 
praccedens deibonftratio ( utpote generaliori proprie- i 
tati innixa) ^d bafee ft£tiones cum Ellipii le juxt^ 
extendiret , caogruoin erat & tp(as paricer e^dem 
complefli. 



I 



-f^n> 0- ^--'-' , , r ' t **** I ' I r • -- I I ^ | - • -* [* . I •r r fc ri 



r 



.' f - . J : 






•r • I 



. I > 

* 



1 



< 



k ' 



PARS 



1 



f 



[«n 



■' 1 1 



■■aM^M^ka 



, m n wm* I 4*m , 



P A R S III. 

♦ 

• f 

Propofitio L Theorena I. 

Circulus fe&htif cmk^y mut ipfa mn Jit xircukst vet x* 
feffiaftiius oppofitis, aa fuatuor pkrima psmfia h^ 

fi^ C, D occarrit ; Aitria A, B, C, fu&rum umm A| 2. 

AJ JuQ tauthm A,B, fuorum utmnfuc tft cmtaffus. |* 

NA M fi fe6lio [ vel fe&. opp] 'ciiralo oongme^ 
rer» effet circulus comra nypothefin ; Patet ei^ 
g6 per Oroll. f. prop. jy. p. i. 
7)ef. In omni fe£tione conidl^ vcl ieiiionibus op- 4. f. 
pofitis, diametri quibus ordinatas fuae ad reftos angu* 6. 
los inuftunt^ ut A B^ C D, Axes appeUantur. 

Prop. IL Probl. L 

Ih HyperhoU velfeff. opp. (&• in ElSpfi fu^ nmfit df- -j, g. 
cuhs^ Axes invenire ; £t duos tantum efie axes 
tftendere^ 



\ 



Invent4 qtiAvis diaOMtro ABy quc in hyperbolft 
vel fe6l. opp. fit detemiinata> Diametro AB (/./.ccntro 
G , intervallo C A , vei C B ) deferibatur circulus 
AMBG; Hujus peripheria vel (eftionem aut fofiL 
opp. in A, & B9 continget) (quo in cafu per prop. prae- 
, ced. ei non amplitts occurret ; ) vel iterum occurrct 
feilidni^ vcl ft^ionibus opp. in binis punftis M, G. 

Si contingat in A & B, erunt ipfii A B atque huic 
eonjugaia, Axes qusefiti. Nam contingentcs circuhim 
H A I^ KB R in hoc cafii contingent etiam iei9;tonem 
vel '(eS^Hopp. eftquc propter circulum anguius B A f , 

vel 
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vel B A H re£lus, & diametri A B conjugata eric paral- 
kla A I) funtque diametri conjugatx ad (e mutu5 or« 
dinats, proindeque hx diametri libi mutu6 ad angulos 
reftos infifteAt. 

Si A,B non fint contaftus; Ex pnndtorum A,B 
ntrovis A ad pun£lorum M, G utrumvis M agatur 
A M ; Bifcaa A M in N^ & pcr centrum C diifta CN, 
erunt diameter G N at<)ue huic conjugata Axes quaefiti. 

Prior cafus jam fatis liquet. In (ecundo probandum 
^ primb eft circilli peripheriam feaioni^^vel £e&ionibus 
pppofitis in M, G occurrere^ deinde angulum C N A 
. e&e re^tum. 

SeAionem vel fe£L opp. in A, B tangant D A E, 
F B T, hse ( per Caro/l 8. prop. lo. parti i. ) crunt pa- 
rallelae ; c6mqtie occurfus At B non fint ta£lu&, erunt 
hx^ contingentibus circulum K B R, H A I, diverfk; 
Unde contingens fcdtionem^ B F tranfibit intra circu- 
> lam, & contmgeqs circulum* H A tranfibit intra k&io- 
ntm, hoc cft^ femicirculus B M A ad partes B elt ex* 
tra iedionem, vel utramque ledionum opp. ad partes 
vero A eft intra (e6tionem, vel unam feaionum opp. 
vnde neceflarib occurret ei alicubi in M. Pari ratione 
a!ter femicirculus occurnt (edlioni ex alter^ parte^ vei 
. ie£lionum opp. alteri in G. . 

CoQne.\i C M^ crunt (propter circqlum) CA,C M 
xquales; eiique (ex conftru£l.) M N = N A^ unde Ang. 
C N A eft redus, & (per r^r.2.prop. ai.part i.) L C N O 
eU reAae MN A diameter, Eftquc huic conjugata vc&x 
M N A paraliela, funtqoe icoojugatae diametri ad fe mu- 
tuo ordinatati proindeqoe in noflro cafu fibi mutu6 ad 
angubs ro^los infiUunr. 
p. lo. 2. Si jam, praster diamtsiros O C L altque huic con ju- 
gatam Y C X blc me^odo in ven^ts, alia qg^vis T C V 
dicatur Axis; ^ quovis pundo redtionis vel utriufvis ' 
/l£i;ionum opp, A, ad TCVi & ad unum ex ailcibus 
primo invcntis O C L, fint ordjn^tae A &R, A NM,& 
ducantur diametri A CB, »RCQ,JMCP; <?b AS = 
S R, & ang. A S C (ex hypQihr) r^lum, erit AHC =:C R ; 
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Pari modo crit AC=:CM,= CP = CB= ( prius ) 
C R — CQ ; Unde ( ob has re^tas a^quales ) circulus 
cencro C tranGre potefl: per iex punda ik&imis, vel 
fedt opp. P, Qi B| A, R, M, concra prop. praeced. Un* 
de diamecer TV non erit axis^ neque huic conju* 
gata* 

C^roli. X. In EUipfivCOnjugati axes tranfverii LCO^ ir* 
X C Y ftint inacqdales. Ali^ connex^ L Y & bi{eS& ia 
D, duaaque diametro B C D E, eflct ( ob L C = C Y) 
angulus L D C re£tus^ cujus concrariuro jam oftendi* 
mus. 

Cmtt. a. In HyperbolS Axis tranfverfus OCL cft ix. 
mininisi omnium decerminatarum diamecrorum, & huic 
propiores funt remotioribus minorcs. Nam fi T V di- 
catur minor ^uam LO, iemicirculus diametro LO 
iecabit T V in Z alicubi intra unam iedtionum opp. & 
eidem iefliotii occurret denu6 in A : unde diameter 
B CP quac bifecat jundam O A in P, ( propter C A = 
CO, ocOP = PA) eric axis, contra jam probata. 
Pari prorfus modo oUeiidecur TC V elie remotiore 
quAvjs diametro minorem. 

CortJt. 5« In EUipii axis major eft omninm diametro- 15. 
rum maxima, minbr vero minima : & minori propiores 
funt remotioribus minores ^majori, majores^ Nam li TV 
dicatur minor quam Y X ; Semicirculus diamecro Y X 
lecabit T V cxtra feitionem in Z, fecabit vero axem 
majorem ( propter C O cr* CX)alicubi intra fedlionera 
in F; occurrec itaque iedioni aiicubi in^A; unde / 
oftendetur ut in prsecedenti Cmllario diametrum B C P 
qux connexam XA in P b]tecat,,eile ax«m, ab ipGs 
O L, Y X diverfum, contra jam oiienia. Eodem modo 
oftendetur majbrem axem O L eile qudvis ali^ diame- 
tro T V majorem, & ma jofi propiores recuotioribus 
majores efle^ minori minofes. 

OroU. 4. In hyperbol& vel opp. ie£l. & EllipIi,Dia 14. 1%. 
metri MC6, A CB du£be ab extremts ordinatse cujui^ 16. 
vis M A ad utrumvis axem L O funt sequaies ; Idem ia« ' 
tcUige de contingemibqs M E;A E in pundis M,A, fu* 

pcr 



[n3 

raxi (per O^. i^.fNrop» iOfp.1.) m pua^ aliqao 
ooeuntibus. Patet ob M N = N A , ob ^mmuiies 
' £W> NC> & an|ulo8 ad.N re^los. 

14. ij*. C^ra/ilL^.. In iiTdeni iefftioiitbui, Re£U E.C bifarJMti 
16. dividena anguluin vel k binis a^qoalibus coatin^entiibus» 
vel binis «qualibus diaroetris faduni, erit Axis. Nain 
' biiecabit M A, eideaique adangulos redos inpflec« In 

^ byperbolA vel opp. U&. re^, quss bifariam dividunr 
tttrunique angi^luni afyropco(6n, funt Axes conjugati. 
14. Oxrm.6. Et quaruro diametroruro an»iluni uijervis 
axisbi&riam dividit, eaedem funt aequalei. Nam in Et- 
lipfl e».gr. Sa dicas CQl:( -^ velir C M> teCA: 
Junfti A Q^iecante axem in P, & Se<3iooem 10 R ; ob 
as9ualesangulo$QCF,ACP,&CA=pQ,eritAP 
sPQ, & angulusad P re^; unde A;P R eft ad 
( uem ordinata, hoc efl; A P ::= P R :;;:= (priiis) PQ, quod 

abfurdum eft. Et eodem modo (du^4 hujufinodi 

A PQIi) in hyperbok vel (e£t Qpp. hoc C^rgikrmm 

demonftrabitur: 

2 . , f CsrtJL 7. Quat diametri M C iG, A C B atqualiter afa 

2^'* utrovis axe diilanr, aequales faciuot angulofi ad c»)atia- 

' . gemes in earum verticibunCME^CAE (4ai|itmn- 

gida C M Ett C A E iimilia & gequalia funt* ; 

Ccroff*^ Ex CoroO. 3,&}. Li^t Circukm fupec 
axi determinato Hyperbote vel ie6tionum opjpoiitar- 
rum, tanquam diametro, delcriptuiD, totum eii^ extra 
iitramque fe^onem : Super Ellipieos axi roaj<>re, ie* 
^ioncm incra ie continere: Super Ellipieos axe mi* 
Inori, k ie^one contineri. 

V Prop. III. ProH II. 

rr- Iwenire Jxem Tarahla : Et micm» fjm eji axem 
cjiendere. * 

In venti quftlibet diametro C D, fompioqne in eftdem 

ubivis pundo D, erigatur ad eandem j>erpcndicularis 

£DF occurrcns feftiom in E^F ; Bfi^t& J^F in B, 
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du£ldque B A paralleli C D, Eric BA a^is quaefitus. 
Kam ( pcr CoroU. i6. Prop. lo. p. i. ) B A eil refts 
E F diamecer, & ( ob reaas parallelas ) eric angulus 
ABFreftus. 

Si pundtum D bifecet £ F, ipla diameter C D prim6 
inventa eft axis. 

iz. Si dicas alium efle axem C D ab A B diverfum : 
Ordinat&ad hunc F D E fecance axem prim<^ inventum 
in B ; Obparallelifmum diamecrorum eric £ F ad ucrum- 
que axem C D, A B perpendicularis» hoc eft» ad ucrum- 
que ordinata, ideoque tam in B quam in D bifeda» 
quod abfurdum eft, 

CorQtt, 1. Contingences M E, A E in excremis re£las i8. 
cuiofvis M A ad axem ordinacx func xquales. 

Corott. 1. Redla bifariam dividens angulum ab aequa- 
libus concingentibus fadlun/ eft axis. Patet ucrumque 
ficuc in hyperbol^ vel le6l;. opp. . 

Corott* i. Diametri M G, A B xqualiter ab axe diftan- 
tes aequales faciunt angulos ad concingentes in earum 
vcrticibus, viz. GME, BAE. Paiccc ob fimilia &* 
xqualia triangula EMN, EAK, & angulos GMN, 
BANre6los. 

Corott. 4. Angulus £M G^ quem quxvis diamcter fa- 
cit cum contingente in ejus vertice ver(us axem, ob- 
tufuseft, ucpote re6loGMN major: £c quo diame* 
ter M G ab axe rcniotior eft^ eo hu jufmodi angulus 
major eft ; Nam concingens ^m \r\ vercice propioris / 
diametri mg produ£la occurrec E M & E excra fe- 
£lionem in P, ^ ; du6t&que m n paralleli M N, eric ang. 
P<?N = ang. PEN + EP^, unde P^Ntr PEN, 
& emn raEMN, addicifque ucrinque redlis , e mg 
raEMG. 

Prop. IV. Theor. 11. 

Tn BTtpfi Jiametrt I C H, K C G reSiarum A E, A D ^^ 
utrmfque axis extrema conjungentium Junt conju- 
gat^j ^ sefuaks ^ ^ prater ipfas non Junt alia 
iiametri conjugata iCquaks. 

K Junais 



C 74 ] 

19, Junais EB;DB, obCD = CE &CA = CB & 
anguios ad centrum re£loS| erit A E B D figura paralle- 
logramma cujus latera aequalia; ut\de diametri, IFf, 
K G bllecant etiam^ E B^ D B, ac proptere^runt re^ 
E A^ A D refpeaiv^ parallelae ; Hoc efl:, erunt diame- 
tri I H, K G conjugatae : Erit porro A F C N (ob AF 

11 CN&AF= AN, utpoie aequalium AD, AE 
dimidia ) figura parallelogramma cujus latera aequalia; 
Unde axis A C B bifariam dividet ang. F C N ; iunt er- 
go (per Coro/l. 6. Prop. a.) diameta K G, I H acqualcs. 

20. 2. Stantibus quae in priore figurd, Sit AB axisma- 
. jor, E D minor , & O P, QR duae quaevis diametri 

conjugatae,, ab ipfis HI,GK & ab axibusdiverfae; 
Harum una QR dividat ex.gr. angulum DCK, & 
in R contingat T, R L : Hapc (per CoroUy 6. Prop. 2j^ 
p. T.) occurret diametris I H, G K produSis in L,T, 
proindeque Iniic parallela O P cadet extra angulum 
H C K ; pari vero ratione eadem 6 P cadct cxtra ^ogu- 
lum D C B, hoc eft intra angulum A C D ; unde (fivi- 
det neceflSrib angulum A C H; EH; itaque ( per Cor, 3. 
• prop.2.) OPcrHI, &HI = GKcrQ^R, hocelt, 
O P cr CLR ; ideoque O P, Q R inaequales. 
20, Coroli 1. In EIIipG majoris diametri ti^nfverfae mi- 
nor erit fecunda huic conjugata, minoris major. Nam 
referant jam G K, H I duas quafcuhque diametros con- 
jugatas> five aequales, five inasquales, OP, QR alias 
quafcunque pariter conjugatas ; fintque axes A B ma- 
jor, E D minor, ut prius : Et fi Q R dividat ex.ffr. an- 
angulum DCK, oftendetur ( ut priiis) OP dividere 
angulum ACH ; unde (per coroJL 3 prop. 2.) erit OP 
c- H I & G K cr Q^R. Cputrarium accidit jn hyper- 
bol^, vel fe£t. opp. ut fuo loco oltendemus. 

Coroll. 2« Hinc fi duae contingentes EUipfim QM, 
G M concurrant in M, contingens QM in vertice mi- 
noris diametri Q R major erit qu^m contin^eas G M 
in vertice majoris ' diametri G K. Nam Q M, G M, 
funt diametrorum Q^R, GK conjugatis OP, HI re- 
fpcdliyfe parallelx; Eflque (per prop.17, vel 18. p. i.) 
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Q M<i:MGq;:0CxCP=OCq:HCxCI = 
HCq ; Eftque (per coroIL praeced.) O Pqr HI^ hoc 
c£l OCcrHC; undeQMcr GM. 

&hol Cutn in Hyperboli (non xquilatera) lemidia- ^^^^k-^o^ 
roeter tranfVerfa C B femidiametro lecundae C D, hbc^'*'^'"''^*' 
cft lemicontingenti BL, iit ubique inaequalis ; Verticc 
vero B in infinitum abeunte & coiricidentibus punflis 
L, C, reSae C B, B L afymptoto & fibi invicem coinci- 
dant, hoc eft^ tum demum fiant aequales : Refponde- 
buQt aliquatenus Hyperbolae afymptoti Ellipieos dia- 
xnetris conjugatis aequalibus ; fed cum hoc difcrimine» 
qudd Ellipieos diametri fint altera alterius, utravis vero 
afymptotos fit quafi fui ipfius conjugata. 

In Hyperbol^ aequilater^ diametri conjugatae funt; 
ubique aequales ; utietiam in Ellipfi, fi Eliipfis iitcir- 
culus ; Nam quod circulus eil inter ellip(es> id hyper- 
bcla aequilatera (quoad propxietates faltem nonnuilas). 
inter hyperbolas. • • 

Prop. V. Probl. III. 

Tn HyperhoJa^ ^ inter feSfiones opp. fy in EUipJi^ h^-zi. 22. 
venire diametros qua cum Juis ordinatis angulumfa^ 
ciunt dato cuivis angulo non reflo Q, vel ejus comple- 
mcntoadduos reflos^ aqualem^ qui tamen in Ellipji 
npnfit majcr eo quemfaciunt reSfd^ B D, A D /»^ utro* 
que extremo axis majoris ad utrumvis extremum 
minoris duffa^ nec minor eo quemfaciunt reSl^e ab 
utroquc extremo axis minoris ad utrumvis eXtremum 
majmsdufla. 

Super utrovis axe Ellipieos, vel determinato hyper- 
bolae, vel kck. opp. AB, tanquam chord^, itatuatur 
arcu3 circuli AEB capiens angulum dato angulo Q 
vel ipfius complemento aequalem, qui ( fi opus ) poit 
A B continuetur ; occurret hic Seflioni, vel utrique 
Seflionum oppofitarum (praeter A, B) in duobus pun« 
ftis F, R ; fumpto horum utrovis F, conne6tantur A F, 
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B F, quibus Ufkriam divilis in h^ O, daStifqm dvt 
metris H L C M/N O C P ; Hae duae diaiqetri , tod« 
demque diae eodem modo ope pun^i R repertemhrj 
propofito fatisfacient, 

2x^ In EUipfi fit (exempli gfati^) A B axis major, Se3io- 
; nem ^ontingat I A, m A ; circuJum, contingat teQsL 
G A; Erit (propter axem) ang. I A B reflus ; curoque 
arcus A E B ( ex hypoth. ) non fit anguli redli capsuTi 
contingens G A cum re£l4 B A faciet ex mil parte an- 
gulum acutum^ tranfibitque ideo ex e^dem parte intra 
ie^lionem , hoc eft, grcus ipfe tranfibit intra ieflio- 
nem : Rurfum arcus fuper chord^ A B capiens angii- 
lum sequalem ADBj tranfibit perD; ergo arcus oai 
( ex hypoth } capit angulum mihorem quam A D B fe- 
cabit axem minorem extra Seftionem in E; Eft ergo 
idem arcus ad partes A intra Se6tionem, ad parte^ vero 
E extra eandem ; fecabit ergo illam alicubi in F ititer 
A,£; Pari r^tione fecabit eandem in R inter E|B. 
Idemque erit (mutatis mutandis) in axe minori. 

22. In Hyperbol^ vei fedl:. opp. contingat lA un^mh 
fedlionibus oppofitis^ & A G circulum : Ob angulam 
' B A I redtum & B AG obliquum, non coincident lA, 
A G, fed angulum efiicient ; unde redla quaevis angulum 
1 A G dividensjtranfibit tam intra circuluro quim (cftio- 
nem, hoc efi» circuli circumferentia ad pundla A3 (nam 
ntriufque eadem eft ratio ) tranfit intra foAjoneSy quae 
(cum m fe revolvatur ) utrique neceflari6 bccarretde- 
nu6 in F, R. 
II. 22. Jam in utrSque figurS^propter F L = L'A & B C= 
C A ; erit C L parallela B F & A F parallela C O j undc 
ang. CL A = CO B = B F A = dato Q, vel ejus 
complemento. Idemque erit de diametris ope punSd 
R rcpertis. 

Coroff. j. In hyperboU vel opp. ie^. manifefium dS 
angulum Q^fumi pofledato cuivis pbtulb velacuto 
aequalem ; Angulumque quem determinata aliqua dia- 
ineter facit cum fuis ordinatis, vel cnm contingeme in 
ejus vertice, eo obliquiorem efle quo magis eadem ^ia- 
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meter ab axe determinato diftat ; & jpariter in diaine- 

tro huic conjugati. In Ellipfi hujuitno^i aqgulus ab 

utrovis axe ad vttramvii diatpetrorum conjugataruni 

xquaimm fic femper obliquior, atque inde ad alteruin 

axem continub ad redum vergit. Nam in hyp^rbol^ 

ve( ft&^ opp. angulus B F A =;= CL A, quo piin6tut9 

F ab A remotius efl> eo continub mitibr efl^ donec ab- 

eonte pun£lo F in infinitum , dato quovis angulo mi- 

nor fiac In Etlipfi qu5 pun^um F ab A remotius eft, 

eo angulus B F A major efl ; donec^ coincidente pun- 

6to F ipfi D9 fit CL una djametrorum ^cqualinm ; a^ 

que inde ad B fit idem angplus continud. minor , do* 

Yiec, coinciden^tibus/pundis F, B, re£U AF| hoc efi; 

jaiD A B, fit ad axero minorem ordinata. (^k in re, 

ulteriorem sequalium EUipieos diametrorum cum Hy-' 

pe;rbolx vel fe^l. opp. afymptotis analogiain obtervare 

licct. 

CoroU.2. In EllipG, liquet angulum CLA vel 
C O B ^ femiaxe majpre fiibtenfum ene obtufum ; Nam 
huic aequalis BF A infiftit arcui B A fe«icirculo ma<- < 
jori-: In byperboU hquet angulum C L A vel C O $ 
efle acucum,nam huic aequalis B F A infiftit ai^ui A £ B 
iemicirculo minorL Idem intellige de.angulis quo9 
od eafdem partes hae diametri faciunt cum contingen^ 
tibus in earum verticibus ; fupt enim h^ contingentes 
ordinatis parallelae. 

Prop. VL Probl. IV- 
* 

IJm in ParaMa pr^tjiare. 

Inventi qu&Iibet diametro K B L> per pun<5lum ejus 23 
intra (edionem B ad hanc inclinentur duas red^^ A B I C| 
D B G E in angulis K B E^ L B C dato CL «qualibus^ 
occurrentes fe^lioni in A, C ; D> £ ; pifecentur A C, 
DE in I, G; per I, G agaotur diametri HI, FG. 
Fropter diametrorum paralleUfmum erunt anguli H I B^ 
r G £ asquales dato Q ; unde propolito f^tisfit. 

CoroU. 
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CmU. Manifeflutn eit ( per OoroU. 3, & 4. prop. 3. ) 
dhimetros FG,HI ab axe MN aequalicer utrinque 
diftare; & propterea quod hujufmodi xt&x ABC, 
DBE in quocunque angulo ad diametruoi KB incli- 
natae (emper utrinque (eaioni occurrant, angulum Qj 
ficut in byperbol^j vel fe£l. opp. cujufvis magnicudinis 
fumi poflfe. 

Prop.Vn. Theor.III. 

ai» ^^^ H^perboU fecunJa Jiameter axi cmjugata^ vel fuoi 
idem ejiy contingens in ejuf vertice E B D afymptotii 
terminata^ minor efi quhn contingens in vertice cu- 
jufiihet alterius Jiametri ut H F G; (^ quo qu^ei- 
bet diameter eji axi propior^ eo ejufmodi contingem 
minor efi, major juo remotior. 

Per taflum F & utrurovis redfae G H extremum ex. 
gr. H, agantur F N L, H I K parallete E B D, fccan- 
tcs axim in N, I,& afyroptoton CG in L,K, & con- 
nea^iturLI. Ob GF = FH, erit HK = iF L; 
& ob E B = B D,erit I H = I K, hoc eft I H = F L; 
unde (ob parallelas re6las) erit I L = F H : Et (fi A B 
dicatur axis ) ob anguium I N (« reflum, erit I L tr- 
L N, ?. f . F H cr L N ; unde multo magis F H cr- D B, 
i.r. GHc-ED. 

2. Si A B non fit axis fed alia quxlibet diameter, 
& M F quaelibet diameter ab axe remotior quam A B ; 
erit anguius quem faciunt redlas A B, E D ad partes axi 
contrarias obtufus, cum (per Coroli. 2. prop. y.) ad par- 
tes axis fit acutus ; hoc eft, erit angulus A B E, ideoque 
& huic xquaiis LNI obtufus; ergo in hoc quoque 
calu LI c- LN; caeteraque conlequentur ut in cafu 
priore, unde patet propofitum. 

CoroU. I. Hinc (contra qu^m inElIipG) majoris dia- 
metri tranfverfe major eft (ecunda huic conjugata, mi- 
noris minor. Nam quo magis diaroeter hyperbol» ab 
axe diftat eo major eft, ut in Cor.%. Prop.z. ouenfum eft. 
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CoroB.^. PoGtis utprius, fic contingentiutn HFG| 
E B D conc^rfus O, eru F O c- B O. Nam (per Prop. 
i6. p. lO GFq:EBq::OFq:OBq; unde (ob 
GFc-EB) eritOFcr.OB. Idcm erit in Scaiones 
oppolitas contingentibus. 

Lemma. 

7»J^urisABCD,Ji^BC^CD, e^ <i«5ff : A C D ^- «• itf . 
tufusy h e. aitg. A C B acutusy 2)ico A D cr A B. 

Ab A in D B (fi opus produ£bm) cadat perpendicu* . 
laris A E^ ob ang. acutum cadet hsec ad pun£li C partes 
B, ideoque D E cr B E ; Eflque 

A Dq = AEq-f DEq 

ABq=:AEq-{-BEq-DAEq + DEq 

unde AEtcr AB. 

Prop. VIII. Theor. IV. 

Varahokm infiunffis fi, D contingant B A, D A concur- az* 28. 
rentes m A, taSufque ISzelaxis L M N vertici coin^ 
ciJaij veljit eidem axi taffu D fnropiory i. e. erdtnata 
aJ axemBiAJit minor quam D N; 2>/r9 D A crBA« 

Connexi DB & bile£l^ in C, erit jundla A C ( per 
Prop. 10. p. I. ) ejuiciem diameter, & parailela M N ; 
Si B fic axis vertex, vel fi B, D fint ex eadem parte 
axis, manifeftum efl A C non coincidere ax/ ; Idem li- 
quet fi fint ex axis partibusdiverfis prppter B M ^ D N 
& C B = C D : Produdla fi opus D B occurrct axi in 
O, eritque ang. L O D r. ^. A C D obtufiis, Unde per 
Lemma praecedens liquet propofitum^ 

Prop. IX. Thcor. V. 

Tn omni SeSlione Conica, ad axem A H I, qui Jit dc- 29. 30. 
terminatus Hyperbola^ feJutervis EHip/eos^ ordine \\* 
tur feffa C H B, occurrens SeStioni m C, B ; In pun-- 
His vero C,B Seffionem contin^ant C A, B A /ufier 
f axi 
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axi coHcmrentes in A, velin Eirtpfiforte axi paral' 
klie\ defmbatwrque chrculus CBbl fn/ reBm 
.C A (i. €. ftHimem ) in C contingatj tran/eatfM 
perffunffum B : !Dico eumfem reffam B A, ve/{ftt9j 
pertnde eft ) feStimem^ in B cmtingere ; ^ prater 
punSia B, C, /(?/«w <f)fe intra JeSimem^ fi in JEJbpfi 
A H I fuerit axis major ; ^y/w A H I fuerit Eiiipfeos 
axis ffhnor^ pr^ter eadem punfia C,B> totum ejfc 
extra fe&ionem* 

•29. 30. ^ la otnnibus calibus occurrat axis fedioni id D, cif^ 
31. culo in E ; Si concurrant C A, B A, propter axem^erit 
( per CorolL^ Prop. a. & C&r^^i^. i.Propj. ) A B = A C, 
unde A B (xx Eiementis ) circulum concinget in B, id 
efl; ( ex def.) circulus fe&ionem cpntinget. Per D & E 
agantur F D, G E parallelx B C, utri vis contingend 
B A occurrentes in F G : Cufii Gt axis A H ad B C per- 
pendicularis, erit fe&ionis & circuti communis diame- 
ter, ideoque ( per Corolt* 8. Prop. ao. p. 1.) F D itSaiy 
nem, G £ circulum continget^ eritque ( per CoroU* 3. 
Prop. 4« vel Coroll a. Prop. 7. vei per Prop, 8.) B F cr 
F D, vel fi A H i\i EUipfeos axis miqor F D c BF ; Si 
fit B F q- F D, cutn fit propier circulum B G = G E, 
crit neccflarib B G -;i B F ; nam fi B G dicatur rr vel 
= B F, cadec G E ad reftae F D panes A, vel eidem 
coincidet, hoc eft erit G E -a vel = F D, adeoque (ob 
B F cr F D) erit B G cr G E contra circuli naturam. Eft 
ergo B F cr B G /. (?. (ob reftas parailelas) H D cr H E, 
hoc eft, pun^lqm E cadet iirtra leflipnem. Pari ratione 
occurfus alter axis cum circulo I erit intra ellipnn : Nam 
in hyperbola & parabola per fe manifeftum eft. 
.31. Si AHl fit axis minor ellipfeos, ericBF -dFD; 
unde haud abfimili modo oftendetur pundta fi, I cadere 
extra le^onem. Propter duos contadtus B, C, circulus 
(per Prop. i.) leflioni ilon amplius occurrit : ergo in 
priori cafu [viz. cum E, I fint intra (e^lionem) circulus 
totus crit intra fedlionem ; in pofteriori ( ubi haec pon- 
£la funt extra fe£Uonem} totus erit extra fe^ionem. 

Si 



[81 3 

Si in Ellipfi A B, A C parallelx fbnt, erit B. C axis ; 
tinde ( ex droll 8. Prop. x. ) patet propofitum. '^ 

Corott. In figoris xp, 30. Liquet Circulum CEBIiPjjO. 
maximum efle omnium ^^ioni in{criptibilium & ean- 
dem in pun^o C tangentium; In ng. 31. Circulum^o, 31. 
C E B I minimum eile omnium Eilipfi circumfcriptibi- 
lium & eandem in pun£to Ctangentium : Nam (fig. 2p^ 
30.) ejufmodi major ^uivis fecabit BCextra fedionem; 
In iig. 31. minor quivis fecabit B C intra fedtionem» 

Prop. X. Theor. VI. 

lifJetn pojitisj reStifque C A, B A concwrrentihus^ fii^y }|- 
per B agatur dianttter BMKy^ ad £anc apunSto C Su^u fy^ 
ardinetur reSfaCY Viy occurrens Jbaioni Jenulin^^'^ fjlf;;^; 
iiefcrtbatur verh circuluj reSiam C A ( i. t.feSfionem ) 
in punlio C contingens^ iranfienlque perpunSlum R ; 
Z>/C0 hunc circulum prater taSium C in unico hoc 
punSto R feStioni occurrere^ Hoc eft^ ex una parte 
reStie C R totum effe extra feSfimem^ ex altera in- 
trafeSfimem. 

\n Hyperbol^» Paraboli, & Ellipfi oijus axismajor- ji^ 

fit A H, Circulus redlam C A in C comingens & per 

pun6lum quodvis N fe£tionis ^ B diverfum tranfiens» 

major crit circulo ( in priore prop. ) per B tranfeunte, 

( nam circulus per B totus intra fe£tionem cadit, ) & fe- 

cabit redlam C B produdlam extra fe£lionem in S; lioc 

efl, circulus CNS ad prtes B erit extra feflionem. 

Ex N ordinatl ad diametrum B M K re£l& N T O^ 

occurret circnlus fe^lioni denuo in O : Nam produfta ^ 

ON occiurrat AC in L; & propter ONL || AB, 

crit (perProp. 17, & i8.p. !•) CLq:LNxLO:: 

CAq:ABq /. <?. (obCAq = ABq) eritCLq=i 

LN X L 0> unde c^mpun£lum N fit ad circulum, erit 

& O ; & cum C fic contaftus, circulus C N S O ( per 

Prop.i.) nifi in C,N,0 feftioni non occurret; hoc cft, 

cum S ut extra feflionemi arcus N cric extra feJtio*» 

L nem. 




netn, arcus verb C N, C O intra fedionefn : N 
dicatur circulus ex utrlque parce N, vel O^ efle 
fe<%ioneni, ex tribus occurGbus QN, O falcem 
erunt concadlus^ quod ( per Prop. i.) fieri nequit; 
que ( ob puaflum R extra circulum C N Q ) circ 
C R major circtilo C N O. - . 

Augente (ecirculo CNO^ & accedente pundo _ 
ad C; accedet fimul O ad R, & coincidentibus taad^i 
N, C, coincident fimul O, R ; & evanefcente arcu C Nj 
totus arcus C S Q> K e. jam C R erit /extra {e£lionen ; 
vel circulus ad redlas C R partes B^ eft extra fe^ionem. 

j^. Porro ex alteri parte redtae C R, fumpto in fe£lione 
pun6lo N, quod in Ellipfi non fit pun^um K, dxxQk- 
que L N O, ut prius ; circulus in C contingens & per 
N tranfiens oflendetur (ut prius) tranfire per O ; circu- 
lus vero C N O nifi in C,N,0 feilioni non occurrit ; & 
in Hyperbolft & Paraboli ( qus ex hac parte infinitat 
funt) manifefliim efl arcum N O efle intra fe£lionem. 

33. In Ellipfi vero duft^ contingtnte KP, erit haec pa- 
rallela AB; unde (ob ABq: ACq:: KPq :PCq 
& A B = A P) erit K P == PC, unde punaum P (per 
CoroU. f . Prop. 2.) eft ad axem minorero, & C K erit 
^ad eundem axem ordinata, circulufque contingens ia 
C & per K tranfiens f per Prop. praeced.) crit totus ex- 
tra feiftionem, hoc elt comprchendet pun6lum N vel 
O ; unde (ob tadum C) circulus CN O minor erit cir- 
culo per K, & fecabit redam CK intra fedlionem ia 
S, hoc efl:, arcus N S O erit intra feftionem. 

^ j, In omnibus igicur feaionibus arcus N efl intra fc- 
aionem : Erunc vcro in omriibus, arcus CN,CO cx- 

) tra fe6lionera ; nam fi dicatur circulus ex utr^que par- 
te piuidi N vel O efle intra fe£lioncm, fe tribus occur- 
fibus duo faltem erunt contadus» quod abfurdum dl; 
Comprehendit infuper circulus C N O pundum R, pro^ 
indeque efl (ob taftum C) circulo C R roa jor. 

Minuente fe eirculo C N 0, & accedente pun6lo N 
ad C, accedet fimul O ad R, & coincidentibus N,C, cb- 
ihcident funul O, R ; & evanefcente arcu N C, totus 
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arcUs C S O, hoc efty jam arcus C R eric mh fedjonepf ; 
vel drculus ad r^&x C R panes K ( i t. ipfi B contra- 
rias) eitintra ieftionem/ Liquec ergd propofituai. 

Coroil i. Hinc; Qadcnvis circulus Sedlioni Conicae 
occurrens, & ei utraque occursfts parte ad eaidem ie* 
^ioiiis parces cadcns, in eodem occurfu iedlionem nh- 
ceflari6 contingat ; Non tamen circulus icdionem co* 
nicaiii contingens neceiHrrib tx utr^que contaflds par* 
€c ad eaidem ejus partes cadit. 

Qn-oi/. 1. Cum omnis circulus icftionem in C con^ 32. 
fingens>& per pundtuoi quodvis iedtionis ex un& pdrte 
k£[x C R (qaantum vis putldo R pcopmquuhi) tranfiens 
ininor fit circiilo C R, & ex utr^que parte contadHls 
intr^ iedlionem reperiatur, hoc eil, magis incurvetur jji 

Saktb iedioin pundto C; Circulus yerd illam in eo* 
em pundlo contingens & per pundtum quodvis fe£tJo- 
ni^ e^ alterl ejufdem re£bs parte traniiens fit major 
circulo C R, & ex utrdque contadlils parte cadat extra 
iedtionem, hoc eft, minilis incurvetur qu^m ie6tio ih 
eodem pun£to C ; Se£tioneil] ih hoc pun£to C circulo 
CR sequictirvaif) eflle, mtmb exiilimare licet. 

ScM. Si axis Afi in EUipfi ponatur minor, eadeoCi 
crit demoiiilratib icd inverfa; viz, pro major^ legert- 
do minir^ prd iHiray extra ; & vice vers^. 

Prop.XI. Theor.VII. 

lifJem po/itis \ per C Jucniur Mmiter Qluy qu4e (ji opui 54. 3^. 
proJuSta) occurrat circulo C R in Q ; 7>ico C Q aqua- f^f^^^^J 
lifH ejje reffa D F qu^C bft parameter Jiametri C L. i^^. * 

In omnibus fe£tioifibds , fit Circulus C N idenii 
qui in figuris prxcedentibus, iccans C QJn X ; k-pun- 
ao N ( viz. pundoruob N, re^ A C propinquiore ) 
adl diadi. C L ordinetur N P I S, occurrens icilicet dia- 
tnetro C L in I, & circulo denub in S ; & ^ pun£to C 
eri^tur ald C A perpendicularis C P, iecan$ N S in P ; 
Etlt baec circidi diatnctery & ob C A |} N S) bifecabii 

luz NS 
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K S in P. Si pimftom I non fit priao intn circoliim 
C K O ; Augence vel minuente ie circulo C N O pront 
punfla N,0 fuerint ad has vel iUas poites te&x CR» 
ci^m, accedente N ad C, & O ad B, apoedat continob I 
ad C>& X ad Q, tranfibit undem neceflarib pnn^Qm I 
intra circulum CNO; eritque PI (ob SP = PN) 
ipCicuml S> I N iemidifierentia. 

In Hyperboli & EUipfi, in te&k D F ( produaft in 
hyperbola) inteUigatur pundum E mobile, hftc leg^, 
maccedente I ad Q fit lemper LC:CI::DF:FE; 
Eritque (perProp.24.pi.)Cb(DE=NIq, hoceft, 

CI:NI::NI:DE; & ob circulum erit 

CIxIXsNIxIS, hoceft, 

CI:NI::IS:IX; Unde 

NI:IS::DE:IX. 

m 

Ex altera parte C L, eft contiouo N I c- IS,adeoque 
DE cr IX, ex altcra IS c- N I, /. e. IXp- I>E ; «tro- 
bique vero accedente Nad C, accedit fimul O ad RjX 
ad Qi & I ad C, fitque P I contiou^ miQor,hoc efi N I, 
I S adeoque DE>IX continub propius ad «qualiucem ac- 
cedunt; & tandem coincidentibus ^ I, P, N, ipfi C ; O 
ipfi R; adeoqueX ipfiQ, & evanefcente PI, fic IX 
/. e» jam C Q = D £ ; evanefcente ver5 jam C I tva- 
nercit fimul F E, /. c C Q=: D F. 

In ParaboM, filrit (omiflq pun&o E) propter |e(Stio< 
nemCIxDF = NIq, hoceft, 

G I : N I : : NI : DF, & propter circuiom 
C(:NI::IS:IX; unde 
NI : I S : : D F : IX ; Et ad morem prxcedentiom, 
oftendetur, coincidentibus pun£tis, ipfas I) F, tX fimul 
ficri fibi fflutu6| & re£be C Q, squales. 

Coroffaria aJbanc fy prop, pr^ceJ. 

34i iS% Ccrott.i. In Se^ionis Conic9& qu&libet diametro C L 

3^) 37i (produ34 fi opus in EQiofi,) fi fiat C O xqoalis ejul^ 

38. dem diaroetri parametro, oc in pun£lo C ie£lioncm con- 

tiqnt rc£la C A; Circulus tt&m C A ia C ^oauageni 
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& per pun6lum Q tranfieus erit fedlioni in hoc pun£lo 
C aequicurvus. Si diameter C L noa fit axis, fatis li- 
quet ex prsecedentibus, nam non erit k circuIoCR di- 
verfus. Ciim vero haec proprietas competat cuilibet 
diametro pr^teraxem^ etiam axi competet ; Nam dia- 
meter axi infinite vicina ab axb non difFert, neque hu- 
jus parameter ab axis parametro. 

Coro/l 2. Coincidente pun£lo C axis vertici G, (qui 32. 
in ellipfi fit major,) coincident etiam ei pun^la B, R, 3 6, & 
arcufque circuh C R qui prius erat extra fedtionem eva- 37. 
nefcet, hoc eft totus circulus C R erit (ntra fedionem. 
Pundto vero C(in Ellipfi) minoris axis vertici coinci- 33>&38» 
dente, arcus circuU qui prius erat intra fedionem eva* 
nei(cet, hoc ett, totus circulus C R erit extra feflionem. 

Corol/. 3. Ardior igitur five intimior efl hujufmodi 32,33. 
circuli & fedtionis conicae contadus qu^m fimplex qui- & 35, 
vis contadus, fed in axis vertice ar£li(Iimus : Nam fi 37, 38« 
-punftum C fit extra axis verticem fimplici contadtui C 
circuli C N O coincidit occurfus N ; In axis vero ver- 
tice his accedit & O, i:e. R. 

Coro//.^. In vertice axis parabolx, determinati hy« 3 ($,3 7« 
perbolae, vel majoris ellipfeos, liquet circulum GQi.e. 
CQ^ maximum efle omnium feAioni infcriptibilium & 
eandem in eodem vertice G tangentium. Nam in vertice 
diametri axi infinite vicina?, quaeqi!Lp ideo ab axe non 
difFert, circuli xquicurvi arcus extra fe^ionem erit in- 
finite parvus, hoc efl non difieret circulus ab ipfo cir- 
culo G Qj & quivis ejufmodi circulus circulo aequi- ^; 
curvo major ex utraque contad&s parteerit extra fe£lio- 
nem. Pari ratione in ellipfi erit Circulus GQ roini- gg^ 
mus omnium fe&ioni circumfcriptibilinm & eandem in 
vertice minoris axis G fangentium. 

Coro//. f. Liquet etiam m hoc cafu re£tam C QJe. 3^> 37» 
G Qjefie circuli diametrum. Unde fumptft in axe G Q 3^- 
= parametro axis, circulus diametro G Q erit fedlibni 
in axis ver^ice G aequicurvus. 

Prop. 



Prop.XII. Theor.VIII. 

50 40 P^^^^^^ contingat utcunque T D /» T ; buic verepa^ 
^ ^ * ralkla F E occurrat feSiioni in fj^pHH^isj ex qm- 

ius ad quambhet diametrum 13 A Q H ordinentur 

EGjFHj^*^^ taauT reaaTO\SipunaaE,V 
' Jint ex eadem parte diametri^ dico dupuim ordimta 

T O aquak ejfefumma ordinatarum F-H, E G ; 7? 

ex partibus diverfisy earum differentia. 

Du£l& diametro T I M, bifecac hxc E F iil I ; A£hi 
E L parallcla T M occurirat T O, F H (0 opus pro- 
du£tis) ia N, L. Ob parallelas I M,^£ L & a^quales 
F I, I E, «quales erunt F M, L M, T N ; fed & (ob 
parallelas) xquales funt L H, N 0,E Gjcrgo F M i E G 
=LM±LH = TO/.^. FH±EG = 2TO. 

Prcp. XIII. Theor. IX. 

■ 

4i| 4^> St Grculas occwrrat Tarahohe in quatuor punais A, B, 

43 j,44i E, D, Fig. 41 , 42 ; Fel in tribus A, B, Q, quorum CL 

4^' Jit contaaus^ Fig. 43,44; Fel in duobus tantum 

Q, B, qmrum utrumvis Q^fii contaaus^^ re/ifuum 

B inter/eaiOyFig. 45- ; Sintjue ah his occurfibus ordh 

,nata ad Tarabola axem^sxL. A G, B I, E I* ,D H,Fig. 

41, 41. A G,B I, ao, Fig.. 43,44. £4^ B I, ao, Fig. 

45*. Hico ordinatas ex und parte axis fimtd Jumptas 

a^uaks efie ordinaiis ex altera parte fimul fumptis ; 

Ordinata vero ex contaau,ubi tres funt occurfus^ Fig. 

43, 44. bisfumpta ; ubi duo tantumyPig.^^. terfump- 

taintelligatur. 

41,42, Si quatuor fint occurfus ; duos ^quoflibet A,B jungat 
A B, & reliquos duos D E occurrens A B fi opus pro- 
dbdlx in N : Inventis redlarum B A, DE diametris P V, 
QjS, in earum verticibus P, Q^ feaionem contingant 
P K^ Q^R concurrentes in R ; erunt ha? re^lis A B, D E 

paral- 
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parallel», critquc (per prop. i8. p. i.) RQq : RPq 
::NExND: NAxNB; fed ( propter circulam) 
NExND = NA)fNB,ergo& Rdq =RPq/.^. 
R 0^= R P. Connexa P Q & bifeaa in O, erit junfta 
R O ipfius diameter, qux ( ob R P= R Q ) erit axis. 
Sed (per prop. prsced.) in ng. 4.1. B 1 + A (j = 2 P O 
=:2Q0 = FE+ HD; & fig.42. B,I-:AG = 
2PO=aQO = FE + HD, undcBI=FE-f 
HD + AG. 

2.. Si tres fint occur^fus quorum unus ed conta^us : 4 j, 44. 
Intelligantur pun£h E, Q, D (qux in prioribus figuris 
divcrfa funt) coinciderc ; Coincidentque re^ D E N, 
Q^R; fimiliter EF,Q0,DH: Eritquc fig.43.BI-l- 
AG=2PO = aQO,/.<?.EF + DH; Vel(fiAG 
fit ex eddem parte axis qu& Q O, fig, 44. ) erit B I -^ 
AG=2P0 = 2 O 0,unde B 1=2. CLO + AG/.^. 
EF+DH + AG. 

In cafibus praecedentibus , fi occurfuum aliquis A 
axis vertici coincidat, cvanefcentc A G, fit unica ordi- 
nata ex uni partc axis xqualis duabus cx partc altcrd, 
vel uni ordinatseex contafta bis fumptae. 

3. Si duo tantum fint occurfiis, quorum unus Q ed 4^* 
contadus & reliquus B intcrfe6tio (ut in cafu prop.io.) 
Coincident punda A, E, Q, D, N ; Efique (per prx* 
ced)BI— 0,0= 2 PO = 2QO,undcBI = 3Qp 
/.r.AG+EF + DH. 

Prop. XIV. Theor. X. 

In Taraboldy cujus axis D AOB, ejus vertex A, jJp 4^* 
qualihet contingens T Dyoccurrens axi in D, Sit T O 
ordinata a punffo T aJ axim^ ^ T ^ perpenJicularis 
ad contingentem occurrens axi m B ; 2)ico^ O B aqm" 
km eJSe femiparametro axis. 

Nam (ob T O |)erpendicularem ex angulo rc* 
6I0) erit TOq — BOx 0D= (per prop. .2. p. 2.) 
B0x20A=(per prop. 2j. p. i. ) O A x param. 

& 
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& (horum dimidia) B O x OA 
deBO=:|parani. 



OA xlpania u| 



Prop.XV. Theor.XI. 
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47« In TardboUy cufm Mis B Q ejsis vprteXr .fi^ ^^ , 

ibameW ^^^^tx^ cnSnata adaxem reSi^a E 
^o L Rfarametrum Jlametri K F fuperari 1 r /iir^ 
metrum axis fuantitate guaJirupJa reffa B C ; i« e. l 
4t4BC=LR. 

In E contingat E A occurrens mi in A, & ex B 
diametruin E F ordinetur BF; erit BF parallela EA^ 
nnde (ob B C parall. E F) erit F E = B A = (per proi*? 
X p. X.) BC, & A E = B F ; eftcme (propter axem) 
aogttlus A C E re&us, ergo 1 r x 6 C (per prop. 2f . 
p. I.) = CEq = AEq — ACq = (ob AB = 
BC) AEq— 4BCq = BFq — 4BCq=LirxEF 
— 4 B C a=L R X B C— 4 B C q; unde (propter aequa- 
lem altitudinem B C) erit lr=LR~4BCyellr + 
4BC = LR- 
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P A RS IV. 

... • ' ' 

Prop. I. Theor. !• 

SjT Circuluj B C D A. fuj>er axi myore^ JEMipfeos^ vel h ^- 
feHmum op^Jitarum ^terrmnato AH^tanjuam *' 
Jiametro defcrtptus^ reSfam fuamvrs I E Tfe&iohem 
n>el utramvis feffioptum opjpoj^tarmn ^fcuftfU^ iu T 
s tartgentem fecei inC^ HpunffiSy ^inhis )rigan^ 
tur adcontingentemt^pendiculares C F, D H occur^ 
rentes axi in F,H ; ^ico reffangula C F x pft B F » 
F A> A H X H Bj/ffo invicem^ CT Jttart^ pam^ur^ 
mxis^ ejfe ^uaUa., /. _ / ^- 

£x A & B ere£(x acl axem perbendicumres ^qntin- 
gentem lccent in G, I ; ptodoaac li opiw CP^p )Ht cir* 
culo denuo occurrant in Ky L; produ£laqu& dfehique 
(fi opu^) contingens occui^rai axi inE^ velQf ei paf- 
ralkla* Si occurraf, erit ob fim triang. • « > 

E fr: EC : : B I : C F, & ftfpptcr circujum' fi B,: 
EC::ED:EA:: (obfim. triini) BHr^AtSVon 
BI:CF::DH:AG,hoceft,CFxDHbbBj>A 
== (per prop; lo, part. 2.} | figurge Axis. ' ' *\ 

Sed (ob cnqrdas C K, D L ad cbordam C Dperpend^ 

culares) erit C K ==2 D L, &, cura fii B A diatneter cir- 

culi, efit<JF=:iHL»HD=FK;nndeCFxDHt=5 

CFxFK=BFxFA=:DHxHL=fAMxH,B=^ 

^ (prius) I figur^ axis. * ' ' ^ ' 

. ' Si -Goiitingens fit axi parallela, guod fieri potcft iii 

Ellipfi; erunt CF, DHadaxem perpendiculaires» & 

tam fibi invicem, quam re6lis A G, BI sequale$; Unde 

^ CFxDH=IBxAG = CFq=BFxFA=t)Hq 

;=AHxHB. ^ ' ' '-'"' ^ ? 

M Coroll, 
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C(jr^//.i.ObAHxHB = BFxFA,critAH = BF, 
&BH = AF. 

C^r^U. 1 Om ^oobus ta&taiB hojalipo dip u nflis H,F 
intra Ellipfip vel utramque fedtionum oppoutarum coo- 
venire poffit, qDbd fit A'HxiiB&BFxF A = |fi& 
axis; iiquet eadem pttn£bi H^ F eile omnibus conuo- 

gentibus commonia. 

. .' • t 

Prop.II. Thcor. IL 

.\ '. • " ' • . ■ . '. 

j, /n Tar^MJ^T A, ^ ah axcos A K verficc A mgatm 
ufyuc.ai^ fuamitbet contin^eutem T E perpemAcukm 
AG..^, ^j>unS[oGere^aadcmtif^entem pcrpen- 
Jicu/aris. G H Jecet axepiinH; JSrU utifuc HA 
z=:\parametriaxij. 

A ta£lu T ordiiiat& ad axem T K, erit (pex Prop. i.j 
Part. r) A E= A K, unde G A = 1 TK,& G A q=- 
(obang.redl)HAxAE = JTKq=AKxJPanuB. 
= A Ex| Parm. uode H A=2 Pataoi.. 

. Aliteri ^Quderari ppte(t ut cafus prop. praecedentk 
Nam Yi Hyperl^ola vel EHipfis A T vertice B in jnfim- 
nitum abeonte mutetur ia Parabolam. cjrcu}us diaine* 
tro A B degeherat in jLofeaip re£bun ad axem perpea- 
dicularem» coinciduntqfie punfla Dj G, hoc cQ, re&z 
Dfl, iJH:; e%icHAxHB= ABxJparam.& (ob 
B infi&ite difUns) H B ps A B, unde H A f^i P^nim. 
axis A B * idemque pun£lum H erit omnibqs cQntingen- 
tibus cqmaiune. 
1,2. Z)g^Puii£la H, F (Prop. i.) Vetcribus Tunffa ex 
compofatiQne, Neotericis FO^CI ^xscUMBI L ICI 
appellantur. . 
3. De pun£lo H in ParaboI4 (JProp. 2.) Iilent veterei^ 
peotericis tamen ob affe^lionum umilitudmcfli iifikffl 
nominibus infignitur. . . 

Cmllaria ad duas fraced,jPrdpoJitioncs* 
CGroll I. Unicus ell Parabolx iocus*, Se^Uonum pp* 
poficarum, & Ellipreos, Bini* 

Cmt 
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Qaroll. 2. In Se£ttonibttS Oppofitis & in EllipG, jun- i) z. 
6ti% I H, G H,erit angulas t H G reaus, Namob A Hk 
HB = lBxAG, I. ir. AH:AG::lti:F}B, &an. 
gulos ad B & A redlos, fimilia eranc triiingula IBH^ 
HAG, & Ang. BIH=±GHA=rcompl.ang. IHB 
ad re&um, promdeqde I HG redlus : Pari modo jun- 
dis I F, F G, erit ang. I F G reftos. In Par^boia, ciwn j^ 
p(Kft£);um I infinit^ diftet, AxxGA, I H parallel^ T E, erit 
ang. I H G manifefte re£lus. 

CtnroB, j. Atque hinc in bppofitis Seaiotiibus &E1- i, i. 
lipfi, Circulus diametco I G tranfibit per utnrmqae for 
cum. In parabol^ vero hujulmodi circulus (ob I G ia- t. 
finitam) degenerat in reftam G H. 

CtitoU. 4* In omni Sediofne Conic^, quse F E ex fo- 4, f . 
corum alterutro F eft ad axem ordinata, zquatur axis 
lemiparametro. Nam -in Om, Se6l:. & Ellipfi fit C D 
axis minor, erit (per Corou. 7. Prop. 23. &Coroff. 4. 
Prop. 04. p. I.) ' 

i c. F E : D G : B C -H- proindeque F E = | param. 
In parabola (ob B F zr { pat^am. ) erit param: x'| ^ param. <$< 
= r E q; unde F E 5=1 param. 

* Corou, f. In Ellipfi, fi C D fit iemiaxis minor,erit con- ^. 
neaca D F vel D H aeiqualis femiaxi majori; Nam F Dq=:: 
CDq + FCq= (propter CoroU.±. P^bp.a^. p: r .) B F ;c 
FA+FCq = BCq^undeBC=FD. 

Iq oppofitis Se^onibus, verhyperboll^ fi cdtitin^ns y^ 
in verhce B x)ccurrat afyniptoto ih G, etit CG=C F; 
velfi fit CD iemiaxis fecuadAs ipfi^ OBIcdhjugatus 
&cooncaaturDBierit DB=CF.T«im *(CD=Ba) 
crit CG = DB; eftque DBq=CDq+CBq = 
(propter idem C»oU.4f) A F x F B 4-C 5 < = C F q i 
undeDB = CF. : / '^ : ^' • ' 

CoroS. 6. flinc in Ellipfi circulus (jentro D| intervalio 4^^« 
^ B ; : In Hyperbola circulus centro C; intervallo D B 
vel C6> tranfibit per utrumqoe focum^. - 

CorUlj* Si Ellipleos axes fiot stquales, lioc eft fi 4* 

M X Scilio 



JSe£lio Qickcuh^f uterqut focut ^ptro coinvdit ; 
BF^F A;=^CDq= (uthQccafii) BCi^uodccoi 
cidunt F,C»|t?». 
7. Cmlf, ^. Si Hyperbola Gt xquilatera, erit A F : B C;| 

BFfr naifi AFxBF =1 parain « ABsB (in hoc 
lui pf r Cbr^. i . Prop. 24,) B C q. 
7., CoroJ/. -0« InrHyperboke xqutlatene utriyis afyai| 
to^ faa4 GG C5S C JB, & pei G duA^ G F alceri afymi 
to paralTell» hoc eU, ad C Q perpetidicukri; Hafic 
, focum tranGbir* Nam ob utrumque ang. G C F^ G 
fcmirc£ium, erit G F = G C^s (cx conftril£l) C 1 
, CD, craoCF=DB, 

j' Caroi?* ib. In ParaboU, i^. focQ H ad cojullibct cobj 
^ t^entb 7 E medium pun^UfQ G.iluda {e£b HG 
^ ad contingentem pcrpendjcularist Nam oon * ^" 
pcrpcndic^ari \ pun£tp (^ eoe^» 
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- Prop. III. Thcor. m. , 

8rp. /a IJ^^perie^ vef &ffiohihtr pj^^hii^ m'EBipfh 
. ab utftmefKo FJH aJpmMsfeiimisimfiffimT^ 
uhi recjfa CfE emJem €mi»iij agantlur Uad 
re^4^ V T,HT ; 2)ic0 ^i^nIumFTC^HTB. 

^ . Occurlrat px;imo . CT E^jci in £. Stantibus ctrculo 
& rcftis C Fj J) tti . ut privte. .: 

g InHypierbol^vielSeatOpp/QrdioatiadaiKBMrQSI 
XK,pcrEduqawXEY'pwaHclaTK'i.^. adBA 

^*^ perpcnd|colari$ fepamcircuhno ioX|Y; Cum Gt proptct 
fcaioowi (per Ara^/l !• Pr-opk ufm*^.) B.K:K A;: 
pEiEJi, c^tingpntea circaluot in X, Y okibont fd« 
per circqli di^iqeqroB A (per OfMll 1*7. nrop.^d. p 1« 
& por pco^ u > o.) in mq^o K^uodc (per Prop. j. 
p.a.)CT;TD:':CE;ED. 

p, . 1 n B%ii^ ordinatft ad a;xcm T K,r& prddudlft ad cir- 

' culumin l^Yrcum fit £K:K A::BE:EA,ooa* 

tingentes circulqm io X^ Y coibum in E» Undc (per 

g^, Pfop, uf. 3.) erit in Blbpfi (uti priuj in HyperboU) 



C f • 3 

e X:^T©: :C E : E Rjj ((* •fim. Irij^g,) «F ,\DH; 
crgso obi3ei^uaI«»aQgula(,<r«^rcilioetyf •ClI^tHIXT, 
^ propertionalia latera, erunt triaineul^ C T F, O T H , 

fimilia, Unde Ane. F T C = H T E. 

Si ^n BUiplt) 11C G T B (Ktndlela fiUym j^f k m- &^ fg- 

>.....'».> -^ • • ••?<,.•• 

SrVmrtb^km m/itgat utctm^ C T G. r>9 T, ^a^mi lo. 
wr^T(^/af«mH/iiag;#/TH,d*f^T^«/»rFT 
4W*' HE p0ralkk\ SUc&jtt^., F.^C:t=H J.E. 

. Mattefldbus quae in Prbp^ a. ob. K A :7 A E^tit T G. 
t$=: G£y undei(ob aog. T GH Hcflum) fit«Uifti& jequi»'^ 
lia jerunt trianguk G T H, H E G ^ ei^go Ang. H £ G# 
f. ^. FTC=3;HTG. V ; , 

AliteaTi Si EUipfisi vd Hy|)ctboIa^ (fi)Go F in infim^ 8, p^ i o. 
tum abeunte) convertacur « inparabofaiiti, iiei F T pa* 
railcla HE; cftquc femper Ang. HTE»FTC. 

Qr^i. i/ Si dufc pHrabdam iit>am^ntaj & £> D fi ^ ^* 
concurmm in E, coiiaeskis DH, HB erit angulus ad 
fbcumI>HB::r:.2DEB. Tattg^ntes (earitin,linil pro<^ 
dudtll) occurrant axi ia C^Iy fiatque EG axijparallfita ; 
Ob^ang. HD 1= HI D &:HBC2HCB, etit ahgulu^ 
DHL=2DIH5=aDEG,A LrH9&:|.BCH=it 
xBEG; UndcDHBc^aiD.EE Si|mbaaa>&:fmc 
ad diverfas partes refibt ctmjrftiflpitis ta&isD^;.olteii>' 
detur angulutti ad .foctiarstqttakmieflEe.dupio loomple* 
oientiAngoliDE& t i ^ 

Coroii. 2. Continge^tes. ia eKtcemis B> D nSti^ cujui^ i^* 
vis B H D per paraoolxdRicanijJu&M^oiiGiirieaces^^QD^^^^ 
ftituuataaguIumBED rci^lum. Nam oftendetur ut 
in priore Cbro//. Atig. BHL + DHL, i.e. z. Reft. 
KiBED. , 






. •_ ,.^. ^.Prpp. y. Theor.V. ' 

tovvpie fm HtF mJ jmiQ^' Se&mis>pm^um T 

timmtw 



^ C>4] 

Jticanim yM^ HT^ FT ; ^o in EMfififidttmmn 
iffmm H T, F T, in HypirMi emmdcm ^^cren- 



g Q Maneiijtibtts quz in Prop. 3. Sit eeotrmD O, & con- 
' ^ iie£Utur O D, vci O C, tf^r :^ : O D, reaaqueH D pro. 
duda oocurrat F T prodD^x ( fi opus ) io S. Propcer 
Ang- HTD= (per Prbp.30 STD, & ang. TDH 
f^ons eritSTs=:TH&SD=DH; cfiqueiiiEI- 
lipfi FS=F T+TH,ia Brpeiboh F Sri:: FT—TH. 

Propier F H & S H bileaaain O & D,erit O D par* 
«UelaFS, &FS = xOD= (ob circulum) AB. 

OitolU I. Si ab utrovis foco Hyperbolas^ vel Se&Opp« 
five Ettipfeos ad cojuflibec contingentis T E taAum T 
ducator FT, & ^ centro Seftionis O ad contingentem 
ufque agatur O D ipfi F T Darallela ; erit O D aequalis 
. iemiaxi O B, vel OA. Inbioit enimin punAum D, ubt 
contingens TD circuio^D A occurrit. 

Coroil 2. Re^ng: F T xTH stquale eft |^ fig. dia- 
metri per T. Nam ouiliB AG, B I (ut in Prop. r.) cir- 
culos diametro I G, qoi per (Cm>1L 3. Prop. x.) tranfit 
per F, H, fHropter ang. TDH reanm & DHb= D S, 
tranfibit etiam per S ; unde (& ob ST=:TH) erit 
FTxTHj=tFTxTS = ITxTG=-(perCcrfl//.a. 
Prop. 10. p. x) \ fig. diametri per T. 

^ife/fHiRi. Focorum altero, rx^r. F^ in ii£tiitum 
roigraute & &fiiotte tn Paiabolam muutj^ tam | fig. 
diaraotci per T, quam refisang.^F T x T H fiont.magni- 
tudinis infinitae ; evaditque T H;r: } param. diametri 
per T, ut deinceps monlirabimus. 

i«/». SD = DH; &rF5=BA. 

, V Prpp.Vi.Thcor.VT. ' . 

1 3 > 14. lifJcm pofitis\ In HypCYhoU velfeff. opp. ^ £iiipfiyfi4 
taffu T creBa ad contingentem perpendicidmts T V 
fecet axim inVy^abV Jemittanttcr ad FT,HT {fi 
opus produBtts) perpenJicnlarcs VX, VY; fHco TX, 
%Y effejibi invtcem^f^ nxis fcmiparametroiOjfudes. 
• > ii Idem 



t J^l 

Idm erit in Tardbola^Ji ai bujufmJi punffo V Jefmi* if. 
iantur perpemlicukr^s ^JreSfam T. H unicum fcffio- 
uisfocum H fy taStum T conjungentem^ ad reSt^m 
TF per ttbSum duBmn axi parattejkm^ . . - , 

Proptcr angolum C T F ss= D T H ( per. prop. 3. ) 
& V T ad C T perpe^wuliiiQn, crit amg* Y T Y = 
V T Xi & (ob angulos ad X & Y redlos^ & communc 
latus TV) crum trkng^ifci V t X, VTX fiwiiia, & 
2cqualia;unde TX=TY: Rurfuni (obang. CTV 
Tcaum) erit T V paralWa CF, & triangula FT V| 
FSH .firniiia. » , , 

Icqp, X ob ang^lum TX V rcflum, &. T V U F C ) 
TriaiiguUTFC,VTX fimijiia fum : W«de 
T?S;$H;:FT:Xy &; V ,^ 
, T X s F C : : T V :F T, Duaifque &C. . 
FSxTX:SHxFC;;FX.xTV;FTxTV/Hoe 
eft,PSxT^=SHx.FC^(cxnota i^racccd.) aDH 
xFe=FiP?r Prop.i.j J4)arfm.;xABjJed FS (pcf 
floum ptasced.) = A B> ergQ T X = \ p$if a^.^ T Y. 

In l^raboli, Ordinaiit a^ '^<CKn TJUvCr;i: (utin pri- ^f^ 
ore parte) tdang. VTY.= & fim. V TX = & W 
VTL, Unde YX=xTX = L Va= (per Prop. 14. 
p. 3.)fP«ifam. , , i ; 

Hoc ctiam in Parabol^ vcl inde li999> qpM EUiplcos i j, 14. 
velHyperbolx foco akerQ. F in infinituai abeume» & 
fedtione in Parabolam mutat^t fiat T F axi ^paraliela. 

Coroil. In Hyperbolft vel fea.opp. & f U^ifi^ Xiim fit 
obfim.triang. TY:Hi:}i::TV :TH & < 

^^}:FC::Ty:T^,Erit4uais&c. xj^,i4^ 

. . ' ^ ^ TYq/:Hbx;FC::fVq:THxtF; 
.Hqc.cft, T Vq eli nbigue «d J fig. ^i^eiri per T, in 
conli^nti ratioiie \ qu?dr param. ;^xis, ad |.fig. axis^ 
IdepqucTV cft ubiqufc ad icmidiamctjHim . temjdia^ 
metro per T conjugatam, in conftantirr^Aioiie iemi-* 
parametri axis majoris vel dftermipaeiad&p^iaxcm huic 
conjugatiftp ; ncmpe prioris /^ladiiplicat^ au^ 

Prop. 
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* ' cmtittgentis G T /<ftf« T ereSta ad eoHdem Mrpm- 

. .'^iCfi/MisT). y /echijlifnifrVyfuHffisf T, TH,«/ 

/« pr^bceAmibai i 10ko inffypetboJi /iw feS.^ 

VHitVf^Vtoiiif£iSf^VnitV^-^VTn 

=r H-T X T *• ^ {^. »5f«w/r//w' T. 

Da&iiAG, Btf utin {ynecdksotibin, & dJatDCtro 
GI defcripcQ circulo, idem (per Coro^. 3. rrop. i.) per 
fo^ l^j^^F^trtHitibit: PerV^ c$#coli cemriiitf M dn- 
£la VM-o«6«irrai<cnrculain 0,P{ Erii (propti^r «ir- 
culum, & ang. VTG reftiim)' in-feJL^opp. VOx 
VP+MCi:q^a=VHxV^4M0q=MV^^VTq 

+HT^:=yTg4-.TP'xV;H-{SoU^^«^^ 

t VF .- V T q s= T<j «T ^fci ^ fig. diam. pet T = 
(p9t'0>riSflH:Vtw. p)VHxre. 
f IiiEliipfijTMOq— Vp«eVPi=Maq~VHxVF 

=MVq^tT4]SfT<^YrT^4{MoJ}trGtx?l-, 

Undc erit VHx VF-f.yTq = TGxTI==|fi& 
■>-.:•! dJairt.=i3THixTF;- '!■••'> 

QroiUt. HiRC,&;perlemtoai.p.t.ialeft. ojmL AVx 
VB — AHxHB — VTq, ih Ellipli AVxVB- 
A HxHB^-TTq=THxTF. 

CorolLx Cam ut per <^cro/S^ prop( d. •. *' • 

i?,U. • ' . Ci ' TH/TF -v 

ili^TYa:HDxFCi:.Tyq:imHyp,VHkVF--TV<)f 

' ' ; I -^- i : . ■<■■ imEllipiVHxVF^l-TVq.J 

eritcofli^ Mtat^div. Ht)iKFC±TYqf:TYq ::VHx 

VF: TVq.-' Hoc efl, H V X VP eil adTVti in con- 

ftaoti ratiooe \ fig. axia in-Hyp, +, in BliipC — j 

qnad. pttam. axis, ad | quad. param. axis ; Vel (propter 

Gommunem altitudiflem vizt leffliparam^axis) id-ratiooe 

iemiaxislejusiemiparaaktrDj-ad^^IilD^ienipRtattietrom. 

" " Propk 
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Prop. VIII. Theor. Vnr. 

Jn imni Seffimt Cmci\fy in Spffimius oppoff^' jS^i^^ 
fis, Ji perfocum F agamre&a hnea PF L fectio-^mi^h^ 
ni^ velfeffionihis dppojttis occutrens in P, L pun^^^f^^ 
SfiSj inquibus Je&itmem^ velfe&iones oppojttasscm- 
tiujgane P£, L£ ccncurrenSes in E,\five fdr/e iu'^ 
ieu fe pmatteU ; Omexa F E, [w/, /? cmtingen^^ 
tes JintpmalkUe^ Juffa.llK bis paralk/a,] ^tco angj 
EFP reffum effe. . - 

Invento axe C F A^- in ^troris gtis extremo [vel u* 
nico in Parabol&3 A, erigatar a() ^undem perpendica^ 
laris A D (a e. comingeds) cui produdta (G opus;) L P 
occqrrat in D, ?el Gt et paraDela. 

Si occorrat. A pundto D ducatur (per prop. 4^p.2.). 
coQtii^ens D I N } occurret hxc axi in N, vel erit ei 

paraUtla^ - ' '; *" 

Ta£b» A, I jongat it^ A I, fecans L P in M, haec 
produda (per Prop. 7. p. 2.} tranfibit per E, re^aque 
A E in p^n6lis A, M, I,E (per Prop. k. p^ 2.) harmo- 
nici di?iditur. 

- PorroiliHyperboH,SeftionibusoppoGtis,&EllipG^ 
in altero a^is extremo C lit concingens C G, occurrens 
' D I N in G, & conneAatur E G. 

Si quidem rc£ta DI G N occurrat axi in N, (quod . 
iemper fit, iinico cafu in EllipG excepto,) eadem (per 1 

OtroU^ Propp. p. 2:) harmoiiici di viditur in D, I, G, N; 
aliks bifar&ni tamilm dividitur ^ pun6tis D, I, G. Efl: 
verb pon(%Qm I utrique r^6tae D I G N, A M I £ com- 
mune,& reliquadivinonum pup£la debtto ordine (jujcta 
\jm: Si vel 10. p. 2.) jupgunt rtdx D M, E G, A N, 
[aut' &ltem erit A N pacallela D I J . unde (per idcm 
Lem. 9, vel 10.) re6lx DM, EGy AN in onum 
punAuni coeunt, quod erit neceflari!:) punftum F,^ 
m quod redts PL i.e. DM, & A d /. >. A N priiis 
coibant, hoc eft, redla E Q re£t«t E F coincidit ; 

N undc 



tinde angulus EF?,i.e. G F D (per Cbroff. 2. profi 
2.) crit redlus. : : ' . ' r /• ; 
ip. laParabolft, iDt^ lemper occurric axi, & bifea 
tuc ia D, eftqw {KiaSum I ^ttfriqo^ t^Qf^lpti^ IMAE 
commqne; uode rd^x D M^..N Adh^ uiriAiiqiie i^ 
pun££a debit9> ordioe copjuj9g4mi ^ re^ . £ H ^ ^<^ 
qii9 t>ua£lo E 4u^pandlf l^i J^JJNfy^^oiboi^ (fier Lea 
\p. p« 2.) in unum idecoquejifM^isn F| ini quod ictli- 
cet rei^x N A & P L r. <. .PMfTyn^i^. coibaoc ; )i6e cil, 
couicidix E H i(^ E F ; fi^P^ C<^« '^^ pai^lklas) 
' ang. fi F D i.c, E ¥V=1 D F, qui{p«r (ir^ J(K Vrop. 
x) eftredlus. 

^ .lo fillij)fi,&opp.Seafi ?6;iy£^mi^^}d9e>K& 
P L axi coincidit. :;<•;. . ■ ( 

. S^ PL fit parallela AP^ erit ad axcm ordinat^ 
re^qUe E F axi coincidccj ^quein^^roquQfCarii pro- * 
pofi^oper ieoianifefta. / 
: Qrsu. In Hyp»lK)U vel i^. ^. ppn^orttm L^ P 
aTcero ex.ffr. P in infinituin abeuntC) contingeos P£ ft 
aiymptotos, c vaditque ipfi' L ¥ fiar »llek ; r^lfbqiie E F 
ab occurfu cQ^tingqmis (. £ <:viny «^defii «iytn|«!>p> ad 
focum.^uSa erii tai^ ad ^fyinproMn^ qj^^^d fcStMOi 
L F perpendicularis. Vel bonverfim ; A-b.jE.erefU ad 
aiymptoion peqpetKlicularisit^c? IJ^am tra^libic. 



>*4»*«'. ■' • ^--••w 



Prop. ,IX.. liteMH.IX, 
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^%%\y» Hyperhola,S€aiBmlm$Qiil^'^.^ Afi, 

JZpM!^ ^axis fnaj^r vel iktermnaA^ G JB j i« fflrt» *( /ro- 

««» w-^ ^uGh in Ellipji) fma$$0rpm&m Cji/^^CiABt QH 

\:^H'MQ\S*p$t^Sh(:keteff^ 

, 4uhri C Ej fiuMiur fuo$ltikcA\Hf\^eGti$m velMviwt 

. JeBtonum9pp^punSlum K^,^ f$ichisfuffaKE $xipm- 

AUek.occurrnf QE /» E> ^ ^^ W^/?^iMr AKi 29/^4 

, AB:,GB::KB.:KE. J . ; 

' • 'J* ' •'." ' "•••'. 
' Prodiida "KB (fi opus) occurrat.deitu^ £s6tioni^ [vct 

feStiom cujtiscft toeusB^fipua6him Kfitiidlie&ioneia 

oppo- 



<.< 



~^pp6fitani J idi I. l^pMt. A B : ©tf : ! B H : H C, erit 
idtemandd & cbnipbifdtocb m Eilipli, dividendo ia 
Hy perboll & iedionibus oppofitis, 

AB + BH^.^j, . fGH±HC? .HQ. ,, 
GB f-:^*^l: QIC2 y*"'^ « 

Erit itaqne (ptt^^rt>I^'j; &«:=!»/ i-^ refta '<5Erira 
ia ctijits pani^m ifliQu<>d D cbeitnlt re^ KD, iD 
fe^ionem vel (e^hes ofH^ofitas iii pun^is K, X tatT' 
gentes; dudique DB, ,ene (per-prpp.- prxced.) 9^. 

1> RK roS|a$, & ob aogdlutn D^K par^te^ reduin^xrii- 
cultnidiait^irdK Dper ptrn^a E, B tirahBbit: ■ ■ 

Dd^ A k (& ^ opbs {frodo^) iececcncaldm ui JP, 
& conneaantur FE, F R .''-'* 

" Pfoptef ang. #K D (per prop. 5;) i= BK D, erif ar- 

•cuslCF = K F, mtlhtrik K F ==« B,3C proindeCPff 

. prop. y.) AF=GH. ■ = V • .- ' ^ -' 

Horrb (bb reStai paialtelas) ' erit aneoltis F K£ i±: 
F AB; & (obFK = KB)eritihEI%fi&bpp.fea 
ang. F E K = K F B, i^ hyperboia vero ang. F E K= 
cooi pl. K B F = (ob vfitim K F = K B) complemeiKo 
K F B. />. B F A ; U nde ia omnibus triangula F E K> 
F»A^fiminaTontftJaae *' ^^ - • : ' -^ 

> ^ * • t (j tir " • 1 K B f * f *^ - . ' ' • 

Ci>roU, Ih HypeWwa vcl fedt >M ^iiai K.rf- a- aa. 
lymptc^ LM paralleW, odcurreatet E ih N,crititN 
t= K Br Nam daa» '» t parall^^ CE occant^ie a- 
fymatdtb i(i L, crit (|>cr drffi? y . ptep.'i.) M L = M B ; 
o-o&liite. trianir; "-'^t- " '*• " • ■'•''•^ 
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eccurrat QE inJS^ o* ^emcB^wr BK; mq BK 

= K £. \ / 

DQd& contingeute MJSIG, & 6rdinat& K 6; ob 
ang. MKL (pprprop. 4.) ^ssGjtB =KGB, crit 
ijr B 7; B K : Seq (pcr prop. 2. p. x) G H = H O, unde 
acTditis aequalibos I^B^ C H^ crit G^ /. r. KB=CO 
^ (ob re£Us parallclas) K E. . ' 
2021. Aliter^ . cdnGderari: poteft lit cafos praccedcntk; 
' ' nam fi Ryperbpli yd Ellip&y foco A in infinitum mi- 
grantCymutetijr io Parabolam, fit A B = G H &,B H = 
HC,undcBk=KE. 17:3, 

23. CwqU. Cum fit dxsr.prop.. i;;^. a 7.) H quarta pais 
lexcief^As parametri diamctri}CLiu{3tffat parametnim.axis, 
& CH = HB (per prop. 2.) fit guarta {nrs paramcGri 
axis; Li^uet I^B five K£ =p C6 xquari quartx parti 
parfiipetri jdifinntri K 11 

Prpp. XI. Thcor. XL 

^ V- git Tarkhle vel Hyperhhe f^m B, fypcr B */ cmn 
crdmata BI;^ Stfnjptpjue tnfeffiane velutriw jeS^ 
ofp.. punSa ftioyis K, ftgatur K D, r« Taraboli axif 
. /^ hfperboH ve^^ froeieS. ofjp. tUrivis a^tnptatopa* 
raJkUy PCCurretisB I (^ofius produSia) in D, if 
P conn0atur 6 K\SiPtu^um D C4M$t/ iitirafeSH(mem% 
pico tpfarum B |C, K D ftfmtnamj Si extru^ 
rundem £fferintiam^ aqualefn effe fefft^^an 
trqafcif. c". . ' . 7 

.'•.■» •'^l \ f . ' , ' . ■* 

Sitre£la C !& eadem quas in prae^edentibDS^ cuioc- 
currantKD (fi opus produda) in £, IL vcrbflu^bi 
ipG K D parallela tn L* Eftquc {pcrfibroff. 4. prop. 2.) 
BI = Snniparametro axis = (perpneced. vcl caroll 
propi 9.) I L. pr Job rcSas panulelas) D E» = K £ 1: 
K D vel K D — K E> = (per piauicd. vel cr^« Rtrop. 
a)BK:^KDveH?:D~BK. 
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. CoroU. Si BK fit alteri afymptoto parallela, erit tri- 
ang. BKDifofceles; &obBK4-KD=BI&BK 
=: KDy eritBK = 3 B I = | parametri axis. 

ScboUum. later Pairabolae diametros & re£hshy- 
perbolx [vel it&. opp.] aiyinptoto parallallelas, maxi- 
ma eit (ut pffiin obfervare licuit) affinitas atqoe 
analogia; cu]us rei ffiodb oftenfae jiroprietates (unt 
infignia pras aliis txempla. 
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Propofitio I. ProbL L 

I. /n pkno ftmis. A C D, ^a/i pofitime reSti A CF firo 
Jiametro feffionis conica [velfeff. opp.] qiue tn fyp. 
vel feff. opp.fit deternunutay cum utrovis\ vel unico^ 
ejus vertice A, fy 4nabus orJinatis D C| G F, adean- 
4em in qmvis anguh ACD inclinatis; 
%^ 3. Veldatk {ut prfks) diametro A C F, cum utroque ver- 
tice Ay F| ^ unici ordinati C D^ ad eandem in an- 
gulo A C D mcbnati ; 
^ Pel denique iSametro A C» rnr j» uno vertice A, (3* ^^^' 
^' ri or^/na/i C D, addiametrum A C/ii^ 4»^«^ A C D 
inc/inati, 6" ^^^^ D T /r« contingente in ejus ex- 
tremo D; 
Hujufmodi feStionem in fuperficie conic^ exbibere. 
Oportet autem necpunSta G, D, nec reffam D T, cum 
dato vertice A in direSumJacere. 

j i.T)Roduaia DC, GF in B, E, ut fic CB =C D, 
Jt E F = F G, Pcr parallclas B D, E G iranfeant 
duo plana inviceo] parallcIaBCK, EFI, ad planum 
ACD ^uomodolibct inclinata; In quorum utrovis, 
ix.gr. m illo pcr B C D, fupcrBD tanqu^m chord^ 
fiatuatur circulus B K D L ; cx C erca& in codcm pla- ' 
no ad BD perpendiculari LC K occurrcntc circulo in 
L, K, per re&as A C F, L C K tranfeat planum fccans 
alterum cx planis parallelis in F I, quae proinde crit 
udLCKparallcIa. 

Conncxa A K vcl A L ex gr. A K, hacc (produfta fi 
opus) iccet F I in I ; deinde in plano E F I pcr pundla 
£, G, I deicribatur circulus (ecans I F in H ; connexa 

♦ denique 



icnkfoe HL (ecet AK (utpote in eodem phno £[• 

tftlD) Ut V. 

foperficiei conicae, veftice V, bafi circulo B K D L 
vel H E I G , genitae, cum plano A G D imerfe^o, 
«f«« £;8ADG, eft (e£lio propofita. 

Ob xtaas BD» EG, & LK, HI paralHas^ & ang. 
BCK (ex conftr.) r^um, erunt LK, HI circulo* 
min diametri. Bifeas L K in N, dua&que V N (& «1 
opur pEodudli,) bifecabic hxc H I in M^eritque V N M 
coni axis «tr^vis bafii Vertice V ^enitt. 

Pcr V N M tranfeat planum iecibs circuli L B K D 
pbnimi hk N P, planum vero circuli fl E I G in M O^ 
eoruoNjue peri^erias inP^O, & conneftantur PV» 
OP. 

Exvm (<4> plana parallela) P N» O M parallelar, & 
proptefe^ qy5d N, M fint orculorura centra, erit N K 
= N P, M I = M O, & ob fim. tr iang. 

VN:VM::{^^}:{^^}underea« . 

V P) P O in dire^m jacent, & fic ubique ; . Una itaqoe 
esRJlemque eft fuperficies conica five bafi L B K D; five 
H E 1 6, & vcrtice V genita. Tranfit verbper punfta 
G, D, A, B, E, bifecatque ACF reaas BD, EG, ia 
C, F, unde (per Cbrcfl lo. prop. 20. p. 1.) cft haruu| 
diamater; idcoque ie£tio GDABEcft &ftio pro: 
pofita. 

su^ deitur unica ordinata CD atm ntroque vertice 2., f. 
a,F: Faaa CB = CD, dnftoqne circulo LBKD, 
& if£ik LC K, ut in priore cafu ; In plano per A C F, 
LC K connexa L F occurrat connexa? A K in V, erit« 
qoe fuperficiei conicse verticc V, bafi L B K D, geni'. 
tft^ cum plano A C D interleaio, viz. F B A D k(Slio 
propofita. 

^' Tranfit enim pcr puttiSla B, A, D,P ; Si ver6 pla- 
num fecmidAni reaam V K fuperficiem contingat, le- 
oatii pkmimi circuli in K Q, jnanum wo feaionis ia 
AR, erit ang. CKQ rcdkus, adcoque KQparallela 
C D^^vtis^c lemma.r. p. 1.) eH pandkla A R;tangit 
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Ter6 A R <e£Honein in A, bifecatQue A C reftam BD ' 
in C> unde (per cmU. 1 1. prop.20.) eft re^ B C D k« 
oue huic pandlehrum diameter ; ide6que . F B A D 
lo^io propofita. - 
4. 3. Si, dato unotantum vertic^ A, detur onica :ordi«^ 
nau D C; cmn reft^ DT pro contingente in ejiis cx- 
tremo: Dudo circulo LBKD & re£U LCK» ofe 
priits^ circillum contingat D X in D ; Per D T & DX 
uanfeat ^num iecans planum per AC» LCK in 
redli XT (nifi forte tuerit planum TDX plaoo 
A C K parallelum ) cui occurrat condexa A K in V ; 
Erit fuperficici conicx vertice V|bafi L B K D» j|;eiiiiae^ 
cum plano ACD mtikdxoiviz. B AD| feAio pro* 
pofica« 

Tranfit enim per B^ A, D ; Et ouoniam, coiinexi 
Vp, planum' VDX tangit fupernciem , reda DT 
fqux efl; w plano contin^nte) tange^ fe&ioncfli: 
Qu6d ver5 reaa A C fit ordinatx B C D,ataue huic pi- 
raHeiarum, diameter, pacet ut in prioi^e caiii. 
ftHfj 6«^ Si in i'"' vei i*** cafu datus unus vertex A, m.x^i 
«e^* daobu$ alteruter A^ infinitfe diftet, (non exiftente in i"* 
connexi G D; in 3^'^ refla D T paralleia A C) hoc el^ 
fi reliquis datis, exhibepda fic fe£lio quz fit Parabola; 

g'u£l& reSi AK parallel4 ACF, manet reliqua cott^' 
. rudlio : Ei^it verb (ob A K parallelam A C) pkouffl 
fcdlionis plano fecundilm V A K fuperficiem tangeDti 
^ parallelum, ideoque ^io erit Parabola. In ca&teris 
demonliratio haud erit diverfa. ^ 

Si pun£lum V infinit^ diftet, hoc eft, fi refl^e HL| 

A Kin primo cafu» F L| A K iu (ecundoi vel in certio 

K A, T X, paralleiat fint, fit fuperficies cylindrica, qu« 

eft fuperficies conica cujus vertQX infinit^ diftat : > fed 

mutat^ planornm adinvicem inclinatione, maoentecir- 

^ culo s vel ailumpto ma joris minorilve diametri circulo^ 

^ manente planorum inclinationci, venex V ad difiao' 

tiamlBnitam accedet. Idem incellige fi in tertio cafa 

planum T D X fic plano A C K parallelum. ' 

Si pun^ G^ D in primo cafu, vel re^a D T in ter* 

tjo, 



b, 8c datus vertcx A in direStam jacere iiitenigatt- 
ar, Coincident pun^ A^ V, & loco ie^onis conicx 
Nrodibunt dus xt&Xy L e. (e^o per verticeo). 

Si finjul datus vertex A infinitfe diftet , & vel con« 
leza G p in primo cafu, velre^DT intertio^ fit 
latss diametro parallela^ abeunte coni yertice in infi- 
litam, Patrabola in duas re6las diamctro parallelas^ & 
ib e^dem utrin^ue aequaliter diftantes abibit. . 

Coro/l Ciim in quovis hujus proi>ofitionis cafii, tam t, i^ 
arcolus L B.K IX mo^^ re£bi B D eidem inicribi {)o{fit^ 3, ^ 
]aim plani ejuidem circuli ad planum ACDincIi- 
Batio pro libitu allumatur ; His quomodolibec varia- 
is, orientur fuperficies conicae numero infinits?, qua« 
rum qusevis propolito fatisfacit. 

Prop.ir. Problll. 

Z)4/i s in fkno Juabus reSis non poralklis A G, A C^ f^ 
fro HjferhoLe \yel feSi. opp.] ojympmis^ ^ extra 
eafdempunBo B per qmdjeliio tranfeati HujufmoJi 
feffionem injuperficie conica exhibere. 

Per B du6li G B C datas re6las in G^ C (ecantei 

fa£t&que C D c= B G, fuper B D tanquam chordd fta- 

tuatur cujulvis magnitudinis Circulus B E F D, ip. pla^ 

no icilicec ad planum A G C quomodolibet inclinato i 

£x pan^tis 6> C circulum contiugant G E, C F ; jun* 

ftifque ta^ibus £, F , eric E F parallela G C : Natp 

(ob GB=DC, & propter circulum ) G D x G B =:i 

GEq=CDxCB = CFq,i.^.CF = GE; unde^ 

fi G E, C F paraUete fint , erit E F parallela G C ; fin 

concurrant in I, erit (ob circ-) etiam E I x=. F J^ unde 

iterdm erit E F parallela G C. 

Per E F igitur tranicat planum plano A G C paral- 

lelum, fccans plana per A C, C F & A G, G E in reais 

F V, E V : Si vertice V, bafi circulo B E F D, gf nc- 

retur conica fuperficies , erit ejus interfcdlio cum 

planoGAC, viz, BHD, fedio propofita. 
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Um, ciitt] ftdiio fiat ^ plano G A C plano ^ 
ticem E V F /fuperficiem fecante pairallelo, erit: 
bola [vel feit ppp.] Tranfit etiam per 8; "" 
vero plana V F (), V E G fuperficiem ooaicaa 
dequc crunt A G, A C ( per prop. xj. p» t, ) 
afymptoti. 
^. Oo//. Pro varii circuli B E F D magnitudin< 
ejufdem circuli ad planum G A C inclinatiom 
re£lx G B C pofitione» orientur fuperficies coni 
mero infinitdc^ quarum quaevis propofito iatisfa 

Prop; IIL ProbL Iixj 

^Tj 7f 8. 2>atis in phno quinqueptm^s P, Q, H, S, T, (j 
iyir/^fi!i, w/ duo quavisy [ecundum J^m direS 
reliijiuis infiniie difiare pojfunt^ per qua fei 
contcam [velfeSt. opp^ tranjire op^rtet ; Hujt 
feStionem in Juperficie conica exhtbere. 
Oportet autem ex datis punftis nutta tria in dxn 
jacere ; Nec {quodidem ejffit) punffum aliqt 
cundum reSt^e dm alia conjungentis dhreSii 

^ ' Jinite diUare. 

Connexis ex. ^* Q P, R P, [autduSis fecandi 
tam dire6tionem parallelis,] agantur his refpedi' 
rallelx T X, T Y, quibus connexac QS, R S, [ ai 
Qcx> ieciindiim datam diredlionem ad invicem pan 
occurrant in x^^ refpe£liv<>; jun£l3xjue R Q, 
TX in X, fiat T;r : TX : t Ty : T Y, (fumpto 
. eafdem partes pun£ti T refpe^u/, ad quas jacet 
Ipeau .f,) & connedlatur R Y. / 

Per Qducatur QjK ipfi R Y parallela, fecans T; 
in K, fiatque Tat : T/ : : TK : TI , ( fumpto I 
ea{3em partes pun£l:i T refpedu^, ad quas jacet K 
ipe^u x^ & conne£latur R I occurrens Q K in V. 

BileSa QV in M, cpnnexaque R M, perTagaturj 
T O ipfis R Y, Q V pamllela , octurrens RM in ; 
Si diametroROM, vertice R^ ordinatis Q^> T 0, 
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fiat in fbperficie conic4(juxta prop. i.) £b£lio conica: 
£vel leS. opp.] erit eadem (e£lio quaefita. 

Nani reSa R Y (per ccrolL 8. prop. 20. p.i.) ledlio- 
nem in R contingit ; Suntque (per conflr.) praeter ta^ 
&xxm R pundia T&Qa^ feaionem, adeoque (ob 
Q^M =: M V)pun^unj V ; Unde, propter T x\ T/ : : 
XX :TY::TK:TI,feaio(perc(?r.3.prop. 3jr.p.i.) 
tranfibitper P ; & ptopter TX: T Y vel TK : T I : : 
T X iTf (per ejufdem prop. coroU. 2.) tranfit per S ; 
aut ialtem erunt Q P, R P, vel Q S, R S fedionis afy m- 
ptoto vel parabolae diametris parallels?. 

Incidente pun£lo V in Q, diametro R Q, verticil?us ^mj^^fi^ 
R,Q, ordinata ex Tparalleia RY, exhibenda eft^^^J^r 
fkikioy per prop. i. caf 2. & Q V fedionem continget. 
Si fort^ reoa RM tranfit per T, DiametroRT, 
verticibu8R,T, ordinat^ QJ\I, exhibenda eft ie6lio. 

Si ordinata per T tranfit per S vel Q^ Dudi per R 

re^l^ bifecante ST, vel QT, hSc fiimpti pro diame- 

tro, dimidii ST vel QT pro ordinata, vertice R, & 

ali^ ordinati per Q vel S, exhibenda ell ie&io. Haud 

abfitnilis efl: cafus,fi ordinata ex T vel Q^tranfit per P. 

Si coincidant punda Q^ Sy hoc efl:, fi detur re£la 

Q S pro contingente in Q , coincident re£bae S R/, 

QXR, refl:aque Qx /.^. QS (per coroH. i. prop^j^r/ ' 

p. I.) continget fe^ionem, quod oportuit. Idem eric 

de f>undi$ Q, P, per ejufdem prop. coroll. 4. 

Sin coincidentibus Q, S vel Q, P, ordinata per T 
tranfit per Q, Vertice R, ordinat^ dimidi^ Q T, dia^ 
metro re^l per R bilecante QJT, & contingente QS 
vel QJP, exnibenda eft ie£tio, per prop. i. caf j. 

Si P vel 3 ipfi R coincidat, hoc eit, fi detur R P 
vel R S pro contingent^, coincidet R Y ipfi R P vel 
vel R S, propter T X infinitam, vel aequalem T x. 

In omnibus hjs cafibus manet rdiqua, tam conflru- 
Aio,qu^m detqonfl;ratio ; aliquando etiam utraque eva- 
dit fimplicior, .1 

ClJ)Lm haec conAruftio manifeft^ reouirat, qu5d ( ra- 
tion^ munerum qux fingulis puni^is aiiignavimus) prae- 
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te; P vel S nuUum infiQite difi&tj quddque hec P ipfi S, 
nec Q^ipfi^R> nec T alii cuivk coincidat ; ut.in cafu} 
ubi dantur (pro> quinquc pun£)jis) duac redae quas in da* 
tisj>un<fli8 contingant cum iniinit^ diftante pundo, di- 
reae locum non habeat ; Nihilominus ad huncquoque 
cafuai extendi potefl:, Nam fi tangentes Q^P, R S con« 
n currant in A ; per A du(3i rttli A B, iecnndum iiifi- 
nit^ difliantis pundi T direi^bnem, (ecame tadus con* 
jungeqtein in B, bifedftque A.B in / ; duar^m contin- 
gentium & pundii / dpb exhibebitUr ifeftfo^ cvqva 
afymptoto, vel diametris:(fi parabola fuerit^) erit AB 
[velPT] pairaliela: fecu^ enimpropter prop. i. pw2. 
iaon bifecaretur A B k ie£lione in /, quod, ii parailela 
lir, omnino fiet per ejufdemfrop. ror^//. 4. vel ejui^ 
IQ^ ^em partis prop.2. Sin contingentes paralle]as fint; 
Erit medinm punSxmi ta^us obnjungentis B fei^icnis 
centmn», per qu^d fecundum infinit^ diilantis pundi 
dire^ioneRf du£l& re£i2 B C .iecante unam ex tangenti- 
bus iti Cj erit hxc una ex afyinptotis^ fad&que P £ =3 
PC, erkcDhnexa BE altera^ reditque cafus in illQin 
prop. prscedentis. 

SiprodiTobos punAis detur te&z quae in dato pundo 
contiDgat, oportetnt non^^er aliud ex datis pun^is 
traniejcr,; nec fit re£lis iicundum quarum dire^ionem 
aiiqu4xl ^x datis ptindis ijiifinite dillat parallela. Nam 
uti reda in tribus .pun^ f^oni non occurrit, ita 
cbntingens fediionem d noitampliis occurrit^nec potefi; 
efle ^lymptoto hyperboliae «vel paraboke -diametns pa- 
faUela. . , ; ^; . 

Coroif^MiiifCy & cx-'Cfimllpit<yp.i. leqoitur Jnveniri 
poflE fuperficies conicas numer^ infinit^ 
iris prdpofito fStisfacir. ' • . — 

Pfop. IV. Probl. IV. 

IT, 12. ^^r data quavis quin^ue punBa P, Q, R,:S, T [fiW- 

rum ummy vd ^oir^it^^iijlare po^unt^feffiimem 

$upph reii^ comcam vel Jeff. opp. yn plam defcr^ere. Opwtet 

?^f ^<*^f • : ' autem 



auiem iorum nulla tria in direSiumjacere^ npc aVu 
quod jecundum duo alia conjungentis direflionem in^^ 
Jinife diffare. 

Jimais ex-ir. P Q, P R & S Q, S R, [ vel duais fe- 
candum datas direaiones parallelis fi P vel S infinite 
dtfiet,} agantur ipfis PQ, P R refpe6livi parallelae T X, 
TY, tt&is QS, RS in X, Y occurrentes, in quibus 
iumantur pundta ;r, ;^ vel fimul ad ealdem, vel fimul 
ad contrarias punfti T partes, ad quas jacent X, Yj ut 
fit TX : T Y : : T x: T/, & conne6lantur Q;»r,R/ 
iefe in / interfecantes , vel forte inter fe parallelx ; 
Erit puii£tum / ad fedlionem, vel faltem crunt Qjr, 
R/ hyperbolae f vel fe6l. opp. ] aiymptoto, vel para- 
bolae diametris parailelae. Atque hoc modo innumera 
pan^la inveniri pofl^unt* 

Qu6d fedlio conica [vel ftSt. opp.] per pun^a P,Q, 
Ry S, T omnino cranfire poffit, liquet per prop.praeced. 
Ec qu6d unica, per ct^ol/. s- prop. 3f. p. i ; Ad quam 
(per ejufHem prop. coro/lz.) erit pun^tum ^ vel faltem 
erunt Qjr, R^ afymptoto hyperbola?, vel parabolae dia- 
metris parallelas. 

Si, pro duobuspun^^ detur pofitione redla quae in jj, 
dato ejus pun&o contingar, (quam per aliud quodv isproomndimt 
ex datis pan£lis non cranfire oporiet, ) Concipe pun«Sla ^''^^*'- 
Q, P vel Q, S in dato illo punflo* coire, & k dat& im 
ft&Si conjungi ; Et fi duae dentur ejufmodi redae, con* 
cipe pundum R & refiduum ex pun£tis P, S coinci- 
dere, & k fecund^ rtStk conjungi : Et noa erit con^ 
ilrudio vel demooftratio diverfa. 

Si vero fimul cum duabus contingentibus detur pun- 
&um infinite diflans, invento novo ( finite diftante ) 
punfto, ut in fimili cafa prop* praeced. Se£lio hic me« 
thodp defcribi potefl ; Si vero contingentes parallelae; 
fint, inventis (quemadmodum ibi oflendimus) afym- 
ptotiS) defcribetur per prop. fequentem«.. 

Coroff. I. Hinc & ex prop. iS' p* x« cum coroll. $. 
liquet^ Eorundem quinque pan^oruio, utcimque vices 
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pemmtantiutn , ope, eandem femper feftionem [vel 
fc6l. opp.] defcribi. 

CGrolL 2. Et fi pauciora dentur iedtionis punfb, ita 
taroen ut fimul cum aliis datis indd determinari poffint 
totalia ejus pun£ta, ut fint in univerfum qiuinque,(dia* 
metrarum parabobs five afymptoti hyperbolae aireaio- 
ne pro uno pundo aeftimatS, redl vero quas in dato 
ejuulem pundlo contingat pro duobus^) Sedio \&r me- 
tnodo delcribi potefl. 
Exempli gratift. 

Si dentur centrum, & tria tantiim pundla fe£tioniS| 
vel duo cnm contingente in eorum altero, dantur toti- 
dem ex alteri paril^ centri per prop. %%. & cmll. 8. 
prop. 2o. p* !• 

Similiter datis tribus pundlis, yel duobus & contin- 
gente in eorum altero, dat^que pofitione re£ld pro 
diametro cum angulo quem ad eandem faciant ordi- ' 
natae, dantur totidem ad alteras partes diametri per 
prop. 20. p. I. Et fiin boc cafu dentur tria tantum 
pun^a, quorum unum in ipfam diametrum incidit, | 
dabitur contingens in hoc punftp per coroU. 8« prop. 

20. p. I. 

Si detur magnitudine re£ia. pro diametro tranfversl, 
proindeque duo extrema ejus pun£Ia pro venicibus, & j 
unum prseterea pun^um per quod fedio tranfeat, cum ; 
angulo ordinatarum; dabuntur dux contingeBtes ia i 
verticibus per cmll 8. prop. 20. p. !• 

Si, pro Ellipfi, detur tranverfa diameter un^ cum fe- 
cundd diametro huic con jugatl ad eandem in dato aa« 
gulo incIinatS, idem efl cafiis cum prxcedenti. Pro byT 
perboIS vero [vel fe^. opp.] data tranfversi diametro, 
atque fecundS huic conJugat4 fiib dato angalo ad eao^ 
dem incIinatS, du6tSque pro coniingente huic acquali 
& paralleia per utrumvis extremum tranfverfie pun- 
£tum, quas ibidem bifecetur, Redbs conjungentes cen*- 
trum & extrema contingentis punAa erunt afymptoti^ 
per def. ad prop. 23. p. i ; quarum ope^ & alterutrius 
pundlorum extremorum diametri tranfverfae> commo- 

dius 
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diiks defcribetur ft&io per Dropofitionem (eguenteni. 
Si pro Hyperboia [ vel fca. opp.] aut Ellipfi, detur 
tranTverfa diametec ejufque parameter, cum angulo or- 
dinatarum, Idem eft cafus cum praecedenti ; nam ex 
his datis innotefcit fecunda diameter huic conjugata 
per prop. 24. p. ir 

Pro Parabom, datis tribus tantiim^ pun&is cum dia* 
metrorum dire^ione, du£l&que fecundum hanc dire- 
.Aionem re£l& quae conjungentem duo quasvis ex datis 
pun£lis bifecet, & per reliduum pun^um dud^ con^ 
jungenti parallel^, Dabitur aliud pun£tum ex contrarii 
parte diametri. 

Si cum dire^ione diametrorum parabolx dentur duo 
pun£la, & reda pro cotitingente in eorum altero ; Du- 
£^ per conta£lus pun^um diametroj erit cafus fimilis 
praecedenti. 

Datis ver6 re£ll pro paraboke diametro & pun£ta 
in eodem pro vertice, cum angulo ordinatarum, & dia- 
metri parametro ; Dudl^ per datum pun£lum red^ fiib 
angulo dato pro contingente, dud^ue utcunque huic 
parallel& diametrum iecante pro ordmat& : Ex abicifia 
& parametro innotefcit (ex prop. if. p. i.) longitudo 
ordinatsej adeoque duo alia puhoa fedionis. 

Sin pro parabol^ dentur duo pun£ta in quibus datae 
duxreSkx (non parallelx) fe£lionem contingant; Per 
contingentium occurfum & medium pun£lum conjun* 
gentis data puncb du^^ re£lL innotefcit diametrorum 
direftio per prop. 20^ p. i. ejuH]ue coroU. 3. 

Kedeuntqu^ adeb hi omnes cs^us in hujus prop. ca- 
fum generalem ; Atque alios fimiliter cafus e6 reducere 
licebic. , 

ScboUum. Hujus methodi fe£tiones conicas defcri- 14. 
bendi facillima eft atque expeditiflima praxis. In re£lis?« j'»'"^»' 
T X, T Y fumptis T I,T i particulis in ratione TX^'^^"'' 
ad T Y, notatifqueex utrique pun£li T parte 1, 11,111 
&c. 1,1, 3 &t. ad defignandum TI,Ti femel, bis, 
ter &c. fumptas, & per correfpondentia pun£la ( juxta 
lcgem priuspofitaro) dudlis QJ, R i ; Q II, R 2; 0.111, 

^Rj 



Rj &c. in (T, 'Sify &c. concurrentibus; erunt haec toti- 
dem pon£ta (e&ionis deicribendae. 

Ciim ad reftarum TX, T Y punfbimagis longinqua 
deveiitum fueric (jukm pfaxi convenit , aut redarum 
QJ, R I interfe£lio magis obliqua evaferit qu^m ut fa- 
tis accuratd notari poffic, utrique incommodo medeii 
licet, pundlorum prim5 datorum loco, alia & commo- 
diora ex jam inventis adhibendo. 

Innotefcet autem, (6 opus fuerit,) nondum defcriptS 
le^ione, cujus geoeris futura fit. Nam fi jo^xta mm.x* 
prop. 3^ p- !• ^d tria pun6U ducantur tocidem tangen- 
teS| (punais in hanc rem vices permutantibus,) earam 
ope duse diametri (per prop.io. p.i.) inveniri poflunt; 
Quae fi ad eafdem partes cujufvis tad:us conjungentis 
concurrant ad quas ipfe tangentes, Erit fedio Hyper<- 
bola [five fe6liones opp.] Qiiod etiam erit, fi duo fi- 
mul dentur punfla innnite difl:antia. Si diametri con- 
curranc ad contrarias partes ta£tus conjungentis ad qtras 
ipiae tangentes, Erit fe£lio EUipfis; quae etiam (pro 
pundlorum fitu) fbrte circuli circumferentia evadat 
Sin parallelae fuerint diametri, erit fedlio Parabola. 
£t notandum efi, qubd, fi detur una contingens cum 
tribus pun^s, duas tantum novas contingentes ducere 
opus fuerit : Sin dentur dux contingences cum uno 
pundlo, priufquam tertia ducatur, inveniendum erit 
(per mechodum praecedentem) novum punflum feSio- 
nis, ad quod vel tertia illa contingens ducatur^ vel 
qu6cum prius pun^um vices permut^t ; Secus deerit 
punSum quod pundi E in fig, coroU. u prop. jy. p. i. 
{u e. punfili T inj^. hujus proa) munere fungatur^ 
quod ab aliis omnibus diverfum elie necefle efl:. 

Si dencur dua: concingentes parallelae cum uno pan- 
&0j Eric feftio Hyperbola [vel fe6L opp.] aut Ellipfis, 
prout punAum illud extra^ mtrave, parallelasjacuerit. 

Methodus hxc ad cafus, ubi dancur re£tae quae in 
pun6iis infinit^ diflancibus concingant> hoc efi^ ubi 
dantur tria punda cum un^ afymptoto, vel unum cum 
vcr^que^ non excendicur^ propcer duo falcem pun&a fe- 

cundum 



, «aodaitt eanddiijdircAioneiii infinit^ diftahtis^ piroiflde* 
h qoe coincidere ceniendaiquae, nfe X,Y (unoni vel utrani^ 
qoe ) in infinitiun abeant, diver& efle oportet. Hia 
ver6 datis, facilliaii oonficitur problema per propofitio< 
nem ieqoentenk 

Prop^V- ProbLV. 

Z)if//J Hyferhola [vetfeff. e/^.] ufrifne •fympMo /^ H, i/. 
G Hy (^ extrk eafdem mo punao B per quodfeStio 
trottfettt ; i/elJati unioQfmptoto cum tribusfun&ii 
Bf D, F, iti ut ncc omnia tria in dire&um jaceant^ 
nec cotyunjgens iduo aliquafit datd: ^mptoto patd* 
kla\ Seffionem ikfcrihire. 

X. Si detur otraque aiymptotos cum uno pundo B, 
Per B ducantor utcunque quotlibet re&ae B A, B C &c. 
uni aiyfflptot6a in A, C &c. alteri in G, E &c. refpe* 
Stvih occurrente$, fiantque GF,ED &c. ipGs AB^CB 
&c. refp^vfe ^quales^ Erunt pun^ F» D &c. ad fe<- 
ftionem. 

Nam fi afymptotis A H, G H, per pund;um B fiat 
(per prop* 2«) hyperbola {vei fe^ opp.] haec k lineft fic 
deicriptft (propter ceroJl. 1. prop. if. p. i.) non eritdi- 
veria» 

2. Sin una tantum detur aiymptotos A H, cum tri- if , 
bus ponAis B^ D, F , JunStx B D, B F occurrant datae 
afymptoto in A, C, faaiiqoe DE=:Cfi,FG=:A B 
conneAator E G; occorret haec neceilario refias A C 
alicobi in H ; nam fi eflet ei parallela, ob A B = F G 
& CB = D Ey efiet connexa D F parallela A C contm 
hypothefin : Sompti iuqoe EG pro alier& aiymptoto^ 
caios hic in priorem redibit. 

Si ex datis tribos pooAis doo coincidant, hoc efin fi 
detor unum punftum cum rcStk qox in dato pun&o 
contingat quac non fit datx aiymptoto parallela, Con« 
cipe duo pun£la coiocidere & ^ dat^ re£^ conjuagi, & 
non erit afus divcrfus» 

' P Si 
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if. Si cx tribys pitiSDdiiimum iofiaiti Ai&tty boc eft^ fi 
duo ufltiLcn dentpr pvtnSk»^ jcx^ gr. B> D, cQm alterius 
afyoiptoii dire^ione (qosc cai» datae afyiiiptoti dkc^io* 
ne lipQ fit eadem) QmnexA B D occttriiente ^tx afyot^ 
ptoco in C, fadkquc D & = C B, per E fecitiidiini cki- 
tam dire&ionem ducatur £ G ; HSlc pro alterli aiycEh 
ptoto aflumptd, coiifit iterdm {>robl6ma per cafuin i. 

Prbp.VL PrbW. VI. , 

jg 2)4ti fri H/perhd^ Ivcl feJSf.jf^'} axi ^htpr^ 

^^ mtMto vel mqfore ESiffeos^ reSta A B» cp^ Otnifue 

foc0 F^G, laf >AF=GB} Seaimem, velfia. 

opp. defcriberef 

^ In F G ( produdl pro fayperbolft vd ieA^ o{^.) fa- 
b^turQtcQxu|u£punftttmC; centro ntrovis fooo F vd 
G, intcrvallo A C» irArfus cehtno re&luo focp Q vel F, 
iuterVallo CB, defoibadtur arcus circulares feie ifttdr^- 
lecame3 in D; Ecit punAuib ^B ad iiiiidhcsh: Ed* 
demque modo^ novorum pundorum C ope» innumera 
ejafmjodt pondl:^ D invemi^i pbilunt. 
u Juuai$ FD.GD, ObDG = ACV^lBC,FD=t 
JiC vel AG erit«ro Hyperh.FD^DG vdDG — 
F D, pro EUipfl FD + DG, =sAB:Si igitur trant 
versi dametro AB^ & iecutidft bnic conJQ&^ta ita 
futhptft .ut ejus ^uk^atiim aeqtrale lit rS^golp A<S 
kG.By & an^uloordinatarum r^^6,4tixta cmU. o. 
)}rQp* 4. fien intellkatur ieclio{ vel ie^bpp.] ^uiG D 
txigr. ( fi Optis pifodudta ) occuriat in V, & connefiatlir 
4Bi/; erunt (per pfcfp. i. p. 4.) Poci P, G; &.(t)<ir 
,prop. j\ p. 4 ) in liyperb. vel iedLxipp. F rf— 4/G vdi 
^G — F^=AB = FD — DG tcI Dfi— St)^ 
In Ellij^ FV 4- </G = A B = Fp. 4- D G ; qnod ficri 
fipn pqtcil^nifi cofticidiQt D, d\ « fic i^iqa& 



Prop- 
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Pjfop. VII. ProU. Vn. 

2>$tis T^nraioie axe AF, vtrtkc A, &/^« F; SiSlk^ x<- 
nem defmhere. 

In F hy ultra A prodadA, fuinatur A B ;;::: A F, & 
« ducatuT B E ad A B perpendicularis ; fumptocpic in A F, 
ultra A, punflo C, oentro C intervaOo F G defcriptus 
arcus (ecct B E ki E, dciade centris E, F, eodem inter- 
vaQo defi:ripti arcus fefe interiecent in D ; Erit puo» 
a^m D ad k&ionem ; Eodemqqc modo innumera ejus 
pundla inveniri poifttnt. 

Eft enim quadrilaterum FCED (per conftru&J 
xquilaterum^ adeoque paraQeloi^^rammumy undc E D p»- 
raUela A F, & F D =s DE. St jam diamctro 'B A F, 
vcrticc A\ paramctro zs^AF, angalo ordinatarum 
rcfio, fieri intcUigatur ( juxta cmtt. x. prop. 4») para* 
bola» atqAe huic (u opus produ^) occorrat £ D in i^ & 
conncAatur F d^ erit ( {iNer prop. 2. p. 4. ) F focus, ^ 
(pcr prop. 10. p. 4.) E^= F4f; connex&quc EF, 
crunt ob commune latus EF & communcm angujum ' 
PE D, triaogula ifofcelia F D E, F i/ E inviccm lequa- 
lia, hoc eil coincident D, 1/; Etficubiquc . 

Prop.VIII. ProbLVIII. 

Z)4//r dMbus reffis F N, F K^efi i$$ psmSfo F inierfe* ip. 
eanSiktSf ^ in earum a/tera ako fstnSo^ A ; HyPet'' 
hkm [vei feffiones ofpofiias] deferibere^ cujusfocus 
alterjit F, re&a F N axis^ reSa F A afyimptoto pa^ 
raUek^ ^ punStum A adfeStimem ; Oportet autem 
utanguksti^knonfiireffm. , 

In re^l F A» ultra A, fumatur A B = F A» & ex 
B demittatur in F N perpendicularis B N ; In F A, tx 
ntravis partc piindi F, fumpto pun£b Q ita umcn 
ttt fit CF major pcrpendicukri ^ C in rc^m B N di- 
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tnifsft, Centro Cj interTallp C F. defcribacut arcus 
culi iecans BH M E^ rurius temr^Ej F eodem im 
vallo defcrijpti arcus (efe intericce/it in D ; Erit pi 
ftum D ad teAionem ; Edd^mque tnodo quotliber e)i|^Q 
modi pundla inveniri pofliint. -//^ •" 

Duaft A L paralleia F N fecahte N B in L, divi< 
tur N F in K, ut fit F A : A L : : F K : K N , ptddi 
aaqucFN fiat 

i.FK — KK:KN::2FK:KI, ^ 
produftlque FI fiat IG r= KF; Focis F, G, aix(^ 
tranfverfo IK, (juxta prop. 6. ) fiant f^aiones oppa-! 
fita?, quarum uni occurrat F A in ^, & ducatur a / psL^ 
rallela F K fecans N B in L Prop^r proport i . erk 
componendo. 

a.FK^KN;:^^'^^^'^-'}:^!:: (^^ 

prop. 9. p. 4.) F tf : 4 /: : ( prius ) F A : A L; Coriici- 
ount ita^ punao A, a; Nam fi dicatiir F 4r cr F A (ciini 
N L, F A ultira L, A produdise coeant in fi) erit L A cr^ 
la contr^ qu^m oportuit, & vice vers^ ; Unde paiH 
aum A erit ad ieaionem. Rurfus per proport. x al- 
ternando & dividendo 

erit itaq; (propter Q^ol/. i. prop. i. p 2. ) punaum N 
iUud in quod coeunt tai^entes in extremi^ ordioatx 
ad diametrum K F per F duax ; qux ordinata (cilm 
K F axis fit) erit paratlela N B, utpote ad K F p<nrped- 
dicularis; Eritq;ade6 AF afymptoto paralkla ; lecus 
enim occurreret feaioni vel fea. opp. in biriis ponais, 
& ( propter prop. 3. p. 2.) non eflet F A == A B con- 
tri qu^m fieri praeceptum eft. Qu6d vero punauid D 
fit ad fedionem, eodtm modo liquet quo ( prop. prse- 
ced.) in parabol^. 
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/» SiBmihus tippoj^H i^^EJlipjh fitdhimeteT ^tuirois ^^- *'- 
('^«-.^ injeff. iipp.fitjdeterfMHatayk^^^^r^^ 
K'C C^- femidtAmeik lichhda lemiJiameitf(> fL pm- 
f$g0t4 QM\ ^ rtff^ '^'K-Jiffidfietn^ei ittramvis 
Jeff. opp, in T contin^ens occurrai ^ E^' inK, ^ i^ 
taffu T agalur TEipfi AB parallela occurrens 
KCK in E; Z)/c^ CK : CM :CE ~ i. e. CKx 
CE=CMq. . . .. , 

IN Ellipfi jim patct pcr coroll/ 2 ; ^rbp: iVp. 2. gc- 
'n^jralitcr vcro-fid."^ • ^- •' «^ -^ v.Av.2j'.\.'>-- '^^* 'x. 
Doa«: • A O, B L pataltel» C fi^,^^bq[iit rc^io- 
nem vel utramque fe6l. in A^ B condngciAi^^oi^^ant 
contingcnti TK in O, Li & ducatur TF^his paralleU 
occurrens A^B in F ; Wtii ob fimiliia tri&iig&Ia 
AO:FT::DA:B'Fi-& /j:vyl<^: 



i.»>> 




m 

coroU. I. projS^.|o."|ir3-i)C Jiiq i=C^i^l»^(obVc- 
aas parallelas) CK x C E. '' 

Plfbp. t Tkebr. r. * ' +?->• .- . ♦ i ' " 
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^ffii^hvel4ur4Hfm'feSh/^.f^'tonfit^ensJtt^ 
bus amkftfvis Jiiimtri^ cmm»$fr^^ C Mii A C ?,lj? 
^$priid0ist )w l^ D, <vf«rr«/ ; Z>/C0 D T x T K 
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=: l&. £ttm. per T; i. c.{^CG fit felm*Rtmeter 
fecmuh ipfi CT xmpnetf) = CGg. 

Sediooem vel (e£l« opp. in A, B contingant A O, B L 
coiltiDgenti DTK occartencet in O, L; & k T ipii 
A O, ECM, B L'| parallela (i. e. ad diametrum A B or- 
dinau) ducatar TF, ocqurrens AB in F; diameter 
AB (per coroQ. i. prop. i. p. i.} harmonic^ iecator ia 

?undis D| A, F, B ; unde, propter parall. re^las A O, 
' F, B L| re(%i D T ^, (per lemm. 8. p. i.) harmonici 1 
dividitujr in S^.Q» T» L; fed & propier p«ndL reOas, ] 
&AC = CB, erit OK;ts:KL; iinde ( per kom 2. 
vai,pA)TK:TL:;OT:DT;«iidcTKKDT 
= TLxTO s ( ptr coroll. »/ prop. la p> t» ) l fijg- 
dian.perTaCCrq. 

IVop^II. Thcor.IL ^ 

l^ %f, In EUipfi fimmMy m Oppojith fc&itmibiu diffcreniu^ 
WMTft^rimJemiMametri wfiifw TC ^fccmdm 
muc (^fi^dt^e CG aquaRs efifmmfm^ veld^S^ewh 
ti0^ fmdr§Mrfmifmi0cis AC ^femeAkmcof^ 
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kcSki in TcQRtiBgcaa OQpiiqst ^iUu ( & opus pro> 
dudis) io D, K, & ex T fiqrad 4XXS ordinitsB T L,T F ; 

KOg=Jf^iJ-TLqi+|TFq-i^DFqUaTkKTD 
Rurflis t ' 

^^^{KLj+LCq-f-iKLxLCi+^CF^DFo+iCFxDF ; 
unde aemptis atrinque xqaalibus, & re6aua difflidian* 

- .1 *>, TKxTDiSBKL»LC-f-DFxFa4««lpec 
prop. prxced TK xTD s^ip^i-^^^ KJLxl.CH^D F 

.FCj tft veroCT^rsrClyi^^JI^H etgo 




r 

s= (per cofoO. 2. prop. i. p. 2} CMq •{" C A ^. 
lii Se^lionibus oppoGits 

RurH» 

"^^-i FDqVDCq+«FDKDc}+{ LcJ+CKiffxLCxCK j 
nndeTDxDK = FDxDC+LCKCK; 
& addendo utrioque T Q q^ . 

TDxDK+TDq^ r-,^ 

m.TK pI>«DCfLCxCK+^T^^pjj^. 

Eft vero TCq={TFqj^^F^^^^^^ 

& delctis utrinque acqualibnsi crit quadratprum C q 
TCq difierentia eadem qaae refiduorani LCxCKi & 

iFC)Sc / i «• (pcr cproU. a. prop. 1. p. a.* 

lenima praec.) ipfbrom C M q^ C A q. 

Cbrok Hinc in EUipG fumma, in Settionibos oppofi« 
tiff differentiai quadratorum femidiametri cujuAris ejufl 
que conjugata;, eft alterius cujufvis diametri ejafque con- 
jugatae quadratorum fommae vel di&rentiae aeqnalis. 

Prop. III. Theor. II L 
» • 

In HyperMMjive feff. opp, et EKpfi^^re^a D T K 2j$. 2% 
Je/rmem vel utramvis feffmum opp. in T cmtingaty 
^ ere&a nd emtingentem perpendtcularis T V ntri- 
ftfe axHnVy Y occurrati erit T V x T Y =j;?^. 
JiametriperT. 

Continget^ occurrat axibus (fi opus produdis) in 
K, D ; propter angulos reftos D T y , D C K, & angu-* 

Q^x lum 
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luai qflKjfiWHfuiicpiferit lr|a[dg;0T V triapgt DCK 
fi^ile; &r/ob;Mgrte^o8 YTK, DQK&YKT 
cooimun^fny tri^ii^ayv Y '^ K lii^ileerit triang. DC K; 
crgo fimilia fuilt triang. DTY. YTK, «ndeOT: 
TV::YT:TK hoc cft TTxY'T = DTicTK== 
(pcr proR, lO ffig- diapl/pe^i;*. ^ . . [' \ 
« Cfro/l. I. rG|itirqpf in^g^urisprxcedemtbu^^ fit — 
(cmidiameter fecunda ipfi TC Conjugata, erit TVx 
TY = CGq;i.e*TV:CG:TY-~, & ratio TV 
td TY dupticata rationis t V ad CG, (iveXG ad 
T:¥j adeoque eumfit (pcr cofoU. prop. 9- p-4.) T V 
ad CG, ut ienriparameteraxis majoris veldeterminati 
ad (cmiaxem fecundum huicconjugatum, eutubique 
T V ad T Y) ut eadem (emiparameterad ip&ni (emi- 
ax^mkjqredi-^^detcriiiinatufii;' * ^ 

CmU, 2. ' Si ex pundo Y ducatur Y E facicns curo 
re6bi T Y angulum T Y E — T C V, o<;cprrcnfquc 
dimoctro ueiT iti E, erit T E ::;= J pafam. diametri T C 
N(ifn,obfim,i:riang,TCV, TYE, TV:TC.:TE: 
T Y,r undcT; V,x T Y ( = { fig. diam. pcr T ) = T C x 
T Bi, ergo T E =^ p^ram. diam. pcjr T 
• ^Oroff, 3. Ideoquc ex E erefta ad T E perpcudicula- 
ri EF, quac occurratT Y in F, crit circulus ccntro F 
iatervaUo F T .^(criptus (edtiopi in pun£to T zquicur- 
vus. . Abfciijdcjt enim ex T C ( U opus produdla ) T Q 
=?iT.E=T= para;»etro,diaraetri pcrT; adeoqu^ (per 
coroU* I. prop. .i^. p. 3-) erii; (eqipni in pun^oT ae- 
quicurvus. 
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Proix IV. Theor. IV. 

a8. 2g. In Hjperhh Jive feSt. opp. ^ JEMipfi \ 2)ico JolfJum 

ex reStanzulo femiaxiumin radium circuli fe^iomiin 

dato punSto T ajuicurviy viz. A C x M C x T F, <r- 

' quak ejfe cubo ex jemidiametro C G diametro per T 

conjugata^i.e.CG^. ^ 

Mancntibus qux in prop. praeced. & cjus coroQanis ; 

pro- 
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produfta (fi opas) CG occarrat TV in I>, eritob 
fim. triang. TD: TC j :TE: TF, ande TCxT Ea= 
TDxTF; fed (per prop. ii. p. x.) eritTDxCG 

= ACxMChoceft~^ = TD;andcTCxTE 

CG ... 



ACxMC 
x 



CTCxTExCG^ .r^T^iirTir 

^ ^' '•*• i CG* 5 =^^^^^^^ 



CG 

CaroU. I. Hinc r^— = T F ; & ob datum quan. 

ACxMC 

titatem A C x M G erit T F ubiquc ut C G*. . . * 

CmU. 1. Si parameter axis majoris vel detcrminati 
dicatur L, cum fit ( per corbU. pfop.,^. p. 4. ) TV: 
CG : :i L : C M,ad<»)que TV : C G' : : 5 L» : C M», erit 

I^?^=CG' = utpriusACxMCxTF; hoccft 

«s L-# . . \ -• 

TVxCM» ■ ^ ^„ 1, , CM*_ pv 
— A C X T F, vel ( propter — -^ A C) 

-YYj = T F ; & ob datam quantitatem \ L*, erit T F 

ubique ut T V. , . « 

. Coro^. 3. Siroilitcr, cum fit T V : T Y ; : J L : A C 

TY'x{L», 
adeoque TV : TY' : : J L» : AC, erit TV» = — ^-C?"" 

TV»_TY^x JL _. TF; & ob datas quamitates 

I L, & A C», erit T F ubique ut T Y». 

Prop, V. Theor. V. 

laparahkftt A V axis^ T V perpendictilaris m tM- jq. 

' £*«/fi« /« /«»«<ffo ^mvis T, /?c«af <ijr/j« /» V, ^j- 
d^/M «rf «/f /fi^/w» in punSia T aqmcww T F, ©• 
famiparameter axis Jicatur^ \ L } 2)/w /o//«*mw f ;tr 



t 



fMir^i^ Um^mmiri «m in nuHmM circmB ^fm^ 
afnfit¥^$udt tjps fmhexTV; hoceJl\L*% 

Cirdttlos leAtoitt ifi pundo T acquicorvus (per prop. 
ti. p. 3.) abrcindetlk diametro perT refbinTQx- 
qoileni paramecro eiul9eni diametri, c]uani perfmdica'- 
bfts tt centro F biiecabit in £ ; dtmiflaque in axeni 
ex T perpendiculari TB, ertc (per prop» 14. p. j. ) 
B V =s feoiiparanL axii s: i L; unde ( per prop. i;. p. 
j.)TE=:;=BV + »AB. ^ 

Ob Gm. aiang. 

TVxBV-|-TVxxAB = BVxTF; 
S^ (per prop. 15^. p*t.) ABxL=2ABx|L=: 

»ABxBV=TBq=TVq-BVq,nnclc^^^WABj 
ErgoTVxBV + nL=^^!X3ideft 

15^5+^=1^== BVxTFjvel 

TV»=BVqxTF=}L»xTF. 

TV 

CBTtB. Hinc 7YT = T F, & ob datani qoaKitateni 

{ L% erit T F ubique m T V. 

Prop. VI. Theor. VI. 

31. 31. In Jfyjferhoh five JeB. oM. fy EMipfi^ feSiwem in T 
fmtingAt reHa T D K» (^ * t^Slu T erigutur per- 

?ndicutefrit in cwtingentem T V Y, minm axi in 
murrens^ duBifue aJ utrumvis focum F reOi 
Tfj^ipunffoYinTF (fi opus proiAtSMm) per^ 
fjsmRctJwi Y S i 2>ico^T S ^juafem efiefemituti mth 
jori five determinato A C Ez 
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Ex p«o£b V ubh T Y inajori axi occnrrk dueatiir 
ad T F vel T H perpendicalaris V R^.efique (per coroO. 
I. prop. 3.) T V :T Y :: I param. axis : C A : : (ob £»• 
triang)TR:TS; fed (pcr prop. (ST p. 4.) T R =: J pa- 
raoi. axis, ergo & T S = C A. 

GfroU. I. DuOacx T ad axem CM ordinata TN(S 
ie^lioQi denuo, vel iefi. opp. in G occyrrcpte» Liquet 
circulam cencro Y radio T Y defcriptum re^m T K^ 
adcoqae feftionem, in T contingerCi & ob ang. TMC 
reflumj & T N s= N G, eandem denuo vel fed. opp. 
in G concingere ; . & porro \ refta T Fper T & utrum- 
via focum F du£ta abfcindere re£tam T L axi A B ae- 
qualem, utpote ipfiut T S dupiam. Idem erit in re» 
oa T H I occurrente circulo in L 

ar^.2. Unde, & ob TF±TH ve! TH— TF 
= ' ( per pro p. y . p . 4. ) a C A =5 A B, cri 1 1* H = P L, 
&TF=:HI,&THxHI=?TFxFL===THxTF 
= I fig* diam. per T. 

Oritf. 3.. Cum (percoroD. I. prop^T- P« 4*) doAft 
ex cemro C ad contimjgentem ufque rcAft v O paraOeli 
FT, ficCO = AC = TS» iiqaet connexam CSefie 
parallelam concingenci T K> & proinde diamecrumdia* 
meteo per T conjugatam ; vel quod idem ef^ diame- 
cnim dtamecro per T conjugatam, & perpendiailareiBi 
cx Y in^redatii T F, cum eadem ie£U TF coire in una 
eodemoue piindo S. 

C»oU. 4. ProduOa lemidiametro T C doncc icdibni 
vel ieA.^epp. oecnrrat denuo inP, obTS^SLi & 
T C =C F| Kquec comexam L ? paralldam efle DK^ 
& CS, promdeqoe ieftionem in P contuigpct. 

Proj». ?1I. Theoir. VII. 

Tn Hyptrhtk fioe teB. opp. 6* ESipfi^ pffitit fu^ m 

pneceJentihuSy fi i pm<So Y dicMUr ad mtrfffn/ii 

fietm F tvff» YF; 2)ivo TYeffe tOiawaJ jFfSa 

aftit nmjmr vel determimitas kB ad mfitmtittm fof^ 

nm HF, W itf AC 4</HC, «r/CB WCF- 
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. Man ob T V xT Y = i Bg. diam. pft T= per (co- 

wll. 2. prop. S'P- 4*) T H X T F, erit T H : T V : : T Y 

: T F, ande o^ zquales angulos H T V, V T F fimilia 

erunt triangula TflV, TYF, & apg. THV = 

TYF, unde , 

TH : HV : : TY : y F; fed propter ang. HTV=YTF, crit 

TH:HV::TF:FV::{][^-''^^}.:i^V±HVj^..^3.^p 

: : (prius) T Y : Y f! 

I^ri mqdo ob finfilia triangula T F V^ T Y H infii- 
tui poteft demonftratio in reoa Y H- 

Prop.VIIL Tljeor.VIII. 

33. 34. Jii{ H/per^ five^St- off. ^, 'EJlhfi^ ppfitiss.qH^e in 

pficce^lffibus, Ji aroJuetmiur:X H, Y F Jonec eccttr- 

. tmt cfcuJo rat^io T Y iJefcr^o in- N, M, ^ ccinJM»- 

goHtur NA, MB; Z>ico NA> MB jeSiouem 

vel J^SHf cpp' in A, B. eontiugeret (^ anguUim 

; A N l(;vy B M F ^fiqualem ejfe fnguh. DTH Jive 

* KTF «^ 

. . , « 

Cum fit ( pcr prxccd. ) CJB : C F : :,T;Y,= Y M ; 

.y E, crit MB parallela C y,.p;pipdie^ue ft^iga^m yd 

vnam k fedliQniibus concinget ^ B y & p^ijiwmt N A 

leStionem vel alteram e fedionibus coqftiij^t i^c A/ .. 

. Qb fim, rcita^frtriang, CH y, C F y, BrF IVUA H N, 

& Y F :;;^ Y H, T N = Y M,. erit N, A,= M »..1 
''^ I^eftag yri, y F, fi opus P59rfu^ oc<urf4ji|-i:ircu- 
lo in O, L; prqpter CR;CF ve^ CH:.: tr^^y =? Y O 
: Y F, vel Y^H, erit connexa O B paratlela C Y, feaio- 
nemque in B coptinget ; ^rigaip raticpe erit L A pa- 
* rallela CY, & continget in A. * 
, Unji itafju^ e^demque re£U,ei;i|at M B, B OL,.t& (itDi- 

. Pari ^tiam ratione ^ N^ M B, erynt ^jQ^K L 

^^ t.^.Y?l T?>:^PK«y^FP^.«^^ occur^avorcu- 

lo 



•• 
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['k> io P, ent ( per coroU. t. ptop. tf.)TP=sABs= 
LO, adeoque arcus T P = L O ; unde ingulus D T t^ 
*.c. DTHfiveKTF=fLNO,vdLMOi.e;ANH 
relFMB: 

Prop.IX. Theor. IX. 

Si dkerutratn i feSt. otp. vel EJlipfin uhivis contifigat is. 36. 

T D /«f T, taStum vero T ^ utrumvis focum Hjun- 
"1 gat H T, atigulufque Hl Z ^ui iJem Jit cum angui^ 

H T D //il motleaturj ut-a/tero ejus crure H I perpC'- 

tuo per Htranfeunter punffum I, i fun&o T ad u* 
i tramws partem pn^eaien^loy circuli raJio TY (jitxta 
] frxcedentia ) aefcrtpti circumferentiam percurrat s 

2)ico crus alterum I Z in auovis ejus Jitu fe&ionem 

vel unam efeSf» app. cwdingcre, 

I Coiiaeza VH^ & fi opus pxoAvikZy otcurrac circa<^ 
'o ia N| O, & connedaQtUir N A, B 0, ^ux (per prop. 
3.) {t&XQXitm vel fedl^opp^ in .A 4^ B contingem, erunc- 
I ' que paraUelisi.; . , n - 

QuoniaiQ angulus H I Z (ek byp^) ==; H T D c= (per 

orop. 8.) HN A, dtmifla ex H in i Z perpendiculari 

H Z| erir ob ang. N AvHt^iceftam, : triatigukim H4 Z 

triangulo HN A xquiangulum, & ang. I HZ = ang. 

N H A ; uade N H : H A : : I H : H 2 ; connexis A Z, 

ZB, & NI, IO,.ericobiHZ±=iNH A (adtdhodem. 

pcove communi angi A':HI vel &c.)'ang. NHI =: 

A H Z; unde,:-& ob NH : H i :.: M A : H ^, erunt 

triang. N HI, . A«Z fimilii,, & ang.^N 1 H t= AZ H. 

Rurfus ob ang. N H I s A H Z, vel ^othta comple- 

memalHOstoZHB, &ob NH^H A^:HO:HB 

:.HI :HZ, fimilia erunc ttiang. :I HO^ Z H B, & 

ing.HIO = HZB. 

Jaiti bb.NIH=AZH, & HIO:^»2B^ erit 
plbrum N I H^ H I O fumma vel difFeri^ntfiisl^ iprorum 
4Z H, AZB llbminae vel diffbl^enciae aequaliff ; fed ipfb- 
x\m N I H/H I O iMia» vel dificretf cia i e^ atig. N I O 

R (cum 



i 
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(cm HD itt dKmeter) ^ Redci, efgo & jpfimm 
AZH, HZBfummaveldifiereatiaie AZBs::Re- 
Ao ; unde paii&om Z eft ad iemiciittiluffl ditmecro 
A B defcripcum. Et cam aog. H Z I ( ex conftroftio- 
ne) redlus fic, re£b IZ (per prop. i. p. 4.) non diverfa 
erit k contingente per Z cran(eiint)e,& propcerei feflio- 
nem .vel unam h {d8t. opp. alicubi in X contingec. 

Qir»B. Si rcfta HI ex primo fita HT circa H ro« 
cante, & circulum ia I fecante, cx puodlo I-prodeatt 
akl eafdem^ fi«npcr partes rc6b? I H ad quas JD fob 
ibitio^ copciqgens re&i I Z» cric iemper kAg. H I Z = 
HTD, Nam reSa cx I fub aiia|uIo sHTD cric 
coming^nsi & ex eodem pimdlo acreafdein partcs non 
jMTQdeunt duac conciogeatos. 

Prop. X* Theor. X* 

3 *y. *Si TaraMtm nhtw m T cmiingdi rtSa uirinfOe tnfi- 
nitd T K» ^iaShm, vero T ^ focmm H ;>M!f4/ HT» 
49iigHhfqm. H I D ptijdiM fii cum mg» H T K rAi 
moveaiur, ui aberp ejus crure H I perfeteik per H 
trMft^ril&^ ; MmShtni lyitpuuS^ T m/ iH^^Mvij /ar- 
/tf^ pr^emendoy re9am T K percurrue\ I>ko crus 
fulf^rum IDiu qmnni.ejfii\fHuJeShmtmamtifipr^. 

Axis A H prodnftus oicurifac contingenti T K m C, 
& r^^ A K coociogefld ja atxi$ Vertiai A occorrac con- 
tiageiiri T 1 in K» dodlqaleH K^ erit ang. H K I (per 
coroU. io\ pro|). a. p. 4.) refiua^ & KC s&T K, jko- 



qneangfiliWHTKsKCA^HKA^AKHT:;* 
KHCf^-CKA,^ \ -• A-- . .-..•••.. 

Peqwidicy^lada es £>qo. li iii jneAam XH bocnrrac 
ei in ]n» connesaque DK && opoapcodi^ occomtt 

axi in E. ; " " l • 

Obai(gqIos2eqqaI<sHTK.Hlb^6(IIKT,HDI 
reAdsi .erwK4na0Kitki'HT Ki U I D Qmiia, ideMQe "t 
ang.lHD,::rTHK»i&HaiTH:::HOtHK; Scd 
ob aag. t H D ssTHK; j«rit (Mtlittlfailtrtove com^ 

y^ muni 
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nuni ang. &&) ang. I H T = D H K ; unde (propter 

I^raecedentem analogiam) triangula I HT, D H K fimh 
ia erant, & ang. H T l = HK D 
Si itaque pun^a I, K fint ad eafiiem partes punfti T, 
CHTI) ChkD? 
erits KC A r = 7hkeC^^^ diyerras, erunt aequa* 

lium HT I, H K D coffiplementa ad duos refios araua- 
rHTK^ 

Ea, i.MK-CrA>==:HKE, Jkk? eftiww? KAiJ^I^ 
-■ •' .CHKA^. ; .; , • ^ \--/: '':, ' 

una re6la, proindeqi!ie| propter an^. Htf t rc^mu re^ 
&Si DI (per prop. 2< p. 4.) non diverJa erit Vcpniunr 
gente per D tranfeunte^ adeoque fi^ionein alicutu in 
L continget ' " t 

CbrbHi Si re£ta Hl ex primp ficii HT<;ii^ H^^ 
iahti!i^(& re£bm T C in I fecante, ex pun^o I proqea^ 
ad caraem femper reftse H I partes ad quas TK ^b ini* 
tio, re^ 1 D quae (e^ionem oontingSK, erit iemper ah*' 
gulusHID=:HTK. 

Patet ut coroll. praecedentis. 
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